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VECTO TRONG KHONG GIAN. QUAN HE VUONG GOC

§1. VECTO TRONG KHONG GIAN

KIEN THUC CAN NHO
Vecto trong khong gian
Vecto, gia va do dai cia vecto

Vecto trong khong gian 1a mot doan thang c6 huéng. Ki hiéu AB chi vecto c¢6 diém dau

A, diém cuoi B. Vecto con duoc ki hiéu a,b ,c,

Gia cia vecto 1a duong thang di qua diém dau va diém cuoi cia vecto d6. Hai vecto

duogc goi 13 ciing phurong néu gia cua chung song song hodc tring nhau. Nguoc lai, hai vecto
c6 gid cat nhau dugc goi 1a hai vecto khong cung phuong. Hai vecto cung phuong thi cé thé
cung huong hoac nguoc huong.

D¢ dai cua vecto 1a 36 dai ciia doan thang c6 hai dau mut 1a diém dau va diém cudi cta

vecto. Vecto ¢6 do dai bﬁng 1 goi 1a vecto don vi. Ki hi¢u d6 dai vecto AB 1a ‘ZE‘ . Nhu vay:

‘E‘:AB:BA.

@

IL.

Hai vecto bang nhau, ddi nhau. Cho hai vecto ,b #0)

Hai vecto @ va b duoc goi 14 bang nhau néu ching c6 cing hudng va cing do dai.
a cumg hooug b

ld|=1b]

Hai vecto @ va dugc goi 1a déi nhau néu chiing nguoc hudng va cing do dai.

a cumg hodag b

la|=1b]

Kihiéu a=5b va a=5<:>{

Ki hiéu @ =-b va a:B@{

Vecto — khong

Vecto — khong 1 vecto ¢6 diém dau va diém cudi tring nhau.
Ki hi¢u: 0, Ad=BB=CC=...=0.

Vecto — khong ¢6 phuong, hudng tuy y, c6 do dai bang khong.
Vecto — khong cung phuong, cung hudng vai moi vecto.

Phép cong va phép trir vecto

®

Pinh nghia 1
Cho @ va b . Trong khong gian 1dy mot diém A tuy Y, dung AB=a, BC=b . Vecto

AC duge goi 14 tdng cuia hai vecto @ va b va dugce ki hiéu AC=AB+BC=a+bh.

@

®

M6 rong: Quy tdc da gidc khép kin
Cho n diém bat ki A, 4,4, ... 4

d—b=a+—(l;) . b
Tinh chit 1 /\
B

Tinh chit giao hoan: i+b=b+a - -

, , - . a
Tinh cht kéthop:  (a+5)+é=a+(5+¢) p b
Congv6i 0: a+0=0+d=ad3a i+b C
Cong véi vecto dbi:  a+(-d)=-da+ad=0 B

Cic quy tic Z\
Quy tdc ba diém: Véiba diém 4, B, C batki ta co: AC = AB+BC

4 - C

A, Taco: Ad+ LA +..+A_A =44

n—1° “"n
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Quy tdc trir (ba diém cho phép trir):

Véibadiém 4, B, C bétkitaco: AC = BC —BA

Quy tdc hinh binh hanh:

V6i hinh binh hanh ABCD ta cé: AC = AB+AD va DB = AB— AD
Quy tdc hinh hop:

Cho hinh hop ABCD.A'B'C'D' v6i AB, AD, AA' 1a ba canh ¢6 chung dinh 4 va AC' la

duong chéo, ta c6: AC' = AB+ AD + AA'

I11. Phép nhin mét s6 véi mot vecto

(D  Pinh nghia 2

Cho k #0 vavecto d@#0. Tich k.d 1a mot vecto:
Cung huéng véi @ néu k >0
Nguoc hudng véi d@ néu k <0

Tinh chAt 2. Véi @, b bt ki; m,ne R, ta co:

@

+ m(&+5)=mé+mb + (m+n)d=ma+na

+  m(nd)=(mn)a +  la=a,(-l)d=-a +  0a=0;k0=0
3 Piéu kién dé hai vecto cing phuong M

Cho hai vecto @ va b (#0),k#0: G cing phuong b < d=kb

Hé qua: diéu kién dé ba diém 4, B, C thing hang 1a AB=kAC

®  Matsb tinh chét

Tinh chat trung diém A 1 B
Cho doan thing 4B c6 I 1a trung diém, ta co: IA+IB=0; IA=—IB; Ez[ﬁz%ﬁ
MA+MB =2MI (M batki) A

Tinh chat trong tam

Cho A4ABC, G latrong tam, ta co: GA+GB+GC=0

MA+MB+MC =3MG (M bitki) 2 -

Tinh chdt trong tam cua ti dién: G la trong tam tw dién ABCD:

GA+GB+GC+GD =0 14 M ta c6: MA+MB+MC+MD =4MG
Tinh chdt hinh binh hanh B C

Cho hinh binh hanh ABCD tam O, ta c6: E
+  04+0B+0C+0D=0  + MA+MB+MC+MD=4MO 4 D
IV. Dié¢u kién dé ba vecto dong phing
@ Khai nién vé sy ddng phing ciia ba vecto trong khong gian

Cho ba vecto @, b, ¢ (# 0) trong khong gian. Tir mot diém O bét ki ta dung OA=a

,OB=b,0C=¢. Khi d6 xay ra hai truong hop:
Céc duong thang OA, OB, OC khong cing nam trong mdt mit phing thi ta ndi ba

vecto @,b ,¢ khong dong phang.
Cac duong thang OA4, OB, OC cung nam trong mdt mat phang thi ta ndi ba vecto a,
b,¢ dong phang.
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@ Dinh nghia3 ) )
Ba vecto goi la dong phang néu cdc gia cua chung cung song song voi mot mdt phang.
Trén hinh bén, gia cta cac vecto a, b,¢ cung song A
song v6i mit phing (o) nén ba vecto @,b ,é dong phing.

(3)  Diéu kién dé ba vecto dong phing ~ _—4
Pinh i 1. ¢ 0 g

Cho ba vecto a@,b ,¢ trong d6 @ va b khong cung phuong. Didu kién can va du dé ba

vecto a,b ,c¢ dong phang la co6 duy nhat cac sO m, n sao cho ¢ =ma+nb .

- ¢
a/ .
0 n.b B
@ ’Phﬁn tich mdt vecto theo ba vecto khong dong phing A\ P B
Dinh I 2. 1 \p CT -
Néu ba vecto @,b ,¢ khéng dong phing thi voi mdi vecto d,  P€ Z N
ta tim dugc duy nhét cac sé m, n, p sao cho o4 nb
d=ma+nb+pc. Ama ;
Chii y: D’

(D) Pé chitng minh ba diém A, B, C phdn biét thang hang, ta chirng minh hai vecto AB,
AC ciing phirong, nghia la AB=k.AC ; hodc c6 thé chon diém O nao dé dé chirng minh
OC =kOA+1tOB, véi t+k =1.

©) Dé chitng minh hai dwong thang AB va CD song song trimg nhau, ta can chimg minh
hai vecto AB, CD cimgphwong. Khi AB, CD ciing phwong va c¢é mot diém thuéc d‘wdl}g thang
AB ma khong thugc dwong thang CD hodc nguoc lai thi AB va CD la hai dwong thang song
song.

©) Dé chirng minh dwong thang AB song song hodc nam trong mét mdt phang (P) ta
chon 2 diém C, D thudc (P) roi chirng minh AB=k.CD hodc ta Zcfy trong (P) hai vecto a
va b khéng cing phwong, sau dé chimg minh AB, G va b dong phang va c¢6 mot diém thudc
dwong thang AB ma khéng thudc (P) thi dwong thang AB song song voi (P)

(@)  Duong thang AB qua M khi A, M, B thang hang. Puong thang AB cdt CD tai I
thi IA=k.IB, IC=tID. Puong lhcfng AB cat mp(MNP) tai I thi A, I, B thcfng hang va
M, N, P, I dong phang.

CAU HOI TRAC NGHIEM
Cau 1. Cho tr dién déu ABCD M la trung diém cua canh AB va G la trong tam cua tam
giac BCD.Diat AB=5b,AC =c, E . Phén tich vécto MG theo d,b,c 4
1= — 1 1- 15

A. MG———b+ E+ d B. MG=—b+—-c+—d
303 6 3 3 M
C. MG__lb_lz+13 D. MG=-1p-Le_1g
6 3 3 6 3 3
Loi gidi B D
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bapan A

Vc:l(m+m+m):l 135+ 1(MA Ac) 1(MA+AD)

3 32 3
l— 2— 11— 11—
=—AB+—MA+—AC +— AD:—AB+ +— AC+ AD
6 3 3 3 3
=—1E+1TC+1E=—15+—2+—2
6 i 3 3 6 3 3 i

Cau 2. Chotirdién déu ABCD, M va N theo thu tu 12 trung di€m cia canh 4B va CD . Ménh
de nao sau day sai

A. AC+BD = 4D + BC B. MV = (4D + BC)
A
C. AC+BD+ AD+BC =-4NM D. MC +MD —4MN =0 .
Loi gidi:
bPapan D i »
A. Ding vi: A—C+E:(E+D—C’)+(R‘+C—D):A—D+R‘. <

B. Ding vi: E+BTD:(W+W+W)+(W+W+N—C)
:2M—N+(W+W)+(N—D+N—C):2M—N

C. Ding vi: A—C+B—D+A—D+R‘:QZ\/+2W:2(E+ﬁv):—2(m+ﬁ):—4W.

Cau 3. Cho tir dién ddu ABCD c6 tam gidc BCD déu, AD = AC . Gi trj cua cos(ﬂ,@) 1a

AL B. 0. c -1 DB,
2 2 2 ,
Loi giai:
bép an B
Goi N latrung diém ctia CD . Tam giac déu BCD nén BN L CD .
Tam gidc ACDcantai 4 nén AN L CD taco: g
AB.CD (AN + NB) CD = AN.CD + NB.CD =0
:>cos(AB @) ﬂ
45| cD)]

Ciu 4. Cho t&r dién déu ABCD c¢6 AB=CD=a,BC=AD=b,CA=BD=c. Gia tri cla
cos(ﬁ,m) la

a’-c? b’ -¢? ct—a’ a’-b*

P B. peant ST D. =
Loi giai

Chon A

BC.DA = BC(DC +Cid) = CB.CD - CB.CA = ~(CB* +CD* ~ BD* ) ~~(CB* +CA* — 4B”)
2 2

A.

:1(AB“’ +CD? — BD? —CAZ) :1(2a2 —2c2)= a’ —c
2 2

Cl —C a2—02

‘BC‘ ‘DA‘

Vay cos(BC,DA) =

Céu 5. Trong mit phing () cho tir gidc ABCD va motdiém S tiy y. Ménh dé nao sau day
diang
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A. AC+BD=AB+CD.
B. SA+SC=SB+CD(Véi S 1a diém tuy ).
C. Néu ton tai diém S ma S4+ SC =SB+SD thi ABCD 1a hinh binh hanh.
D. OA+OB+0C +0D =0 khi va chi khi O 1a giao diém cua AC va BD.
Loi gidi
bép an C

_ _ —_— _— -

B. Sai vi: Goi O va O' theo thu tu 1a trung diém cia AC va BD.Tacbd

SA+SC =280 va SB+SD=250"< SO =S0"'< 0=0" didu nay khong ding néu ABCD
khong phai 1a hinh binh hanh.

C. bung — Chiing minh twong ty nhu y B. 7

Cau 6. Cho hinh hop ABCD.A'B'C'D'. Goi M 1a trung diém ctia 4A4', O la tdm cua hinh
binh hanh ABCD . Cip ba vecto nio sau ddy dong phang

A. MO, 4B va B'C  B. MO,AB vi A'D' C. MO,DC"va B'C D. MO, 4'D va B'C"

Loi gidi

bapan A

Cach 1: Taco MO//(CDA'B’);AB//A'B'

= AB//(CDA'B'),B'C" ndm trong mit phang (CDA'B")

C'

nén céc vecto MO, AB, BC dong phang vi c6 gia song song
hay ndm trén mat phiang (CDA'B").

Cach 2: Taco

MT):L=l(A'B'+B'C):l(A'B'+B'C')=lZ§+lW.
2 2 2 2

A'C
Vay céc vecto MO, 4B, BC dong phang.
Cau 7. Cho tl'r‘dién 4BCD. M va N theo thi tu 1a trung diém ctia 4B va CD. B ba vecto
nao dudi day dong phang
A. §5,§5,Z§. B. ZE;ZE;W. C. EE;ZE;MN. 4 D.ZE;E&;MZ.
Loi giai
bép an C
AD = AM + MN + ND, BC = BM + MN + NC
= AD + BC = 2MN

~wmN=ap+1Bc
2 2

Vay ba vecto BC; AD; MN. dong phang. c
Cau 8. Cho tr dién ABCD. M 1a diém trén doan 4B va MB =2MA. N la diém trén duong
thing CD ma CN =kCD.Néu MN,AD,BC ddng phing thi gia tri cua & 1a

A k=2, Bk=2. C k=2 D k=t.
3 2 3 2

Loi giai

béap an A

Qua M v& mit phing (a) song song véi AD va BC.
(a)cét AC tai P, BD tai Q va CD tai N.

HS
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Taco MP//PN//IAD .
Céc vecto MN, AD, BC ¢6 gia song song hay ndm trong mat phang (a) nén dong phang. Ta
co EN:EKE.V@y k=2
3 3
Cau 9. Cho hinh hop ABCD.ABC,D,. M 1a diém trén canh 4D sao cho AM = %E. N I

diém trén duong thang BD,. P la diém trén dudng thing CC, sao cho M,N,P thang hang.

Vv
Tinh ‘"—
|77
Al B.Z c. L. D. 2.
3 3 2 4
Loi giai
béap an B

Badiém M,N,P thing hangnén MN = a.NP (1).

Ta c6: MN = MA+ AB+ BN

——b+a+xBD, =—~b+a+x(Bi+BC+BB,)
3 3

bat ABza,Zﬁzg,A_A::E va EN=x§li;6ﬁ=y5€1:yE. N
AI/\‘

:—%I;+Zz+x(—(;+l;+2):(l—x)&+(x—%jl;+xz (2) A,/
Ta lai co: ﬁzﬁ+ﬁ?+ﬁ’z—xﬁ+5+y2:—x(5—5+2)+5+y2
:ﬁ’zxa+(l—x)l3+(y—x)2 (3)

l-x=ax
. 1 it A 2 3 3
Thay (2), (3) vao (1) ta dugc: x—gza(l—x) . Giai h¢ ta dugc azg,ng,yzz.
xza(y—x)
MN|
Va ==.
T IE

CAu 10. Cho tt dién déu ABCD. Goi M, N, P lan luot 1a trung diém cta cac canh AB, CB, AD
va G la trong tam tam giac BCD, « la goc giira hai vecto MG va NP.Khi dé cosa co gia tri

la
V2 V2 V2 1
A. 2 B. 3 C. 6 D. 2
bép an: C
Loi giai:
Dit AB = a; AC = b; AD = c; :E:%(El+B+E):W=E—W:%(—&+2B+zé)
FN:W—E:%(&+B—2)

Khong mat tinh tong quat, gia sir ¢ dai cac canh cua tir dién déu bang 1
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= |af =[e[=[c[ = 1va ah =be =ca=1.1.cos60" =
MG.PN

= cosa = cos(]\—/I@,Fﬁ) = W

™)

Ta co: :ME.FN:%(—& +2b+ 20)(a +5—0)

| -

1 =2 = 0 e 22 e e -
=E(—az—abJrac+2ab+2b2—2bc+2ac+2bc—2c2)=1

|- L@ hey -2

\S]

M| =%\/(—Zz +2b+ 2¢)’ =%;

Thay vao (*) ta dugc = cosa == —=== L _

1

12 _ 1 _
V2 32
"2

Cau 11. Cho ABCD.A B,C,D, 14 hinh hop, véi K 14 trung diém CC;. Tim khang dinh dung

trong cac khang dinh sau:

ox‘|§|

N | =

. . o A B
A. AK:AB+AD+%AA1 B.AK = AB + BC + A4,
b
C. AK = AB+ AD + A4, D.A‘[E:ZE+%ZB+%TAI
Huéng dan gidi : K
coR=E+C—K=(E+E)+%E=E+E+%T4
D1 c1
Chon A
Céu 12. Cho hinh hop ABCD.AB,C\D, v6i M = CD, "C,D . Khi do:
i -L1a+laplag M =L AB+ D+ L a4
A. 2 2 2 B. 2 2
AM = 4B+ AD + A4 A =L dB+ 14D+ 44
C. 2 D. 2 2

Huéng dan giai

Taco;A‘M:A‘5+W225+ﬁ§:AD%(D‘@D—“DI)JJS%ZE%M Chon B

1

Cau 13. Cho hinh hop ABCD.ABCD,. Khi d6 tong ba goc
(D,4,CC))+(C,B,DD,) +(DC,, A, B) 1

A. 180° B. 290° C.360° D. 315
Huodng dan giai A

Ta co:
(D4,CC) = 90° , (C,B,DD,) =(C,B,CC)) = 135"

b
(DC,,A, B)=(DC,,D,C) = 90"
= (D, 4,,CC,)+(C,B,DD,) +(DC,,A, B) =90° +135" +90° = 315"
« B1
Chon D
D1 C1

H7
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Ciu 14. Cho hinh lap phuong ABCD.A B,C\D,.
Pt @ = (AC,DC,); 8 =(D4,,BB)); y = (44,,C,C). Khid6: laar+ B+ y

A.360" B. 375° C.315° D. 275°
Hudng dan giai

a =(AC,DC,) = (AC, 4B,) = 60° B =(D4,,BB,) = (DA, A, A) =135
7 = (A44,,C,C) = (44,, 4, 4) = 180° =a+f+y=60"+135" +180° = 375°

Chon B

Cau 15. Cho hinh chop S.ABCD c6 day ABCD la hinh binh hanh, AB=6; AD= 4 AB.AD =12
. Tinh (SC SA)

A 76 B. 28 C.52 D. 40

Hudng dan giai

(SC.—SA)? =AC =(AB+ AD)= AB + AD +2AB.AD

=6"+4"+2(-12) =28 A 4 D
Chon B 6 {42gr
Cau 16. Chi ra ménh dé ding trong cac ménh dé sau B ¢

A. Ba vecto dong phang 14 3 vec to cung nam trong mot miat phang

B. Ba vecto a,b,c dong phang thi c¢6 ¢ = ma +nb, véim, n 1a cac sb duy nhat

C. Ba vecto dong phang khi c6 d=ma+nb+ pZ’ v6i d 1a vec to bit ky

D.Ca3 rpénh dé trén déu sai

Hudng dan giai ) . 7

Phuong an A: sai vi chi can gia ctiia ching song song hoédc nam trén mt mat phang nao do
Phuong 4n B: Sai a, b phai khong cung phuong.

Phuong an C sai. Vay chon D
Cau 17. Cho hinh ttr dién ABCD, trong tdim G. Ménh d¢€ nao sau day sai
A.56:%(5;1+5§+55) B. GA+GB+GC =0 )
C. 4G = (4B + AC+ AD) D. 4G = (4B + AC + 4D)
Hudng dan giai
Goi M, N lan lugt 14 trung diém ciia AB, CD < _

= Gla trung diém cia MN = GM + GN =

& GA+GB+GC =0 =B ding

Tacod: OA+OB+O0C+0D =0G +GA+0G +GB +0G + GC + 0G + GD
=40G +(GA+GB +GC + GD) =40G = A dung

Khi O trang A thi D ding vady dap anla C.  ~0 ¢

Cau 18. Cho ba vecto a,b,c khong doéng phang xét cic  vecto
x=2a- l;;;/ =-da+ 25; z=-3a-2c. Chon ménh dé dang trong cac ménh dé sau

A. Hai vec to )7,} cung phuong B. Hai vec to ;c,; cung phuong

C. Hai vec to x, z cung phuong D. Hai vec to x, }/,E ddng phang

Huéng dan giai

Ta thiy ;/: —2x nén ;c,;/ cung phuong. Chon B

Cau 19. Cho hinh lap phuong ABCD.A4B,CD,. Tim gia tri cia k thich hop dé
AB + B,C, + DD, = kAC,

HS
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A B1
Ak=4 B. k=1 C. k=0 D. k=2 N
Huodng dan giai f
Co AB+B,C, +DD, = AB+BC +CC, = AC, = k =1 A E
Chon B )
D c

Céu 20. Cho hinh lang try tam giac ABC.4 B, C,. Pat E =a; AB=b;AC =¢; ZTCT =d
trong cac dang thirc sau dang thirc nao dung

Aa+b+c+d=0 B.a+b+c=d C.b—c+d=0 A D.a=h+c c
Huéng dan g1a1 ’ I
Tacod: b—c+d=AB—AC+BC=CB+BC =0 B
Chon C

L ‘1
Cau 21. Trong cac khang dinh sau day, khang dinh nao sai A1

A. Néu gia cia ba Vecto cit nhau timg d6i mot thi 3 vecto dong phang
B. Néu ba vecto a,b,cco mdt vec to 0 thi ba vecto ddng phing

C. Néu gia ctia ba vecto a,b,c clng song song vi mot mat phang thi ba vec to ¢6 dong phang

D. Néu trong ba vecto a,b,c¢ ¢6 ha vec to ciing phuong thi ba vecto d6 ddng phing
Huéng dan giai

Chon A

Cau 22. Cho ABCD.AB,C,D,1a hinh hop, trong cic khang dinh sau khang dinh sai
A AC, + AC=24C B. AC, +CA +2CC, =0 C. AC, + AC = A4, D.

Cd, +AC=CC,

Huéng dan giai

Tacd: AC, + AC=AA, AC, =AA, - AC, & AC =C 4,

Chon C . .

Céu 23. Hay chon ménh dé dung trong cac ménh de sau

A. T giac ABCD 1a hinh binh hanh néu AB+BC+CD+DA=0
B. Tt giac ABCD I hinh binh hanh néu AB=CD
C. Cho hinh chép S.ABCD, néu c6 SB+SD=SA+SC thi tr giac ABCD 1a hinh binh hanh

D. Tir gidac ABCD Ia hinh binh hanh néu AB+ AC = AD
Huéng dan giai
Chon C

Céu 24. Cho hinhhoép ABCD.A'B'C'D" Goi L, K lan lugt 14 tim cta cac hinh binh hanh 4BB' 4
va BCC'B . Khang dinh ndo sau day la sai

A. Bén diém I, K, C, A dong phang B. IK = %ZE = %E
C.Bavecto BD,IK,B'C' khong dong phang D. BD+2IK =2BC
Huéng dan giai

Chon C

HO
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Cau 25. Cho tir dién ABCD. Trén cac canh AC, BD lan luot lay M, N sao cho AM = 3MD;
BN =3NC. Goi P,Q lan lugt 1a trung diém ctia AD, BC. Trong céac khang dinh sau, khang dinh
nao sai

A.Céc vec to BD, AC,MN khong ddng phing B. Céc vec to MN, DC,PQ  ddng phing
C. Céc vec to AB, D—C,ITQ ddng phang D. Céc vec to AC, DC,MN ddng phing
Hudng dan giai A

Lﬁy diém E trén canh AC sao cho AE=3EC,

lay F trén BD sao cho BF=3FD

NE//AB,NE = B ®

L= NE | IMF,NE | | MF
MF | | AB, MF =§AB

— NEMF la hinh binh hanh va 3 vec to BA, DC, MN ]

c6 gia song song hodc nam trén mit phang (MFNE) TR \c

= BA,DC,MN dong phang = BD, AC,MN khong dong phang Chor; A

Cau 26. Cho tir dién ABCD c6 cac canh déu bang a. Hiy chi ra ménh dé diing trong cic ménh

dé sau
a3
2

A. AD+CD+BC+DA=0 B. ABAC = C. AC.AD=ACCD D. ADCD=0

Huéng dan giai
Phuong 4n A: AD + CD + BC + DA = (AD + DA)+(BC +CD) =0+BD # 0 = A sai
2

Phuong an B: AB.AC = a.a.c0s60°=% = B sai

Phuong an C AC.AD = AC.CD < AC(AD + DC) =0 AC =0= C sai Chon D
Cau 27. Cho hinh 1ap phuong ABCD.4,B,C,D,. Goi M la trung diém cta AD. Chon khing
dinh ding

- . SRV [
A. BM =BB+BA,+BC, B.GM =CC+CD +-CB,
C.CM =C1—C+%C1D1+EC131 D. BB, + B 4, + BC, =2B,D

Huéng dan giai

Tac6é C,M =C,D,+D,D+DM =C,D, +C,C + %CIBI Chon B

Cau 28. Cho tir dign ABCD va diém G théa GA+ GB +GC =0 (G la trong tAm cita tir dién).
Goi O la giao diém cua GA va mat phang (BCD). Khang dinh nao sau day sai

A.GA=-20G B. GA=40G C. GA=30G D. GA=20G,
Huéng dan giai Chon C A

Goi M, N Ia trung diém cia BC, AD

= G la trung diém MN.

Goi H 1a hinh chiéu cta N 1én MD

= NH la dudng trung binh cuia AAOD

va OG la duong trung binh cia AMNH G

B
= 0G :lNH :l.lA0:> oG :lNH :l.AO hay GA=30G"
2 22 2 4
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Cau 29. Cho tir di¢n ABCD. Goi M, N lan luot I3 trung diém ctia AD, BC. Trong cac khang
dinh sau, khang dinh nao sai

A. Céc vec to AB, DC,MN ddng phing B. Céc vec to MN, AB, AC khong ddng phing
C. Cac vec to AN, CM,MN ddng phing D. Céc vec to AC, BD,MN ddng phing
Huong d?ll} giai 7 .
Goi P, Q lan luot 1a trung diém AC, BD

= Ba vec to Z@,R,W c6 gia song song hoac

nam trén mit phang (MNPQ) nén 3 véc to nay dong phing
= A ding ; G ©
Ba vec to @,ZE,A—{N khong dong phang = B diing N

Ba vec to ZN,W,W c6 gia khong thé song song voi mit phiang nao = C sai Chon C
Céu 30. Cho hinh 13p phuong ABCD.A B'C'D’, c6 canh a. Hiy tim ménh dé sai trong cac
ménh dé sau

A AD'CC'=-a*  B.AD'AB'=d’ C. 4B'CD'=0  D.[AC|=a\3
Huéng dan giai
Xét phuong an A co: AD'CC'= AD"AA' = ‘AD 'HAA" cos45’ =a’ Chon A

Cau 31. Trong khong gian cho hai tia Ax, By chéo nhau sao cho AB vu6ng goc voi ca hai tia
dé. Cac g‘iém M, N lan luot thay doi trén Ax, By sao cho d6 d§1i doan MN ludn bang gia tri ¢
khong doi (c> AB). Goi ¢ la goc gitta Ax, By. Gié tri 16n nhat caa AM.BN
. ¢’ — AB’ B. ¢’ —AB® C. ¢’ + AB® D. ¢’ + AB®
2(1—cose) 2(1 + cosg) 2(1—cosg) 2(1 + cosg)
Hudng dan giai
Tacd: ¢ = MN? = MN =(MA+ AB+ BN) > AB® +2AM .BN.(1 - cosp)
= AM .BN.< ﬂ Vay biéu thirc AM.BN dat gia tri 16n nhat bang ﬂ
2(1—cosg) 2(1—cosp)
Chon A
Cau 32. Cho ba vecto &:’E khong dong phang. Xét cac vecto
x=2a- l;,; =—dq+ 2[3;2 =-3b-2c. Chon khing dinh dung
A. Hai vecto ;,2 cung phuong B. Hai vecto ;c,; cung phuong
C. Hai vecto ;c,g cung phuong D. Ba vecto ;C,I/,} dong phiang
Chon dép an B
Ta co: )7 = —2(221 - I;) =—2x do d6 2 vecto ;c,;/ cung phuong.
Cﬁvu 33. Trong mat phing cho tir gidc ABCD c6 hai dudng chéo cit nhau tai O. Trong céc
khang dinh sau, khang dinh nao sai
A. Néu ABCD 1a hinh binh hanh thi OA+ OB +OC +0D =0.
B. Néu ABCD 14 hinh thang thi OA4 + OB +20C +20D =0.
C.Néu OA+ OB +OC +OD =0 thi ABCD la hinh binh hanh.

D. Néu OA+ OB +20C +20D =0 thi ABCD 14 hinh thang.
Chon dap an B

Gia sir: OA=aOC,0B =bOD.
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Khi d6 OA+OB +20C +20D =(a+2)OC +(b+2)OD
a=-2
b=-2
Do d6 OA = —2%,@ =-20D = ABCD 14 hinh thang. Piéu ngugc lai khong dung.
Chung ta khong thé tir ABCD 1a hinh thang suy ra OA = —2%,@ =-20D.
Ciu 34. Cho hinh hop 4BCD.A,B,C,D, . Chon khang dinh dtng
A. ﬁ,ﬁ,ﬁa dong phang
B. C—Dl, E,m ddng phang
C. C—DI,E,AI—C dong phang
D. ZE,ZF),@ dong phang
Chon dap an C
Taco: AD = BC.
Mat khac 3 vecto C—DI,R,ATC ddng phang do do6 3 vecto C—Dl,ﬂ),Al—C ddng phang.

Do R’,O—D la khong cung phuong nén OA+OB+20C +20D =0 < {

Cau 35. Cho ba vecto Zz,l;,g khong dong phang. Xét cac vecto
x=2a +Z7;; =a-b —2;2 =-3h-2c. Chon khang dinh ding

A. Ba vecto ;c;;/;; dong phang B. Hai vecto ;C;ZZ cung phuong
C. Hai vecto ;C,B cung phuong D. Ba vecto ;c;;/;; doi mot cung phuong
Chon dép an A

Tacé: x=2a+b :2(21—?7—2)—(—31;—22) =2;—2

Do vay 3 vecto ba vecto ;c,;/,g dong phang.

Cau 36. Cho hinh hép ABCD.A,B,C\D,. Tim gia tri cua k thich hop dién vao dang thire vecto:
AB+B,C, + DD, = kAC,

A k=4 B. k=1 C.k=0 D. k=2
Chon dap an B
Ta co: B,C, =§E’,ﬁ)—£:5€1 do vay ZZ?+BlC1+ZTZS;:Z§+§5+5CT=A_CT
Suyra k=1.

Cau 37. Cho hinh hop ABCD.A'B'C'D" c6 tam O. Goi [ 1a tdm hinh binh hanh 4ABCD. Dat
R'=&, CTI':\:, B—D'Z;C, D—B'z} Chon khang dinh dung

A 201 == (u+v+3+3) B. 200 =~ (u+v+3+3)
C. 200 = (u+v+3+7) D. 207 = (i +v+3+))
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Chon dap an A . .
Ta co: 201 = AA' f‘f}:l‘ —ﬂ.*'t:
Mit khac u+v+x+y=AC'+CA'+ BD'+ DB' g Ve e "-.I
_— s — — — L ; T 1'| ’
=AC+CC'+CA+ AA'+ BD+DD'+ DB + BB’ Y Rl \
N S A
' T
Yo 1::':. o
a" -

:(@+ﬂ+@+ﬁ)+(ﬁ+@)+(ﬁ)+5§)=4A—/1'

— 1, - - =
=20l = 4(u+v+x+y).
Cau 38. Cho hinh ling try tam giac ABC.AB,C,. it A4 =a,AB=b,AC =¢,BC =d,
trong cac dang thic sau, dang thirc nao dung

A.a+b+c+d=0 B.a+b+c=d C.h—c+d=0 D.a=b+c
Chon dap an C
Tacé: b—c+d=AB—AC+BC=CB+BC =0.

Cau 39. Cho hinh hop ABCD.EFGH . Goi [ 1a tdm hinh binh hanh 4ABEF va K 1a tam hinh
binh hanh BCGF. Trong cac khang dinh sau, khang dinh nao ding

A. ﬁ),ﬂ(,ﬁ dong phang B. E,F{,ﬁ dong phang
C. E,ﬁ{,ﬁ dong phang D. Cac khang dinh trén déu sai
Chon dap an B £ T
Ta c6 IK 1a dudng trung binh trong tam gidc BEG -
_ _ . ‘| III r.fr ||
Dods IK =L EG=L4C . 0 A
27 2 AN VA
- —_— | L M -
Mit khac GF = CB va 3 vecto BD, AD,BC dong 1;\\ lA a\
2 = T == \ 2 - F | . '
phang do d6 3 vecto BD, IK,GF dong phang. ".ll "1'“12}_ "‘ S
Cau 40. Cho ttr dign ABCD. Goi M va N Ian luot I < Vo l b
trung di€m ctia AB va CD. Tim gia tri cta & thich hop - e -'11'&_‘ _E__ it
dién vao déng thirc vecto: MN = k(ZE + §l—j) 4 ' - et N ! ‘_,.:"'
‘I = L \,kfl

A.k:% B.kzé C.k=3 D.k=2 g €

Chon dép an A
Ta c6 WzM—C+C—]V=E4+A—C+C—N=—%E+%C—D+R’.

= MN =~ (4C + CB)+(CB + BD) + AC = (4C + BD) — MN = k(4C + BD)

Sk = 1
2

Ciau 41. Cho hinh hop ABCD.A,B,C,D, . Trong cic khang dinh sau, khang dinh nao sai
A. AC,+ 4C =24C B. AC, +CA +2C,C =0
C.AC + AC = 4 D. CA +AC=CC

H 13



Tuyén chon va gioi thiéu: Nguyén Qubc Hoan 0913 661 886

Chon dap an C

Ta co: I@+Z@=E{+R‘+E=E{+2E

Mat khac ﬂ? # 0 do dé dang thirc & cau C sai.

Céu 42. Hiy chon ménh dé dung trong cac ménh dé sau day:

A. T gi4c ABCD 14 hinh binh hanh néu AB+ BC+CD + DA =0

B. Tt giéc ABCD 14 hinh binh hanh néu 4B = CD

C. Cho hinh chép S.ABCD. Néu cé6 SB+ SD = SA+ SC thi ttr gidc ABCD 1a hinh binh hanh
D. T gi4c ABCD 14 hinh binh hanh néu AB + AC = AD

Chon dap an C

Tacé: SB+SD=S4+SC < SB—SA=SC-SD < AB=DC
Do d6 ABCD 1a hinh hinh hanh. 7 i
Céu 43. Cho tu dién ABCD. Goi P,Q la trung diém ctia 4B va CD. Chon khang dinh ding

A. PO = (BC+AD) B. PO = (BC+AD)
C. PO = (BC AD) D. PO=BC+ AD
Chon dép an B
Tacc’)P—Q=P—C+C—Q=ﬁ3+R’+%@=%A—+ﬁ‘ ;@
1 ey 1= o= — 1 1=
— PO = (AD+DB)+BC+ (CB+BD)=—AD —BD+BC—-—BC+=BD
2 2 2 2 2

1 f— —
=—(4D+BC)
2 . .
Cau 44. Cho tir dién ABCD. Goi M va P lan lugt 1a trung diém cua AB va CD. DPiat
AB=b,AC = c,AD = d . Khang dinh nao sau day dtung

A MP=1(c+d+B) B. MP=+(d+5-¢)
2 2
C. MP=—(c-+5-d) D. MP = (c+d -B)

Chon dipén D. Ta 6 MP= AP~ AM = (AC+ AD) -~ AB=—(c+d-b).
Cau 45. Trong cac mé¢nh dé sau day, ménh dé nao sai

A. ViIlatrung diém doan AB nén tir O bét ki ta co: Ol = %(@ + @)

B.Vi AB+BC+CD+DA=0 nénbéndiém 4, B, C, D ddng phang.

C.Vi NM +NP =0 nén N1a trung diém doan MAT PHANG.

D. Tt hé thic AB=2AC-84D ta suy ra ba vecto E,E,E ddng phang.
Chon dép an B RO rang A dung.
Tacé AB+BC+CD+DA=AC+CD+DA= AD + DA luén bing 0 = B sai.

Xétdap an C,taco NM + NP =0< N thuoc doan MP va NM = NP.
Nén N la trung diém cua doan MP = C dang.
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Xét dap an D, ta co AB=2AC —-84D = ZE,ZE‘,ZB ddng phang = D dung.
Cau 46. Cho hinh t dién ABCD c6 trong tdm G. Ménh dé nao sau day sai

A. 4G =2 (4B + AC + D) B. 4G =~ (4B + AC + 4D)
3 4
C. 0G=-(04+ 05 +0C+0D) D.

GA+GB+GC+GD =0
Chon dap an A

Tacs AG =~ AM ++ AN =+ AC + (4B + 4D)
2 2 4 4

= A sai va B ding.

_— —— ——

Lai c6 GA+GB+GC+GD = 0=D dang.
Tacé OA+ OB +OC + 0D
:(@+G—A)+(O—G+@)+(%+R‘)(@+G—D)
:456+(@Z+5§+55+55)=4563C dung.
Cau 47. Cho hinh ch(')p S.ABCD cé day 1a hinh binh hanh tdm O. Goi G 1a diém thoa mén:

_— —— ———

GS+GA+GB+GC+GD=0. Trong cac khang dinh sau, khang dinh nao dung

A. G, S, O khong thing hang B. GS =40G C. GS =50G D. GS =30G
Chon dép an B

P e ———

Tacd GS+GA+GB+GC+GD =0 GS +2G0 +2G0 =0 < GS =40G .
Cau 48. Cho hinh lap phuong ABCD.A'B'C'D". Trén cac duong chéo BD va AD cua céac
mat bén 1an luot 14y hai diém M, N sao cho DM = AN . MN song song v&i mit phing nio sau
day

A. (ADB') B. (4'D'BC) C. (A'4B) D. (BB'C)
Chondap an B,
Trén AC lay diém Q sao cho AQ = DM = AN

AB _AQ _ on /e
AD' AC

Tuong ty tacé OM //BC. Tu do6 suy ra
(ONM)//(BCD'4')= MN //(BCD'A4")

Cau 49. Trong khong gian cho diém Ova bbn diém A,
B, C, D khong thang hang. Piéu kién can va du d¢ 4, B,
C, D tao thanh hinh binh hanh la

Khi d6

A.574+%5§=55+%55 3.52%56:55%55
C.5,71+5€’:51§+55 D.52+51§+55+513:6
Chon dap an C

A, B, C, D tao thanh hinh binh hanh < 4B = DC <> AO + OB = DO + OC

< OB-DO=0C-A40 < OB+0D=0C+04.

Cau 50. Cho hinh hop ABCD.A'B'C'D". Goi I va K lan lugt 1a tam cua hinh binh hanh
ABB'A' va BCC'B'. Khang dinh nao sau day sai
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— 1l 1——

A.Bbn diém I K, C,Adéngphéng B. IK=EAC:EA'C'

C. Ba vecto EE,I‘IZ,B'C' khong dong phang D. BD+2IK =2BC
Chon dap an C - N

e 11— N
Taco: IK=—AC=—A4'C e \
2 2 - ‘*-1"\.,-,_ -.—I 0 -H':H'.'-- '||,'

(Do IK 1a duong trung binh trong tam gidc A'BC") W e "-k PR !
Do viy A va B déu ding "\* P \ : ) A
Lai ¢6: BD +2IK = BD + AC = BC + CD + AC VAT T T
= BC+AD =2BC. o ¢

Cau 51. Cho tir dién ABCD. Trén cac canh AD va BC lan luot lay M, N sao gho
AM =3MD; BN =3NC. Goi P, Q lan luot la trung diém cta 4D va BC. Trong cac khang
dinh sau, khéng dinh nao sai

A. Cac vecto EE,ZE’,]\_{N khong dong phang B. Cac vecto Mﬁ, 56,17@ ddng phang
C. Céac vecto Zﬁ,ljé ,FQ ddng phang D. Céac vecto ZE,E@ ,m dong phang
Chon dap an C

Cac vecto Zﬁ,ljé ,FQ khong ddng phang nén C sai.

Cau 52. Cho tir dién ABCD c6 céc canh déu bﬁng a. Hay chi ra ménh dé sai trong cac ménh dé
sau day

2

A. AD+CD+BC +DA=0 B. AB.AC=%

C. AC.AD = AC.CD D. AB L CD < AB.CD =0
Chon dap an C
Tacdo AD # CD = AC.AD # AC.CD.
Ciu 53. Cho tir dién ABCD. Bat AB=a,AC =b,AD =c,
g01 G la trong tam cua tam giac BCD. Trong cac khang dinh
sau, dang thirc nao ding
A ACG=b+i+d B. 4G = (b+c+d)
C.4G=~(b+c+d)  D.AG=~(b+c+d)

2 4

Chon dép an B
Cau 54. Cho hinh hop ABCD.A4,B,C,D,. Goi M 1a trung diém AD. Chon dang thitc ding

A. BM =BB+B A +BC, B. CIM:C1C+C1D1+%CIBI

C.CM =CC+ %CIDI + %CIBI D. BB, + B/ A + BC, =2BD
Chon dap an B

L = 1l 1 1 1 (e
Taco GM =—CA+-CD=—(C4+CC)+~(CC+CD,)
2 2 2 2

1 1 1 1 1
=CC+- G4+ D =CC +5((le1 + (:Iz)l)juzclz)1 =GC+CD+CB,.

H 16



Tuyén chon va gioi thiéu: Nguyén Qubc Hoan 0913 661 886

Cau 55. Cho tr dién ABCD va diém G théa man
GA+GB+GC+GD =0 (G la trong tam cua tr
dién). Goi G, 14 giao diém ctia G4 va mp (BCD).
Trong cac khang dinh sau, khang dinh nao dung
AGA——2GG B. GA= 4GG

C. GA=3G,G D. GA=2G,G

Chon dap an C i
Goi M, N lan luot 1a trung diém ctia AB va CD
Ta co

GA+GB=2GM —.
{ = GA+GB+GC +GD =2GM +2GN

GC+GD =2GN
—=GM+GN=0=G la trung diém ctia MN
Goi G, 1a giao diém cia AG v6i BN = G, 1a giao diém ctiia GA v6i mit phing (BCD).
Ap dung Mennelauyt cho tam gidc 4BG, ta co
MA NB 1l = ==

N .GGO =l<1. .GGO =le 66, =—=GA=3G,G.

MB NG, GA GA GA 3
Cau 56. Cho tir dién ABCD. Goi M, N lan luot I3 trung diém ctia AD, BC. Trong cac khang
dinh sau, khang dinh nao sai
A. Cac vecto AB,DC,MN ddng phing B. Cac vecto AB, AC,MN khong dong phéng
C. Céac vecto A_N,C_M,m dong phang D. Cac vecto EE,ZE’,]\_{N ddng phang
Chon dap an C
Céc vecto AN,CM , MN khong dong phang nén C sai.
Cau 57. Cho lang try tam giac ABC.A'B'C" ¢c6 AA'= &,ZE = B,ZE =c. Hay phéan tich

- = =

(biéu thi) vecto BC" qua cac vecto a,b,c.

A.BC'=a+b-¢ B.BC'=—a+b-c C.BC'=—a-b+c D. BC'=a—-b+c
ChondépénD

Taco BC'=BC+CC'=BA+AC+CC'= A4~ AB+ AC=a—b+c.
Cau 58. Cho hinh 13p phuong ABCD.A B,CD,. Goi O la tam cua hinh 1ap phuong. Chon

dang thirc diing
A 40~ (AB+AD+A4)  B. 4O~ (AB+AD+ 4

—_—

C. 40=~(4B+AD+44)  D. AO=>(AB+4D+A4)
4 3
Chon dap an B.
Taco A0 =+(A4, + AC)=~(4B+AD+ 44).
2 2

Cau 59. Trong cac ménh dé sau ddy, ménh dé nao ding
A. To AB=3AC tasuyra BA=-3CA
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B.Néu 4B = —%R’ thi B 1a trung diém doan AC.

C.Vi AB=-2AC +5A4D nénbbndiém 4, B, C, D dong phang

D. Tt AB=-34C ta suy ra CB=24C
Chon dap an C
Vi AB = -2AC +5A4D nén bon diém 4, B, C, D khong dong phang. ﬂ
Cau 60. Cho tir dién 4BCD. Goi M, N lan lugt 1a trung diém cua 4B, CD va G la trung diém
cua MN. Trong cac khang dinh sau, khang dinh nao sai

A. MA+ MB +MC + MD = 4MG B. GA+GB+GC = GD
C.EZ+@§+E€+@3:6 D.G_]\Z+5]\7:()
Chon dap an A

Do G la trung diém ciia MN nén GA+GB+GC+GD =0
:>(m—MT;)+(W3—MG)+(MC—MG)+(MD—MG)=0

< MA+MA+MC +MD = 4MG
Cau 61. Cho lang tru tam giac ABC.A'B'C"' ¢6 AA'=a,AB =b,AC = c. Hay phan tich

- = -

(biéu thi) vecto B'C qua cac vecto a,b,c.
A.B'C=a+b-¢ B.B'C=-a+b+c¢ C.B'C=a+b+c D.B'C=-a—-b+c
Chon déap an D
Taco B'C=B'C'+C'C :3?5—55':1492+Z€’9—55':—TA'—Z§+25 = —217—13+E.
Cau 62. Cho hinh chop S.4BCD. Goi O la giao diém cia AC va BD. Trong cac khang dinh
sau, khang dinh nao sai

A.Néu S4+SB+2SC +2SD = 650 thi ABCD 1a hinh thang.

B. Néu 4BCD 1a hinh binh hanh thi S4+ SB + SC +SD =450 .

C. Néu ABCD la hinh thang thi S4+ SB +2SC +2SD = 6S0.

D. Néu SA+ SB+SC + SD = 4SO thi ABCD 13 hinh binh hanh.
Chon dap an C
Dua vao cac dap an, ta c6 cac nhan xét sau:

y - |S4+SC =250
* ABCD la hinh binh hanh thi O 1a trung diém cia AC va BD, khido < . | .
SB+SD =250
— SA+SB+SC + SD = 450 va diéu nguoc lai luon dung.
* Tuong tu, SA+ SB+2SC +2SD =680 thi ABCD 14 hinh thang va diéu nguoc lai khong
dang.

Cau 63. Cho hinh hop ABCD.A'B'C'D" ¢6 tam O. Pit AB=a,BC =b. M la diém xéc

dinh bsi OM = %(Zz - 13) . Khéing dinh nao sau day ding

A. M 14 trung diém BB' B. M 1a tam hinh binh hanh
BCC'B'

C. M 13 tam hinh binh hanh 4BB'A' D. M la trung diém CC'
Chon dap an A

Tacs - (a~B) = (4B~ BC) =3 (4B +CB) =~ (BA+BC) =~ BD =~ DB,
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! ! OM | /BD
Mait khac OM = —(a —b) = OM =—DB = 1 . Ma O 1a trung diém cia DB'
2 2 oM =§BD

suy ra M 1a trung diém cua BB'.
Cau 64. Cho ba vecto a,b,¢ khong dong phang. Xét cac vecto
x=2a —13;; =—4a+ 2[;;2 =-3b-2c . Chon khfmg dinh dung
A. Hai vecto )7,2 cung phuong. B. Hai vecto ;c,;/ cung phuong.
C. Hai vecto x;z cung phuong. D. Ba vecto ;c;;/;g ddng phang.
Huéng dan giai
Chon B.
Nhan thay: )7 = —2x nén hai vecto ;c,;/ cung phuong.
Cﬁ}l 65. Trong mat phang cho tir giac ABCD c6 hai duong chéo cat nhau tai O . Trong cac
khang dinh sau, khang dinh nao sai
A.Néu ABCD la hinh binh hanh thi OA+OB+0C +0D=0.
B. Néu ABCD 14 hinh thang thi O4+OB+20C+20D =0
C.Néu OA+OB+0OC+0D =0 thi ABCD 14 hinh binh hanh.
D. Néu OA+OB+20C+20D =0 thi ABCD la hinh thang.
Huodng dan giai

Chon B.

Cau 66. Cho hinh hop ABCD.A4,B,C,D,. Chon khang dinh déng

A. ED,B—DI,TQ dong phing. B. TQ, E,E dong phing.

C. C—DI,E,AI—C dong phang. D. E,ﬂ),@ dong phang.

Huéng dan giai

Chon C.

M,N,P,Q lan luot 1a trung diém cta 4B, AA4,DD,,CD. A

Ta co CD, / (MNPQ); AD//(MNPQ); AC | (MNPQ)

= C—Dl, E,AI—C dong phang.

CAu 67. Cho ba vecto a,b,¢ khong ddng phing. Xét cac vecto
}:2ZJ+B;};:ZJ—B—E;E:—3B—2E.Chonkhéngdinhdﬁng A R
A. Ba vecto ;c;;/;; dong phang. B. Hai vecto x;a cung phuong.
C. Hai vecto x;b cung phuong. D. Ba vecto };;;2 d6i mdt cung phuong.
Huéng dan giai

Chon A.

Ta co: }/ = %(;c + 2) nén ba vecto x; }/;2 ddng phang.

Ciau 68. Cho hinh hop ABCD.4,B,C,D,. Tim gié tri ctia k thich hop dién vao ding thirc vecto:
AB+B,C,+ DD, =k AC,

Ak=4. B. k=1. C.k=0. D. k=2

Huéng dan giai

Chon B.
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Taco: AB+B,C,+DD, = AB+BC+CC, = AC, . Nén k =1.
Cau 69. Cho hinh hgp A4BCD.A'B'C'D" c¢6 tam O . Goi [ 1a tam hinh binh hanh ABCD . Dat
AC =u,CA'=v, BD'=x, DB = ; . Trong céac dang thirc sau, dang thirc nao ding

Al ﬁ:_%m;ﬂw)_ B. 2&:—%(&+;+}+}).
C. zazéawﬂw). D. 2&:%(&+;+}+}).
Huéng dan giai Chon A. AT

+Goi J,K lan luot 12 trung diém cua AB,CD .
+Tacé: 201 = OJ + OK
—~(04+0B+0C + 0D) =~ +v+3+ )

Cau 70. Cho hinh lang try tam gidc ABC.ABC,. Dt A4, = gzAB = b, AC = c)BC
cac dang thuc sau, dang thirc nao ding
A a+b+c+d=0. B. a+b+c=d. C. b—c+d=0.

Huodng dan giai

Chon C. D& thiy: AB+BC+CA=0=bh+d—c=0.

Cau 71. Cho hinh hop ABCD.E{? GH .Goi [ léwtﬁm hinh binh hanh ABEF va K la tdm hinh
binh hanh BCGF . Trong cac khang dinh sau, khang dinh nao dung

A. BD, AK ,GF dong phéng. B. BD,IK,GF dong phing.

C. BD,EK,GF dong phang. D. E),F(,@déng phang.

Huéng dan giai D C
Chon B.

IK//(ABCD) A
+ < GF//(ABCD)

BD < (ABCD) B
= IK,GF,BD dong phang.
+ Cac bo vecto & cau 4,C, D khong thé
c6 gia cung song song voi mot mét phflpg.

Cau 72. Trong cac khang dinh sau, khang dinh nao sai

B G

E F

A. Néu gia ciia ba vecto a,b,c¢ cit nhau timg d6i mot thi ba vecto do ddng phing

B. Néu trong ba vecto a,b,¢ ¢6 mot vecto 0 thi ba vecto d6 dong phing

C. Néu gi4 ciia ba vecto a,b,¢ cing song song v6i mot mit phang thi ba vecto d6 ddng phing
D. Néu trong ba vecto a,b,c ¢o hai vecto cung phuong thi ba vecto d6 déng phiang

Huéng dan giai

Chon A.

Cau 73. Cho hinh hop 4BCD.A,B,C,D, . Trong cac khing dinh sau, khang dinh nao sai

A. AC,+AC=24C B. AC,+CA4 +2CC=0 C. AC,+AC=44, D.CA+AC=CC,
Huéng dan giai

Chon A. Goi O 14 tm cua hinh hop ABCD.4,B,C,D,. Van dung cong thirc trung diém
Cau 74. Hay chon ménh dé ding trong cac ménh dé sau day:

A. Tir gidc ABCD 14 hinh binh hanh néu 4B+ BC+CD+DA=0
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B. Tt gidc ABCD 1a hinh binh hanh néu 4B =CD_

C. Cho hinh chép S.4BCD . Néu c6 SB+SD = SA+SC thi tir gidc ABCD 1a hinh binh hanh.
D. Tt gitc ABCD 14 hinh binh hanh néu 4B+ AC = AD

Huéng dan giai

Chon C.

SB+SD=SA+SC < SA+ AB+SA+AD =SA+SA+ AC.

< AB+ AD = AC. < ABCD 1a hinh binh hanh

Céu 75. Cho hinh lap phwong 4ABCD.EFGH c6 canh bang a. Ta co ABEG bang

2
A. a*\2. B. &°. C. i*\3. D. £ \/5.

2

Huéng dan giai
Chon B.
ABEG - AB.(EF+EH )= ABEF + ABEH — A+ AB.AD (EIf = AD) = @
(Vi 4B L 4D) 7 :
Cau 76. Trong khong gian cho diém O va bon di€ém 4, B,C, D khong thang hang. Piéu kién
can va du d&& 4,B,C, D tao thanh hinh binh hanh la:

A. @%@:&u%@ B, m+%ﬁc:@+%@.
C. 0A+0C=0B+0D. D. OA+OB+0C+0D=0.
Huéng dan giai

Chon C.

OA+OC =0B+0D < OA+OA+ AC=0A+ AB+OA+BC < AC = AB+BC
Cau 77. Cho hinh hop ABCD.A'B'C'D’. Goi I va K lan luot 14 tAm cua hinh binh hanh
ABB’A’ va BCC'B'. Khang dinh nao sau day sai

1— 1

A.Béndiém I, K, C, A ddng phing B. ﬁ:EAcng'c’
C. Bavecto BD;IK;B'C' khong ddng phéng. D. BD+2IK =2BC
Huéng dan giai

Chon C.

A.Dungvi IK, AC cung thude (B'AC)
B. Ding vi IK = 15+ B'K = (a+b)+2(-a+c)=(b+¢) = 4C =~ AT
C.Saivi IR =18+ B'K =5 (a+5)+5(-a+c) = (b+c).

= BD+2IK =—b+c+b+c¢=2¢=2B'C' = ba vécto déng phing.

D. Pung vi theo cau C = BD+2IK =—b+c+b+c =2E;23—'(7’= 2BC.

Cau 78. Choturdién ABCD . Tréncaccanh AD va BC lanlugtlay M, N saocho AM =3MD
, BN =3NC. Goi P,Q lan luot la trung diém cta AD va BC. Trong cac khéng dinh sau,
khang dinh nao sai

A. Céc vecto BD, AC, MN ddng phing B. Cac vecto MN, B@,FQ ddng phing
C. Céac vecto E,R‘,@ ddng phing D. Céc vecto AB,DC,MN ddng phang
Chon A.
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A. Sai vi .
MN = MD + DB + BN 3MN =3MD +3DB +3BN

MN =MA+ AC +CN {W:A—/IZ+ZE’+5]\7
=
:>4W:A—C—3§)+%R’ — BD.AC.MN khong ddng phing.

MN = MP+ PO +0ON
MN =MD +DC +CN
= MN,DC, PQ: ddng phing.

B. Dungw{ — 2MN = PQ+EC‘:>W:%(FQ+§5)

C. Dung. Bing cach biéu dién PO twong tu nhu trén ta c6 PO = %(E + Rj)

D. Pung. Biéu dién giéng dap 4n A ta co MN = %E +%FC‘

Cau 79. Cho tr dién ABCD c6 céc canh déu bé’mg a . Hay chi ra m¢nh dé sai trong cac ménh
de sau day

2

A. AD+CB+BC+DA=0 B. ABBC=-<

C. AC.AD=ACCD. D. 4B L CD hay AB.CD=0.
Huodng dan giai

Chon C.

Vi ABCD la tir dién déu nén cac tam giac ABC,BCD,CDA, ABD 1a cac tam giac déu.
A.DPungvi AD+CB+BC+DA=DA+AD+BC+CB=0.

_ 2
B. Ding vi AB.BC =-BA.BC =—a.a.cos60° = %

2
C.Saivi AC.AD = a.a.cos60° = "7; AC.CD = —CA.CD = —a.a.cos60° = —“?

D. Pung vi 4B L CD = AB.CD =0.
Cau 80. Cho tor dién ABCD . Dit AB = ZZ,R' = l;,ﬂ) = 2, goi G la trong tam cua tam giac
BCD . Trong céc dang thirc sau, déng thirc nao ding

A AG=a+b+¢ B. AC=~(a+b+c) C. AG==(a+b+e) D.AC=~(a+h+c)
3 2 4
Huéng dan giai
Chon B. 7
Goi M la trung diém BC
AG=AB+BG=a+~BM =a+>.~(BC+BD)
3 372
—+1(AC - 4B+ AD~AB) = a+~(-2a+b+c) =~ (a++c).
3 3 3
Céu 81. Cho hinh hop ABCD.A4,B,C,D,. Goi M 1a trung diém AD . Chon dang thirc ding
A. BM =BB+BA +BC, . B. CM =C,C+CD,+—CB,.

C. CIM:CI—C+%C1D1+ECIBI. D. BB + B4, +B,C,=2BD.

Huéng dan giai
Chon B.
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A. Sai vi B—“IM=ﬁ+m:ﬁ{+%@z+§5)=ﬁ{+%(m+3—jq)

= E{+%(B1AI + B4, +Blcl)=E§l+EAI+%ECT.

B. Ping vi c—lM:awcw:@+%(a+c7>):@+%(@+—qq)

=a€’+%(CIB1 +C\D, +C1D1) =E??+C1D1 +%EBT

C. Sai. theo cau B suy ra

CAu 82. Cho tr dién ABCD.Goi M, N lan luot 1a trung diém cua AD,BC . Trong céac khfmg
dinh sau, khéng dinh nao sai

A. Cac vecto E,ZTC,W déng phzfmg B. Cac vecto E,R‘,W khong déng phéng
C. Cac vecto AN,CM,MN ddng phing D. Céc vecto BD, AC,MN ddng phing
Huéng dan giai

Chon C.

A Ding vi MN =~ (4B-+ DC),

B.Pung vitlr N ta vé& vécto bang vécto MN thi MN khong nam trong mit phang (ABC) .
C. Sai. Tuong tu dap an B thi AN khong nam trong mat phang (CMN ) .

D. Dlng vi MN =%(Z€+Eﬁ).

CAiu 83. Cho t dién ABCD va diém G théa man GA+GB+GC+GD=0 (G la trong tdm
cta t dién). Goi G, 1a giao diém cia G4 va mp (BCD). Trong cac khang dinh sau, khang
dinh nao ding

A. GA=-2G,G B. GA=4G,G C. GA=3G,G D. GA=2G,G
Huéng dan giai
Chon C.

Theo dé: G,, 1a giao diém ciia G4 vamp (BCD) = G, la trong tAm tam gidc BCD.
= G,A+G,B+G,C =0
Ta co: GA+GB+GC+GD =0
= GA=~(GB+GC+GD) =~(3GG, + G, A+G,B +G,C)=-3GG, =3G,G
Cau 84. Cho tir dién ABCD. Nguoi ta dinh nghia “G 1a trong tdm t dién ABCD khi
GA+GB+GC+GD=0". Khang dinh nao sau day sai
A. G latrung dieém cua doan IJ (/, J lan luot la trung diem 4B va CD)
B. G la trung diém ciia doan thang ndi trung diém cua AC va BD
C.G la trung diém cua doan thang noi trung diém cua AD va BC
D~. Chua thé xac dinh duoc.
Huodng dan giai
Chon D.
Ta cé:(@ﬂ+§l§)+(§5+5ﬁ) =0 261 +2GJ =0
G latrung diém J nén dap 4n A dang. Tuong ty cho dép an B va C ciing dung.
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Ciu 85. Cho hinh 1ap phuong ABCD.A,B,C,D,. Goi O la tam cta hinh lap phuong. Chon dang
thirc dliing

A. 40 ="(4B+ 4D+ 44 B. A0=(4B+4D+44)
3 2

C. 40~ (4B+AD+ i4) D.zazg(zgqmﬂj).
Huéng dan giai
Chon B.
Theo quy tic hinh hop: A—CT1 = AB+ AD + TA]
Ma 40 =~ AC, nén A0 =~ (4B+AD+44).
2 2

Cau 86. Trong cac ménh dé sau ddy, ménh dé nao dung

A.Tu AB=34C ta suy ra BA=-3CA

B. Néu Ez—%?@ thi B 1a trung diém doan AC .

C.Vi AB=-2AC+5AD nénbdn diém 4, B, C, D dong phang

D. Tu AB=-3A4C ta suy ra CB=2A4C.
Huodng dan giai
Chon C.
Ta c6: AB=-2AC+54D. Suy ra: AB,AC, AD hay bon diém 4, B, C, D ddng phang.
Cau 87. Cho tir dién ABCD . Goi M, N lan luot 1a trung diém cia AB, CD va G la trung
diém cuia MN . Trong cac khiang dinh sau, khiang dinh nao sai

A. A—/[Z+MZ§+A‘/[Z‘+A—JB=4A—46 B. 52+5§+55=55
C. GA+GB+GC+GD =0 D. GM +GN =0.

Huéng dan giai . i ) i

Chon B. M, N, G lan luot 1a trung di€m ctia AB, CD,MN theo quy tac trung diém
GA+GB =2GM;GC +GD =2GN;GM +GN =0

Suy ra: GA+GB+GC+GD =0 hay GA+GB+GC =-GD.

Cau 88. Cho hinh 1ap phwong ABCD.A'B'C'D" c¢6 canh bang a. Hay tim ménh dé sai trong
nhiing ménh d¢ sau day

A.24B+BC'+CD+DA' =0 B.AD'AB'=a’ C.AB.CD'=0  D.[4C|=a\3
Huéng dan giai

Chon A.

Taco: 24B+B'C'+CD+D'A' =0

©E+(E+@)+(B'—C’+ﬁ):6 @E+6+6=6<:>E=6(v6 1i)

Cau 89. Cho hinh hop ABCD.A'B'C'D' véi tam O. Hay chi ra dang thirc sai trong cac dang
thire sau day:

A. AB+BC+CC'=AD'+D'0+0C’ B. AB+ AA' = AD + DD’
C.ZB+§—C’+@+W=6 D. AC' = AB+ AD + A4’
Huodng dan giai

Chon B. Tacé: AB+ AA = AD+ DD’ < AB = AD (vd li)
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Cau 90. Cho ba vecto a,b,c khong ddng phing. Trong cac khing dinh sau, khing dinh nao
sai

A. Céc vecto x = ZI+B+22;; =2a-3b-6¢;z=—a+3b+6¢ ddng phang.

B. Céc vecto x=a—2b+ 42';;/ =3a-3b+2¢;z=2a-3b-3c dong phang.

C. Cac vecto x=a+b+c;y=2a-3b+c;z=—a+3b+3¢ ddng phing.

D. Cac vecto x = Zz+l;—2’;} =2a-b+3c;z=—a—b+2¢ dong phang.
Huéng dan giai Chon B.
Cac vecto ;c,;,; dong phiang < 3m,n : Xx= m; +nz. Ma: x= m} +nz

3m+2n=1
& a-2b+4c= m(3;z —3E+22)+n(2;z —35—32) &4 -3m—3n=-2 (hé vo nghiém)
2m—-3n=4

Vay khong ton tai hai s m,n:x=my+nz
Céu 91. Cho hinh chép S.ABCD c6 day 1 hinh binh hanh tim O. Goi G 13 diém théa mén:
GS+GA+GB+GC+GD =0. Trong céac khang dinh sau, khing dinh nao dung
A. G, S, O khong thing hang B. GS =40G C. GS =50G D. GS =30G
Huéng dan giai
ChonB. GS+GA+GB+GC+GD=0 <:>5§+455+(5;1+5I§+55+55):6
& GS +4G0 =0 < GS = 40G
Cau 92. Cho lang tru tam giac ABC.A'B'C’ ¢6 AA =a, AB=b,AC =c. Hay phan tich (biéu
thi) vecto BC' qua céc vecto 21,5, ¢
A. BC'=a+b-c  B.BC'=-a+b-c C.BC'=—a-b+c  D.BC'=a-b+c
Huodng dan giai
Chon D. Tacé: BC' =BA+AC =—AB+ AC + AA =—B+E‘+;l =a-b+c.
Cau 93. Cho hinh tir dién ABCD c6 trong tam G . Ménh d¢€ nao sau day la sai

A. GA+GB+GC+GD=0 B.aé:%(@+5§+55+55)

C. 4G =2 (4B + 4C-+ 4D) D. 4G = (4B + AC + 4D).

Huéng dan giai

Chon C. G latrong tam ta di€n ABCD

& GA+GB+GC+GD =0 4GA+ AB+ AC + AD :6©A_G:i(21§+25+25)

Cau 94. Cho tir dién ABCD.Goi M va N lan luot 13 trung diém ctia 4B va CD. Tim gia
tri cia k thich hop dién vao dang thiic vecto: MN = k(ZE + gf))

A.kzl. B.kzl. C. k=3. D. k=2.
2 3

Huodng dan giai

Chon A.

MN =%(A—4E’+A—4f)) (quy tac trung diém) =%(M2+ZE+M§+E5)
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Ma MA+MB=0 (vi M 1a trung diém AB) :MN:%(Z@EB).

Cau 95. Cho ba vecto a, b, ¢ . Diéu kién nao sau day khang dinh a, b, c dong phang
A. Ton tai ba s6 thuc m, n, p thoamin m+n+p=0 va le+nB+pE:6.
B. Tén tai ba sb thuc m, n, p thoaman m+n+p =0 va mZz+n5+pE:6.
C. Ton tai ba sb thuc m, n, p sao cho m21+nl;+p2 =0.
D. Gia cia a, b, ¢ ddng quy.

Huéng dan giai

Chon B. ’ ‘ ) )

Theo gia thuyét m+n+ p #0 = t0n tai it nhat mot s6 khac 0.

Giasau m=0.Tu m&+n5+p2:6:>21=—£l;——2.

m m
a, b, c ddng phing (theo dinh 1y vé su ddng phang cia ba vécto).
Cau 96. Cho lang try tam gidc ABC.A'B'C' ¢6 AA' =a, AB =b, AC = ¢ . Hay phan tich (biéu

thi) vecto B'C qua céc vecto a, b, c

A. BC=a+b-c. B. BC=-a+b+c. C. BC=a+b+c. D. BC=—-a-b+c.
Huéng dan giai

ChonD. B'C =B'B+B'C’ (qt hinh binh hanh)=—A44'+ BC = —a+ AC — AB =—a—b+c.
Cau 97. Trong cac ménh dé sau dy, ménh dé nao 1a dung

A.Néu 4B = —%R‘ thi B 1a trung diém cua doan AC .
B. Tir AB=-3AC ta suy ra CB = AC.
C.Vi AB=-2AC+5AD nén bbn diém A, B, C, D cung thuéc mdt mat phéng.
D. Tt AB=3AC ta suy ra BA=-3CA.
Huodng dan giai
Chon C.

Sai vi ﬂ?:—%ﬁ: A la trung diém BC.

C A B

B.Saivi AB-34C = CB=-4AC.

§ A B

C. Pung theo dinh 1y vé sy dong phang cua 3 vécto.

D. Sai vi AB=3A4C => BA=3CA (nhan 2 vé cho —1).

Cau 98. Hay chon ménh d¢ sai trong cac ménh d¢€ sau day
A. Ba vécto a,b,c dong phang néu c6 hai trong ba vécto dé ciing phuong.
B. Ba vécto a,b,c dong phang néu c6 mot trong ba vécto d6 bang vécto 0.
C.vécto x=a+b+c ludn ludn ddng phang véi hai vécto avab.
D. Cho hinh hép ABCD.A’B’C’D’ ba vécto AB',C'A,DA’ dong phang
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Huéng dan giai
Chon C. ‘ ]
A. DBlng vi theo dinh nghia dong phang.
B. Dung vi theo dinh nghia dong phang.
C. Sai
DA =AA -~AD=a—c
D. Pang vi AB' =a+b — AB'=DA'—CA =3 vecto AB',C'A', DA’ dp.
Co = CA=—b-¢
Cau 99. Trong cic két qua sau day, két qua nao ding? Cho hinh 1ap phwong ABCD.EFGH
c6 canh a.Tacéd AB.EG bing

A. . B. a2 C. a3. D. "‘/5.

2

Huéng dan giai
Chon A.

= EF AE + EF* + EF FB+ EH.AE + EH EF + EH.FB
=0+a’+0+0+0+EH.EA=a*+0=a"

Cau 100. Cho hinh chop S.ABCD . Goi O la giao diém cia AC va BD. Trong cic khang
dinh sau, khang dinh nao sai
A.Néu SA+SB+2S8C +25D =680 thi ABCD 14 hinh thang.
B. Néu ABCD 1a hinh binh hanh thi S4+SB +SC+SD =450 .
C.Néu ABCD 14 hinh thang thi SA+ SB+2SC+2SD =650 .
_ D.Néu S4+SB+SC+SD =450 thi ABCD 1a hinh binh hanh.
Hudng dan giai
Chon C.
A. Dung vi SA+SB+2SC+2SD=6S0O < OA+OB+20C+20D =0.
Vi 0,4,C va 0, B, D thing hang nén dit OA4 = kOC; OB = mOD
= (k+1)OC +(m+1)OD =0.

04_08 _

Ma OC, 0D khong cung phuong nén k =2 va m=-2 = ——=——=2= AB//CD.
OC 0D

B.bung.

C. Sai. Vinéu 4BCD la hinh thang can c¢6 2 day 1a AD, BC thi sé€ sai.

D. Ping. Tuong ty dap an A v6i k=—1,m=—-1= O la trung diém 2 dudng chéo.
Cau 101. Trong cac ménh dé sau day, ménh dé nao 12 sai

A. Tir hé thirc AB=2AC-84D ta suy ra ba vécto AB,AC, AD ddng phang.
B.Vi NM +NP=0 nén N la trung diém cua doan MP.

C. Vi I latrung diém cua doan 4B nén tr mot diém O bat ki ta co Ol = %(52 + 55)
D. Vi AB+ BC +CD+ DA =0 nén bén diém A,B,C,D cung thudc mot mat phfmg.
Huéng dan giai

Chon D. . . 7

A. Ping theo dinh nghia vé sy dong phang cua 3 vécto.
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B. Pung

C. Ping vi OA+OB =0I +14+OI + IB

Ma IA+IB=0 (vi I latrung diém AB) = OA+OB =20l .

D. Sai vi khong dung theo dinh nghia sy dong phang.

Cau 102. Cho hinh hp ABCD.A'B'C'D’ c¢6tdm O.Dit AB=a;BC =b. M la diém x4c dinh

boi OM = %(;l —Z)) . Khang dinh nao sau day diing

A. M 1a trung diém BB'. B. M la tam hinh binh hanh BCC'B'.
C. M 1a tam hinh binh hanh ABB'A'. D. M la trung diém CC'.

Huéng dan giai

Chon A.

M 1a trung diém BB’ :»20‘AZ=5§+07¢':—%(§'B+§5)

— (BB +h-a+ BE+5-a) (quy téc hinh hop)=-—(~2a+25) =a-b.

Cau 103. Cho hai diém phan biét 4, B va mot diém O bat ky khong thudc duong thang 4B .
Ménh dé nao sau day 1a ding

A.DPiém M thudc dudng thing AB khi va chi khi OM =OA4+OB.

B. Piém M thudc duong thing AB khi va chi khi OM = OB =kBA.

C.Diém M thudc duong thing 4B khi va chi khi OM =kOA+(1-k)OB.

D. Biém M thuoc duong thing AB khi va chi khi OM = OB = k(OB -0A).
Huéng dan giai
Chon C.
A. Saivi OA+0B=20I (I latrung diém AB) = OM =20l = O,M,] thing hang.
B.Saivi OM =OB= M =B va OB=kBA= O, B, A thing hang: vo Iy
C. OM =kOA+(1-k)OB <> OM ~OB =k(OA-OB) < BM =kBA = B,A,M thing
hang.
D. Sai vi 5E—EZ=Z§:EE:k(6§—EZ)=kZE — 0, B, A thing hang: vo 1y.
Cau 104. Goi M, N lanluot la trung diém cta cac canh AC va BD cuati dién ABCD . Goi
I 1a trung diém doan MN va P la 1 diém bat ky trong khong gian. Tim gi4 tri cua k thich
hop dién vao ding thuc vecto: PI =k (?74 +PB+PC + Fﬁ) .

Ak=4. B.kzl. C.kzl. D. k=2.
2 4

Huéng dan giai :

Chon C.

Taco PA+PC=2PM , PB+PD=2PN

nén PA+ PB+PC + PD =2PM +2PN =2(PM + PN)=22.P =4PI . Viy k:i
Cau 105. Cho hinh hop ABCD.A4,B,C,D, . Chon dang thic sai

A. BC+BA=BC, + B4, . B. AD + D,C, + D,4, = DC .
C.EE‘+ET4+BT%I=EDT. D.EZ+E)T+E):=§C‘.
Huéng dan giai :
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Tacc'):E4+D—D1+B—D1:E4+B—BI+B—D1:B—AI+B—DI¢EnénDsai.
Doﬁ?:mvéﬂzﬂ nénﬁ?+§4:m+ﬂ.Adfmg
Do AD+D,C, + D, 4 = AD+ DB, = AD, + D,B, = A B, = DC nén
E+m+lﬂ:ﬁnéanﬁng.
DoE?+§4+B—Bl:ﬁ)+l)—D1:B—Dl nén C dung. Chon D.
Cau 106. Cho tir di¢n ABCD . Goi P, Q la trung diém cua 4B va CD . Chon khang dinh
diang

— 1 — — 1 —
A PQ=Z(3C+AD). B. PO =E(BC+AD).

C. PG = (BC - 4D). D. PG = BC + 4D.

Huéng dan giai :
Chon B.
Tacoé: PO =PB+BC+CQO va PO =PA+ AD + DO
nén 2PQ = (P + PB)+ BC + AD +(CO + DO) = BC+ 4D Viy PG = -(BC + D)
Cau 107. Cho hinh hop ABCD.A'B'C'D'. M 1a diém trén AC sao cho AC =3MC . Liy N
trén doan C'D sao cho xC'D =C'N . V&i gia tri nao cia x thi MN//D' .
2 1 1 1

A x==. B. x=—. C.x=—. D. x=—.
3 3 4 2
Huodng dan giai :
Chon A.
B c
A : D
t
| /
| /
P/
B|/ N
_ \:_- g )
//,_o—\‘i— ¢
L= N
A D

Cau 108. Cho hinh hop ABCD.A'B'C'D'. Tim gia tri ctia k thich hop dién vao dang thirc
vecto: BD—D'D—B'D' =kBB'

A k=2. B. k=4. Ck=1. D. £k=0.

Huéng dan giai :

ChonC. Tacé BD+DD' +D'B'=BB nén k=1

Cau 109. Trong cac ménh dé sau day, ménh dé nao sai

A. Vi I 1a trung diém doan AB nén tir O batki ta co: OI = %(54 + @) .

B. Vi 4B+ BC +CD + DA =0 nén bdn diém A, B, C, D dong phang.

C.Vi NM +NP=0 nén N la trung diém doan NP .

D. Tir hé thirc AB =2A4C —84D ta suy ra ba vecto AB, AC, AD dong phang.
Huéng dan giai :
Chon B.
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Do AB+BC+CD+DA=0 dang v6i moi diém A, B,C,D nén ciu B sai.

Cau 110. Trong cac ménh dé sau dy, ménh dé nao sai

A. Bavécto a,b,c d6ng phang khi va chi khi ba vécto d6 co gia thudc mot mit phang

B. Batia Ox,0y,0z vudng goéc véi nhau tirng doi mét thi ba tia d6 khong ddng phang.

C. Cho hai vécto khong cung phuong a va b.Khi dé ba vécto a,b,c d6ng phang khi va chi
khi c6 cép s6 m,n sao cho ¢ =ma+nb , Ngoai ra cap sb m,n 1a duy nhat.

D. Néu c6 ma+nb+ pZ‘ =0 vamot trong ba s6 m,n, p khac 0 thi ba vécto a,b,c ddng phang.
Huéng dan giai :

Chon A.

Bavvécto a,b,c ddng phing khi va chi khi ba vécto do ¢ gia song song hodc thudc mot mit
phang.

Cau A sai . i

Cau 111. Goi M, N lan luot 1a trung diém cua cac canh AC va BD cua tu dién ABCD . Goi
I 1a trung diém doan MN va P la 1 diém bét ky trong khong gian. Tim gia tri cia & thich
hop dién vao dang thiic vecto: IA+ 2k — l)ﬁ? +kIC+1ID =0

A k=2 . B. k=4. Ck=1. D. k=0.

Hudng dan giai :

Chon C. Ta ching minh dugc IA+IB+IC+ID=0nén k=1

Cau 112. Cho ba vecto a, b, c. Trong cac ménh dé sau, ménh dé nao sai

A.Néu a, b, ¢ khong ddng phang thi tir mgl+n5+pgz(3 tasuyram=n=p=0

B. Néu c6 ma+nb+ pc =0, trong d6 m> + n* + p*> >0 thi a, b, ¢ ddng phang.

C. Véi ba sb thyec m, n, p thoa man m+n+ p #0 ta cd ma+nb+ pc=0 thi a, b, ¢ dong
phang.

D. Néu gia cua a,b, ¢ ddng qui thi a,b, ¢ ddng phang.

Huéng dan giai

Chon D. .

Céu D sai. Vi dy phan ching 3 canh ctia hinh chop tam gidc dong qui tai 1 dinh nhung ching
khong dong phang.

Céu 113. Cho hinh ling try ABCA'B'C', M 1 trung diém cuaBB’. Pt CA=a,CB=b,
AA' = ¢ . Khing dinh nao sau day ding

A.m:mz_%z B.m:m_%;, C.W:B—héé D. AM =a-c+15

N | =

Huéng dan giai :
Chon C.

Ta c6 m:@+m:@_a+%ﬁ:5_a+52

CAu 114. Cho hinh ling tru tam gidc ABCA'B'C'.Dit AA' =a, AB=b,AC =¢,BC =d . Trong
céc biéu thirc vécto sau day, biéu thirc ndo ding

A. &=B~+E B. a+b+c+d=0 C. b—c+d=0 D. a+b+c=d
Huodng dan giai:

Cau 115. Cho tir dién ABCD va I 1a trong tAm tam giac ABC . Dang thirc dung 1a

A. 651 = SA+SB+SC . B. SI =SA+SB+SC .
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. Si=3(Si-SB+5C). D.  Si—;54+ B+ 5C.

Huéng dan giai:
Chon D.
1

Vi I 1atrong tdm tam gidc 4BC nén EE+§§+§5=3§7@§7=%§2+§S§+§§6.

Cau 116. Trong cac ménh dé sau, ménh dé nao ding

A. Ba vécto dong phing 14 ba vécto cling nam trong mot mit phang.
B. Ba vécto a,b,c¢ ddng phang thi c6 ¢ =ma+nb véi m,n 1a cac sb duy nhat.
C. Ba vécto khong dong phang khi co d =ma+nb+ pZ’ v6i d 1a vécto bat ki.
D. Ba vécto dong phing 14 ba vécto ¢ gia cling song song voi mot mét phang.
Hudng dan giai:
Chon D.

Céu A sai vi ba vécto dong phang 13 ba vécto c6 gia ciing song song véi cing mot mit phang.

Cau B sai vi thiéu diéu kién 2 vécto a,b khong cung phuong.

Cau C sai vi d = ma+nb+ pc voi d 13 vécto bat ki khong phai 1a diéu kién dé 3 vécto a, b, ¢
dong phang. ‘ i

Cau 117. Cho hinh hop ABCD.A'B'C'D'. Tim gia tri cua k thich hop dién vao dang thuc
vecto: E+ﬁ+k(ﬁ+C'D) =0

A k=0. B. k=1. C. k=4. D. k=2.

Huoéng dan giai:

Chon B.

—_— _ _ —_ —

Céu 118. Cho hinh chép S.ABC Ly cac diém A', B',C’ lan luot thudc cac tia S4,SB, SC sao
cho S4=a.SA',SB =b.SB',SC = ¢.SC', trong 40 a,b,c 1 cac sb thay doi. Tim mbi lién hé giira
a,b,c & mit phang (A'B'C’") di qua trong tam clia tam gide 4BC

A a+b+c=3 B.a+b+c=4 C.atb+tc=2 D.a+b+c=1
Huéng dan giai:
Chon A.

Néu a=b=c=1 thi S4=S54,5B =SB',SC = SC' nén (ABC)=(A4'B'C").

Suy ra (A4'B'C") di qua trong tdm cta tam gidc ABC=>a+b+c =3 la dap an dung.

Cau 119. Cho hinh chép S.ABCD c¢6 day ABCD 1a hinh binh hanh. Dat
SA = ZI,S—Z? = B,E = E, SD=d. thlng dinh nao sau day dung

A. &+E~=3+B B. atc+d+b=0 C. a+d=h+c D. a+b=c+d
Huoéng dan giai:
Chon A.

a+c=SA+SC=250 - - - -
. - . . __=a+c=d+b
b+d=SB+SD =250

Cau 120. Cho hinh tir dién ABCD c6 trong tim G . Ménh dé nao sau day sai
A AG=2(dB+AC+4D). B.  AG=(B+aC+4D).

Goi O la tam hinh binh hanh ABCD. Ta cé: {

—_—

C. E‘:%(@+@+Wj+@). D. GA+GB+GC+GD=0.
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Huéng dan giai:
Chon A.
Theo gia thuyét trén thi véi O 1a mot diém bét ky ta ludn co: 0G = %(@ +0B+0C + W)) .
Ta thay diém O boi diém 4 thi ta co:
AG =44+ 4B+ AC + AD) & 4G =~ (4B + AC + 4D)

Do vay Ez%(E+TC’+E) la sai.

Cau 121. Cho hinh hop 4BCD.A4,B,C,D, véitim O. Chon dang thirc sai

A. AB+ A4 = AD+DD, . B. AC, = AB+ AD+ A4, .

C. AB+BC,+CD+D,A=0. D. AB+BC+CC, = AD,+D,0+0C, .
Huéng dan giai:

Chon A.

Tac6 AB+ A4, = AB,, AD+DD, = AD, ma AB, # AD, nén AB+ A4, = AD + DD, sai.
CAu 122. Cho ttrdién ABCD.Goi M va P lan luot 1a trung diém cua AB va CD.DPat AB=b
,AC=c,AD=d . Khang dinh nao sau day dung

A. Mﬁ:%(haﬂ;). B. Mﬁ:l(3+z§—2).
C. Mﬁ:%(hl}—a). D. W:%(EJ—B).

Huéng dan giai:

ChonD. Tacb E+2—B:TC+E—E=2TP—2W=2(W)<:>W=%(E+Z—B).

Cau 123. Cho hinh hop ABCD.A,B,C,D,. Chon khang dinh dang

A. ﬁ),B—DI,BﬁC’1 dong phéng. B. B—A],B—Dl,ﬁ) dong phang.
C. ﬂ,ﬁ,?@ dong phang. D. Eél:,gﬁl,ﬁa dong phang.
Huéng dan giai:

Chon C.

Ta c6 3 vécto BA,, BD,, BC ddng phing vi ching c6 gia ciing nim trén mit phing (BCD,4,).
Cau 124. Cho tr dién ABCD c6 G la trong tam tam giac BCD. Dat x= E; ; = TC;
z=AD. Khang dinh nao sau day dung
A AG=2(+y+2) B. AG =1 (i+7+3)

— 2 . - - - 2 . -
C. AG=§(x+y+z) D. AGz—g(x-l—y-l—z)
Huéng dan giai:
Chon A.
Ta co: Zézﬁvtﬁé; A‘é:ZEJfé; AG=AD+DG
Vi G latrong tdm cua tam giac BCD nén BG+CG + DG =0.
Cau 125. Cho hinh chép S.4BCD. Trong cic khang dinh sau, khang dinh nio sai

A.Néu ABCD 13 hinh binh hanh thi SB+SD =S4+ SC.
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B. Néu SB+SD =SA+SC thi ABCD 1a hinh binh hanh.

C.Néu ABCD 1a hinh thang thi SB+2SD =SA4+25C.

D. Néu SB+2SD =SA4+2SC thi ABCD la hinh thang.
Huoéng dan giai:
Chon C. ’ ‘
Déap an C sai do néu ABCD la hinh thang c6 2 day lan luot 1a AD va BC thi ta co
SD+2SB = SC +25A. . i
Cau 126. Cho tor dién ABCD. Goi M va N lan luot 1a trung diém cia AB va CD. Tim gia
tri cia k thich hop dién vao ding thic vecto: MN =k (25 + E&)

A k=3. B. k=1, C. k=2. D. k=1,
2 3
Huéng dan giai:
Chon B.
MN = MA+ AD + DN
Taco: — 2MN = AD + BC + MA+ MB + DN +CN
MN = MB+ BC +CN

Ma M va N lan luot 14 trung diém ctia 4B va CD nén
MA=BM =-MB; DN = NC =-CN

Do d6 2MN = AD + BC = MN = 2(AD+BC)
CAu 127. Cho t dién ABCD. Pat AB=a, AC =b, AD=c, goi M la trung diém cua BC.
Trong cac khang dinh sau, khiang dinh nao dung?
A. DM =1 (a+b-2¢) B. DM =~ (-2a+5+¢)
2 2

C. DM =~ (a-25+¢) . D. DM = (a+25-¢)

2 2
Huoéng dan giai:

Chon A.

:lzg+lza_25 S YRR =l(a+5_z;).

2 2 2 2 2
Cau 128. Cho tir dién ABCD. Goi G la trong tam tam gidc ABC. Tim gid tri cua k thich hop
dién vao dang thirc vecto: DA+ DB +DC =kDG

A k=L, B. k=2, C. k=3 D. k=1,
3 2

Huéng dan giai:

Chon C.

Ta c6 DA+ DB+DC =3DG. "

Cau 129. Cho hinh ling truABC.A'B'C', M la trung diém cua BB'. Dit
CA=a,CB=b,A4' =c. Khang dinh nao sau day ding

A.W=B+E—%E¢ B.Wz&—z’—%l; c.m=a+z_%z; D. AM =b-a++c
Chon D.
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Cau 130. Trong khong gian cho diém O va bén diém 4, B,C, D khong thang hang. Diéu kién
can va da dé 4,B,C,D tao thanh hinh binh hanh I3

A. OA+OB+0C+0D =0 B. OA+0OC = OB+ 0D
C. @%@:m%@ D. a%m:@%@
Chon B.

Cau 131. Cho hinh chop S.ABCD c¢6 ddy ABCD 1a hinh binh hanh..Dat
SA=a,SB=b,SC=c¢,SD=d . Khang dinh nao sau day ding

A. a+c=b+d B.a+b=c+d C.a+d=b+c D. a+c+b+d=0
Chon A.

Cau 132. Cho ti dién ABCD. Goi M va P lan luot 1a trung diém ciia 4B vaCD. Dit
AB = l;, AC = E, AD=d . Khéng dinh nao sau day dung

A MP=1(c+d-5) B. MP=1(d+5-¢)
2 2

C. MP=—(c+5-d) D. MP=—(c+d+B)

Chon A.

Cau 133. Cho hinh hép ABCD.A'B'C'D'c6tam O. Goi [ la tam hinh binh hanh ABCD . Dat
AC'=u, CA'=v,BD'=x,DB'=y dung

A 207 = (4745 +7) B. 20 = (u+v++))
C. 201 = (s v+ 7+7) D. 201 = (i+v+3+7)
Chon C.

Cau 134. Cho hinh hop ABCD.A'B'C'D'. Goi I va K lan luot 1a tAm cta hinh binh hanh
ABB'A' va BCC'B'. Khang dinh nao sau dy sai
1 1

A. IK = EZE = EA'C' B. Béndiém I, K, C, A ddng phing
C. BD+2IK =2BC D. Ba vecto BD,IK,B'C’ khong dong phang
Chon C.

Cau 135. Cho t dién ABCD. Nguoi ta dinh nghia “G la trong tam t@ dién ABCD khi
GA+GB+GC+GD=0". Khang dinh nao sau day sai

A. G la trung diém cta doan IJ (1, J lan luot 14 trung diém 4B vaCD)

B. G la trung diém ciia doan thang ndi trung diém ctia AC va BD

C. G la trung diém ctia doan thang nbi trung diém ctia AD va BC

D. Chua thé xac dinh duoc
Chon D.

Cau 136. Cho tirdién ABCD ¢ G la trong tm tam gidc BCD. Pt x=AB, y = AC, z= AD
. Khang dinh nao sau ddy ding

A 4G =(v+y+) B. AG = (3+7+3)
C. AG=%(xv+y+:) D.AG =~ (x+7+3)
Chon A.
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Cau 137. Cho hinh hop ABCD.A'B'C'D' ¢6 tamO. Pit AB =a,BC =b . M la diém xéc dinh
boi OM = %(EI - E) . Khing dinh nao sau day ding

A. M la tdm hinh binh hanh ABB'A’ B. M 1atdm hinh binh hanh BCC'B’
C. M latrung diém BB’ D. M latrung diém CC’.
Chon C. i ) i
Cau 138. Cho hinh hop ABCD.A'B'C'D'. Mot duong thang A cat cac duong thang
AA',BC,C'D" lan luot tai M,N,P sao cho NM =2NP . Tinh %

‘M_Azl B_ﬂzﬁ C_ﬂzz D_ﬂ:ﬁ

_MA MA' MA' MA'
Huong dan giai:
Chon C. 4 D
Pit AD=a,AB=b,AA'=c . :
Vi M e AA' nén AM =k AA' = ke Bl 1 9 N
NeBC=BN=IBC=la, PeC'D'=C'P=mb [ :
Tac6 NM = NB+BA+AM =—la—b+ ke y D
NP BN + BB+ B'C+ OB =(1-Da-+mb+ Ao
Do NM =2NP = -la—b+ke=2[(1-1)a+mb+c] /' P

—1=2(1-1) B c’
1 . MA
& -1=2m Sk=2m=——,1=2.Vay —=2
2 MA'
k=2 M

Cau 139. Cho hinh hop ABCD.A'B'C'D' va cac diém M, N, P xac dinh boi
MA =kMB'(k #0),NB=xNC',PC=yPD'".
Hay tinh x, y theo k dé ba diém M, N, P thing hang.

A.xzﬂ,yz—z B.x=1+2k, :—L
2k % 12k 2%
1
—+k
5 1 1+ k 1
Cox=2—y-—t Dy ltk 1
k0T ok -7 %
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Huéng dan gidi:

Chon D. P,
Dit AD=a,AB=b,Ad'=c.

Tir gia thiét ta co :

- k- - .
AM = ——(b+ 1 y
k—l( c) (1) : S
. . . L. . , N
! -l \pL N

Tu dé tacod Jpho<s-t c
rv v TV TV X - 1 - X k - /\M
MN = AN — AM = a— b+ — c /

x—1 k-1 x=1 k-1 ) \ A
Jx )
(x—l y—lj
DD a7 y 1 - v k-
MP=AP—-AM =a—( + )b + _ c \

y=1 k-1 y—1 k-1

Badiém M,N,P thing hang khi va chi khi ton tai A sao cho MN = AMP (*).

Thay cac vec to MN,MP vio (*) va lwu ¥ a,b,c khong ddng phing ta tinh dugc
1+ 1

X=ToYETT
Céu 140. Giasit M, N, P 1a ba diém lan luot nam trén ba canh SA4,SB,SC coa ti dién SABC
.Goi I la giao diém cua ba mit phing (BCM ),(CAN),(ABP) va J 1a giao diém cua ba mit
phiang (ANP),(BPM),(CMN). Taduoc S,7,J thing hang tinh dang thirc nao sau dy dung
Ms NS _PS_1_JS Ms NS _PS 1_JS

A. + + +—= B. + + +—=
MA NB PC 2 Jl MA NB PC 4 Jl
MS NS PS 1 JS MS NS PS JS
C—+—+—+-—=— D.—+—+—+1=—
MA NB PC 3 JI MA NB PC JI
Huong dan giai:
Chon D.

Goi E=BPNCN,F=CM NAP,T=ANNBM .
Trong (BCM) ¢6 I =BF NCT trong (ANP) c6
NF NPT =J.

Pit SA=a,SB=b,5C =¢ va

SM = xMA,SN = yNB, Sp = zPC

C

a,SN =—2—b,SP =
x+1 y+1 z+1

(x>0,y>0,z>0).
Do T=AN N BM nén

T € AN ﬁzaﬁ+(l—a)§§
{TGBMj{ﬁ=ﬂ§ﬁ+(1—ﬂ)§A7
= aSM +(1-a)SB = SN +(1- )54

Tacd SM =
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@ﬂaw(l—a)b by L2 p+(1-p)a. Vi a,b khong ciing phuong nén ta ¢6
x+1 y+1

axlzl_ﬂ i~
X — - -
X = RN SR
ﬂzl—a Yy x+y+1  x+y+1
yv+l1 x+y+l
Hoan toan tuong tu ta c6 :
SE=—2 p+— = ( SF=—2 (+—2 4.
y+z+1 y+z+1 z+x+1  z+x+1
Lam tuwong tu nhu trén d6i v6i hai giao diém I = BENCT va NF NPT =J ta dugc :
— 1 . - . -
SI=—(xa+yb+zc), SJ:—(xa+yb+zc)
x+y+z+1 X+y+z+2
Suyra 57 =PI G GG (a2 )T
X+y+z+2
Vay S,1,J thing hang va g=x+y+z+1=%+ﬂ+£+l
J MA NB PC

Céu 141. Cho hinh chép S.ABC ¢6 SA=a,SB =b,SC =c. Mot mit phang () ludn di qua
trong tam cua tam giac ABC, cit cac canh S4,SB,SC lan luot tai A", B',C'. Tim gia tri nho

A . 1 1 1
nhat cua ~+ ~+ =
SA* SB“ SC'

A 3 B L C 2 D __ 9
;az+bz-|—c2 Cat b+’ Cat+b +c Cat+ b+
Huong dan giai:
Chon D.
Goi G la trong tam cua tam giac ABC. Ta co 38SG =SA+SB +SC
:ﬁSA' ﬁSB +£ch
S4' SB' SC'
Ma G,A',B',C' ddng phing nén ﬁ-|—£+£—3<:>L+L-I—L=3
S4'" SB' SC' S4'" SB' SC'

Theo BDT Cauchy schwarz:

2
Tacc')( 12+ 12+ lzj(a2+b2+cz)2[i+i+ij
SA?  SB”? SC' SA' SB' SC'
= ! + ! + 1 > 9
SA”  SB" SC"  a*+b P+t

Ding thirc xay ra khi
Lol ol ihepvei v 2t =523 taduoc
aSA'" bSB' cSC' S4'" SB' SC'
2 2 2 2 2 2 2 2 2
g2 +b" +c ,SB'=a +b"+c ,SC'=a +b"+c .
3a 3b 3c
A , 1 1, 9
Vay GTNN cua 1

2 + 2 + 2 a 2 2 2"
S4”  SB? SC?  a’+b’+c
Céu 142. Cho hinh chép S.4BCD c6 ddy ABCD la hinh binh hanh. Mt mét phing () cat
cac canh SA4,SB,SC,SD lan luottai A',B',C",D' .Dfmg thtrc nao sau day dung?
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SA4 SC SB SD sS4 SC SB SD
Al —+2—=—+2— B. —+ = +
s4'  SC' SB' SD' S4' 28C' SB' 2SD'
S4 SC SB SD sS4 SC SB SD
C.—+—=—+— D. —- = -
_s4' s¢' SB' SD' §4' SC' SB' SD'
Huong dan giai:

Goi O la tam cuda hinh binh hanh ABCD thi
SA+SC = SB+SD =250

@ﬁngS—BS—C“':S_B?BﬁHL&S_Cﬂ'.
SA' SB' SB' SC'

Do A4',B',C',D' ddng phing nén ding thirc trén
S4 SC SB SD
S —F—=—+—".
S4'" SC' SB' SD'
Cau 143. Cho hinh chép S.4BC, mit phang (a) cét cac tia S4,SB,SC,SG( G la trong tim
S4 SB N SC . SG

tam gidc ABC) lan luot tai cac diém A',B',C',G' . Tacd — + = k— . Hoi k bang
SA' SB' SC' = SG'

bao nhiéu?

A3 B. 4 C.2 D. 1
Huong dan giai:
Chon A.

Do G la trong tam cua AABC nén
GA+GB+GC=0=38G =SA+SB+SC
=33 5= A5, B g, 5C sE
SG' S4' SB'SC!
Mit khac A4',B',C',G' dong phang nén
sS4 SB SC SG
— t—+—=3—.
S4' SB' SC' SG' 7
Chu y: Ta c6 mdt ket qua quen thudc trong hinh hoc phang :

Néu M la diém thuoc mién trong tam giac ABC thi Sam + Sbm +Scm =0 trong dé
S,.S,,8. lan luot 1a dién tich cc tam giac MBC,MCA,MAB . Vi vay ta co bai toan téng quat
hon nhu sau:

Cho hinh chép S.4BC, mit phang (a) cat cac tia S4,SB,SC,SM ( M la diém thudc mién
trong tam giac ABC) lan luot tai cac diém A" B'.C',M'. Ching minh:
5,54 5,58 | S5C _SSM -y s 5.5 lin luot 1a dién tich céc tam gide

S4'  SB' SC' SM'
MBC,MCA,MAB va S la dién tich tam giac ABC).
Cau 144. Cho tir dién ABCD. Lay cac diém M, N, PO lan luot thuéec 4B, BC,CD, DA sao

cho W:%E,W:%B—C,ngéﬁ,ﬁzw—c. Hay xéc dinh k dé M.N,P,0 déng

phing
A k=1 B. k=1 k=l
2 3

N
|
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Huéng dan gidi:

Chon A.

Cach 1.

Taco ZM:%E:W-@:-%‘BE :B‘M%‘B‘A.
Lai c6 Eﬁ:%ﬁé do d6 MN || AC .

Vay Néu M,N ,P,Q ddng phang thi

(MNPQ)(ACD)=PQ|| AC B
_pe_o4 hay DP=ibDC=k=L.

PD _ OD 2 2
Cach 2.

Dit DA=a,DB=b,DC =c¢ thi khong kho khin ta c6 cac
biéu dién
MN=-26425, MP=-2a—Ybske, Mv-—1a-1p
373 3703 6 3
Cac diém M, N, P,Q ddng phing khi va chi khi cac vec to MN, MP,MQ ddng phing
<:>E|x,y:mzxm+yﬂTQ

@_%a_lz+kz:x(_%;,ﬁz}y(_la_l;;)
3 3 3 3

3 6
2.2
377673
, - T ~ X RA A 1 3 1
Do céac vec to a,b,c khong dong phang nén —gyz—g @xzz,yzl,k:?
zxzk
3

Cau 145. Cho tir dién ABCD c6 céc canh déu bang a . Hay chi ra ménh dé sai trong cac ménh
de sau day:
2

A. AD+CB+BC+DA=0 B. ZEEE:—%.

C. AC.AD=ACCD. D. AB L CD hay AB.CD=0.
Huong dan giai:
Chon C.

Vi ABCD la tir dién déu nén cac tam giac ABC,BCD,CDA, ABD 1a cac tam giac déu.

A.bung vi AD+CB+BC+DA=DA+AD+BC+CB=0.

2
a

B. Pung vi AB.BC =—-BA.BC =—a.a.cos60° = _2 .

2

2
C. Saivi AC.AD = a.a.cos60° = "7; AC.CD = -CA.CD = —a.a.cos 60" = —%.

D. Pung vi 4B L CD = AB.CD =0.

Cau 146. Cho hinh chop S.4ABC Lay cac diém A', B',C’ lan luot thudc cac tia S4,SB,SC sao
cho SA=a.SA',SB=b.SB',SC = ¢.SC’, trong 46 a,b,c 1a céc sb thay d6i. Tim mbi lién h¢ giira
a,b,c d& mit phang (A'B'C') di qua trong tm ciia tam gidc ABC.
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A a+b+c=3 B. a+b+c=4 C.a+b+c=2 D. a+b+c=1
Huong dan giai:

Chon A.

Néu a=b=c=1 thi S4=S4',SB=SB',SC =SC' nén (4BC)=(A'B'C").

Suy ra (A4'B'C') di qua trong tdm cua tam giac ABC=>a+b+c =3 la dap an dung.

Ciu 147. Cho tit dién ABCD. Goi E,F 1a céc diém thoa nim EA =kEB,FD =kFC con
P,Q,R la cac diém xdc dinh béi PA=1PD,QE=IQF,RB=IRC. Chémg minh ba diém
P,Q, R thiang hang.Khang dinh nio sau day 1a ding

A. P, Q, R thiang hang B. P, Q, R khong ddng phing
C. P, Q, R khong thiang hang D. Ca A, B, C déu sai
Huéng dan gidi:
Chon C.

Tacd PQ=PA+AE+EQ (1)
PQ=PD+DF +FQ (2)

Tir (2) tacé [PQ=IPD+IDF +IFQ (3)
Ly (1)—(3) theo vé ta c6
(1-1)PQ = AE —IDF

—~Po=— aE-—L DF
1-1/ 1-1/
Tuong ty @:ﬁﬁ—%}f“—c

Miit khic EA = kEB,FD = kFC nénFQ:lllZE—lllDle IEB_lkflfaz_k@s

Vay P,Q,R thang hang.
Cau 148. Trong khong gian cho diém O va bbn diém 4, B,C, D khong thing hang. Diéu kién
can va du dé 4,B,C,D tao thanh hinh binh hanh 1a:

A, 521%55:56%55. B, 5;”%55:55%55.
C. @j&=@+@. D. OA+OB+0C+0D=0.
Huong dan giai:

Chon C. OA+0OC =0B+0D < OA+OA+ AC =0A+ AB+0A+BC < AC = AB+ BC
Céu 149. Cho hinh 1ap phwong ABCD.EFGH c6 canh bang a. Ta co AB.EG bang
2
A. a*2. B. & C. 3. D. af.

Hurdmg dan gidi:
Chon B. AB.EG = AB.(EF + EH )= ABEF + ABEH = AB +AB.AD (EH = AD) = &’
(Vi 4B L AD)
Ciu 150. Cho tr dien ABCD c6 BC=DA=a,CA=DB=b,AB=DC=c_ Goi S la di¢n
tich toan phan (tong dién tich tit ca cac mat). Tinh gia tri 1on nhit cia ! + ! !

+ .
212 2 2 2 2
a’b~ bcc ca
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A2 B3 c2 b Y2
s* S S S
Huong dan giai:

Do tr dién ABCD co BC=DA=a,CA=DB=b,AB=DC =c¢ nén
ABCD = AADC = ADAB = ACBA. Goi S' 1a dién tich va R 1a ban kinh dudng tron ngoai tiép

moéi mit d6 thi S=4S ,:aTécj nén bat ding thic can chimg minh

1 1 1
a’h® b’c’ ’d’
Theo cong thirc Leibbnitz: Vi diém M bat ki va G 14 trong tim cia tam gidc ABC thi

MA® + MB? + MC* = GA®> + GB® + BC* +3MG” =%(a2 + b2+ +9MG2)

S%@ a’+b*+c* <9R*.
S

Cho M tring véi tam duong tron ngoai tiép tam giac ABC ta  duoc
9R’ =aa’ +b* +c* +90G* 2a’ +b* + .
Cau 151. Cho hinh hop ABCD.A'B'C'D"'. Xac dinh vi tri cac di€m M, N lan luot trén AC

va DC' sao cho MN // BD'. Tinh ti s6 % bang

A. 1 B. 1 C. 1 D. 2
3 2 3
Huong dan giai: D' ,
Chon A. I ¢
I\ /
, | ‘
A | \ S
/ ’
IV )'\
AS AV B
/7 \ ~-—/C
/ -]
/A
A B
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§2. HAI PUONG THANG VUONG GOC

TOM TAT LY THUYET
1. Vecto chi phuwong ciia dwong thang:

d#0 1a VTCP cua d néu gia ciia @ song song hodc trung voi d.
2. Goc giira hai duwong thang:

e a/fa,b/b= (a,b)=(a"b)

e Giastr # laVTCPcuaa, v laVTCPcuab, (4,V)=«.

neé 0° < o <180°
180° ~a  neé 90° < <180°
e Néu a//b hoic a=b thi (a,b) =0°
Chi ¥: 0° <(a,b)< 90"
3. Hai dwong thang vudng goc:
ealbeo (a,6)=90°
e Giasu u 1a VTCPctuaa, v [aVICP cuab. Khidoé a L b= 1uv=0.
* Luuy: Hai duong thang vudéng goc voi nhau c6 thé cat nhau hodc chéo nhau.
4. Phwong phap tinh goc giira hai dwong thang:
Cadch 1. Tim goc giita hai duong thang d,,d, bang cach chon mot diém O thich hop (

Khi do: (a,b) = {

O thudng ndm trén mot trong hai duong thang)
Tir O v& cac dudng thing dl,d2 lan luot song song
(c6 thé trong néu O nam trén mot trong hai duong thang) véi

d, va d,. Goc giita hai duong thang d,,d, chinh la géc giita hai

duong thangd, ,d

1772°
Luwu y 1: Dé tinh goc nay ta thuong sir dung dinh li cosin trong tam gidc

2, .2 2
cosA=LFe @
2bc
Cdch 2. Tim hai vecto chi phuong u,,u, cia hai duong thang d,d,
. u,.u,
Khi do goc giita hai dudng thing d,,d, xéc dinh béi cos(d,,d, ) ==—:.
ul u2

Luu y 2: Pé tinh u,u,,|u

tinh dugc d6 dai va goc gitta chung, sau do6 biéu thi céac vec to u,,u, quacac vecto a,b,c roi
thue hién cac tinh toan
5. Phwong phap chirng minh hai duwdng thang vudng géc:

Ching minh d, 1 d, ta ching minh u,u, =0 trong do u uz lan luot 1a cac vecto chi
phuong cia d, va d,.

. |bl]c
Str dung tinh chat { ' =alb.
alc
Str dung dinh li Pitago hodc xac dinh goc gitra d,,d, va tinh truc tiép goc do.
Tinh d6 dai doan théng, dién tich cua mét da giac. Tinh tich v6 hudng ...
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CAU HOI TNKQ

Cau 1. Trong khong gian cho ba duong thang phan biét a, b, ¢ . Khang dinh nio sau day ding
A. Néu a va b ciing vudng goc véi ¢ thi a //b.

B.Néua//bvaclathiclb.

C. Néu gbc gitra a va ¢ bang goc gitta b va ¢ thi a //b.

D. Néu a va b cling ndm trong mp (a) //c thi gbc giita a va ¢ bang goc gitta b va c.
Huéng dén gidi:

Chon B.

Néu a va b cing vudng goc v6i ¢ thi a va b hodc song song hodc chéo nhau.

C sai do: Gia sir hai dudong thang a va b chéo nhau, ta dung duong thang ¢ 1a dudng vudng
goc chung cua a va b. Khi d6 goc gitra a va ¢ bang véi goc gitta b va ¢ va cing bang 90°,
nhung hién nhién hai duong thang a va b khong song song.

D sai do: gia sir @ vudng goc véi ¢, b song song v6i ¢, khi d6 goc giita a va ¢ bang 90°,
con goc gitta b va ¢ bang 0°.

Do d6 B ding.

Cau 2. Trong cac ménh dé sau ménh dé nao ding

A. Goc giira hai duong thang a va b bang goc giita hai duong thang a va ¢ khi b song song
v6i ¢ (hodc b trung voic).

B. Goc giita hai duong thing a va b bang goc giita hai duong thiang a va ¢ thi b song song
véi ¢

C. Goc gitta hai duong thang 1a goc nhon.

D. Goc giita hai dudng thang bang goc gitta hai vécto chi phuong ciia hai dudng thang do.
Huéng dén gidi:

Chon A.

Cau 3. Cho tir dién ABCD c6 hai cap canh dbi vuong goc. Trong cac ménh dé sau ménh dé
nao ding

A. Tt dién c6 it nhat mot mit 1a tam giac nhon B. Tu dién c6 it nhét hai mit 13 tam giac nhon
C. T dién c6 it nhit ba mit 1a tam giac nhon  D. T dién ¢o ca bdn mat 1 tam giac nhon
Huwéng din gidi:

Chon A.

Cau 4. Trong cac ménh dé dudi ddy ménh dé dung la

A. Cho hai duong thiang song song, dudng thang nao vudng goc voi duong thang thir nhat thi
cling vudng goc voi dudng thang thi hai.

B. Trong khong gian, hai duong thang phéan biét cting vudng goc voi dudng thang thir ba thi
song song voi nhau.

C. Hai dudng thang phan biét vuéng goc v6i nhau thi chiing cat nhau.

D. Hai duong thang phan biét ciing vudéng goc v6i duong thang thir ba thi vuéng goc voi nhau.
Huéng dén gidi:

Chon A.

Cau 5. Trong cac ménh dé sau day, ménh dé nao 1a ding

A. Néu duong thing a vudng goc v6i duong thing b va dudng thing b vudng goc voi duong
thang ¢ thi a vudng goc vdi ¢

B. Cho ba dudng thing a, b, ¢ vudng goc voi nhau timg d6i mot. Néu co6 mot duong thing d
vudng goc vbi a thi d song song véi b hodc ¢

C. Néu duong thing a vudng goc v6i dudng thang b va duong thiang b song song véi dudng
thang ¢ thi a vudng goc vdi ¢
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D. Cho hai duong thang a va b song song véi nhau. Mot dudng thang ¢ vudng goc véi a thi
¢ vudng goc v6i moi duong thang nam trong mat phang (a, b) .
Huéng dén gidi:
Chon C.
Cau 6. Trong cac ménh dé sau day, ménh dé nao 1a ding
A. Mot duong thang cat hai duong thang cho trudc thi ca ba dudng thang d6 cing ndm trong
mot mat phang
B. Ba duong thang cit nhau timg d6i mot va khong nam trong mot mat phang thi dong quy
C. Mot duong thang cit hai duong thang cit nhau cho trudc thi ca ba dudng thang d6 cing
nam trong mot mit phang
D. Ba dudng thang cit nhau timg d6i mot thi ciing nam trong mot mat phang
Huéng dén gidi:
Chon B.

Goi d,, d,, d, 1a3 duong théng cit nhau ting doi mot. Gia st d,, d, citnhau tai A,
vi d; khong ndm cting mit phang véi d,, d, ma d, cit d,, d, nén d, phai di qua 4. That
viy gid st d, khong di qua A thi n6 phai cat d,, d, tai hai diém B, C diéu nay 1a vo li, mot
dudng thang khong thé cat mot mat phang tai hai diém phan biét.
Cau 7. Trong cac khang dinh sau, khang dinh nao diing
A. Hai dudng thang cing vudng goc voi duong thang thir ba thi song song véi nhau.
B. Néu duong thang a vudng goc véi duong thang b va duong thang b vudng goc véi dudng
thang ¢ thi ¢ vuéng goc voi c.
C. Cho hai dudng thang phan biét ¢ va b. Néu dudng thing ¢ vudng goc véi a va b thi a, b
, ¢ khong ddng phang.
D. Cho hai duong thiang a va b song song, néu a vudng goc véi ¢ thi b cling vudng goc véi
c.
Huwéng din gidi:
Theo nhan xét phan hai dudng thang vuéng goc trong SGK thi dép 4n D dung.
Cau 8. Ménh d¢ nao sau day la ding
A. Mot dudng thang vudng goc véi mot trong hai duong thang vudng goc thi song song véi
duong thing con lai.
B. Hai dudng thing cting vudng goc voi mot dudng thing thi song song véi nhau.
C. Hai duong thang cing vudng goc voi mot duong thing thi vudng goc véi nhau.
D. Mot duong thang vudng goc véi mot trong hai dudng thang song song thi vudng goc voi
dudng thang kia.
Huéng dén gidi:
Theo nhan xét phan hai dudng thang vuéng goc trong SGK thi dép 4n D dung.
Cau 9. Trong cac ménh dé sau day, ménh dé nao ding
A. Hai duong thang ciing vudng goc véi mot duong thang thi song song véi nhau.
B. Mot dudng thing vudng goc voi mot trong hai dudng thiang vuéng goc véi nhau thi song
song véi dudng thang con lai.
C. Hai duodng thang cing vudng goc voi mot duong thing thi vudng goc véi nhau.
D. Mot duong thing vudng goc véi mot trong hai duong thing song song thi vudng goc véi
dudng thing kia.
Huwéng din gidi:
Theo nhan xét phin hai dudng thang vuéng goc trong SGK thi dép 4n D dung.
Cau 10. Trong cac ménh dé sau ddy, ménh dé nao ding
A. Cho hai dudng thang a, b song song v&i nhau. Mot duong thang ¢ vudng goc véi a thi ¢

vudng goc v6i moi dudng thang nam trong mat phang (a, b).
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B. Cho ba dudng thing a, b, ¢ vudng goc v6i nhau timg d6i mot. Néu co6 mot duong thang d
vudng goc voi a thi d song song voi b hodc c.

C. Néu duong thing o vudng goc v6i dudng thing b va duong thing b vudng goc véi duong
thang ¢ thi duong thang « vudng goc voi duong thang c .

D. Néu dudng thang a vudng goc v6i dudng thing b va dudng thing b song song véi duong
thang ¢ thi duong thang o vuéng goc voi dudng thang ¢ .

Huéng dén gidi:
Chon D.
af
Cau 11. Cho t dién ABCD ¢6 AB=CD=a, IJ=—— (I, J lan luot 14 trung diém ciia
BC va AD). S6 do goc giita hai duong thang AB va CD la
A.30°. B. 45°. C. 60°. D. 90°.
Huong dan gidi:
Chon C. . i
Goi M, N lan luot 1a trung diém AC, BC.
Ta co: J
mr=Ni=tup=Lep-4 ,
2 2 2 = MINJ 1a hinh thoi.
MI /| AB /] CD /| NI B D
Goi O 1a giao diém cia MN va IJ . 1
Ta c6: MIN =2MIO. c
a3
— 10 4 3

Xét AMIO vudng tai O, ta co: cosMIO—M—

=7:>]\71\0=30°:>]\71]\V=60°.

[NSHEN

Ma: (4B,CD)=(IM,IN)= MIN = 60°.
Céu 12. Cho hinh hop ABCD.A'B'C'D' . Gia sir tam giac AB'C va A'DC’ déu c6 3 goc nhon.
Goc gitra hai duong thang AC va A'D 1a goc nao sau day
A.BDB'. B.ABC. C.DBB. D.DAC.
Huong dan gidi:

Chon D. )

Taco: AC // A'C" (tinh chat cta hinh hp)

= (AC,A'D)=(A'C',A'D)=DA'C’ (do gia thiét cho
ADA'C' nhon).

Cau 13. Cho tir dién déu ABCD (Tir dién co tat ca cac canh bang nhau). S6 do goc giita hai
duong thang AB va CD bang

A.30°. B. 45°. C. 60°. D. 90°.

Huong dan gidi:

Chon D. A

Goi H 1a tim duong tron ngoai tiép ABCD = AH L (BCD).

Goi E la trung diém CD = BE L CD (do ABCD déu). 5

Do AH 1 (BCD)=> AH L CD. b
CD | BE E

Ta co: = CD L (ABE)= CD L AB=(AB,CD)=90°. C
CD 1 AH

H 45



Tuyén chon va gidi thiéu: Nguyén Qubc Hoan 0913 661 886

Céu 14. Cho ttr dién déu 4BCD, M la trung diém ctia canh BC . Khi d6 cos(4B,DM ) bang

NRER B Y2 e’ p. L

6 2 2 2
Huwong dan gidi: A
Chon A.

Khong mat tinh tong quat, gia sir tr dién ABCD c6 canh bang a.
Goi H la tim duong tron ngoai tiép ABCD = AH | (BCD) .

, B D
Goi E la trung diém AC = ME // AB =( AB,DM )=(ME,MD) 4%?
M

Ta co: c
cos(A4B,DM )= cos(ME,MD) = ‘COS(]\TE,]\TD)‘ = ‘cos E/M\D‘ )

Do cic mit cta t dién déu la tam giac déu, tir d6 ta dé dang tinh duoc d dai cac canh cua

AMED: ME =a, ED=MD=a23 .
2 2 2
(aj +[a\5j _(MJ
- 2 2_ 2 2 2 2
Xét AMED., ta co: cos EMD = ME_+MD —ED” _ B
2ME.MD a a3 6
22
Tur d6: cos(A4B,DM )= % :g'

Cau 15. Cho hinh chép S.ABCD c6 day 1a hinh vuéng ABCD canh bang a va cac canh bén
déu bang a. Goi M va N lan luot 14 trung diém cia AD va SD . S6 do cia goc (MN,SC)
bang

A. 30°. B. 45°. C. 60°. D. 90°.

Huéng dén gidi:

Chon D.

Goi O 1a tam cua hinh vuong 4BCD

= O la tam duong tron ngoai tiép cua hinh vuéng ABCD (1).

Taco: S4=SB=SC=S8D

= S nam trén tryc ciia duong tron ngoai tiép hinh vuéng ABCD (2).
Tur (1) va (2) = SO L(4BCD). D
Tir gia thiét ta c6: MN // SA (do MN 1a duong trung binh ciia ASAD)
= (MV, SC) =(SA,SC) .

, | SA+SCP=a’ +a’ =24’ . )
Xét ASAC , ta co: = ASAC vudngtai S = S4 1L SC.

AC?* =24D =2a’
:>(SA,SC) z(MN,SC) =90°.
Cau 16. Cho hinh chép S.ABCD c6 tat ca cac canh déu bang a. Goi I va J lan luot 1a trung
diém cia SC va BC . S6 do cua goc (IJ,CD) bang
A.30°. B. 45°. C. 60°. D. 90°.
Huong dan gidi:
Chon C.
Goi O 1a tam cua hinh vuong 4BCD
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= O la tam dudng tron ngoai tiép cua hinh vuéng ABCD (1).

Taco: S4 =SB =5C=SD )

= S nam trén tryuc clia dudng tron ngoai tiép hinh vuéng ABCD (2).

Tur (1) va (2) = SO L (ABCD).

Tir gia thiét ta c6: 1J // SB (do IJ 1a dudng trung binh ctia ASAB).

= (IJ,CD) = (SB, AB) .

Mit khéc, ta lai c6 ASAB déu, do d6 SBA = 60° = (SB,4B)=60°=(1J,CD)=60°.

CAu 17. Cho tir dién ABCD ¢6 AB=CD.Goi I, J, E, F lan luot la trung diém cua AC,
BC, BD, AD. Géc gitta (IE,JF) bing

A.30°. B. 45°. C. 60°. D. 90°.
Huwong dan gidi: A
Chon D.

o ~ |IJ /I EF /| AB
Tur gia thiét ta co: F

JE /' IF /| CD
T d6 suy ra tr giac IJEF 1a hinh binh hanh.
Mt khac: AB=CD:IJ:%AB=JE:%CD B D
= ABCD 1a hinh thoi = IE L JF J
:>(IE,JF)=90°. C -
Cau 18. Cho hinh 1ap phuong ABCD.EFGH . Hay xac dinh goc giita cap vecto AB va DH
A. 45° ~ B. 90° C. 120° D. 60°
Huwong dan gidi:
Chon B.
AB 1 AE —
= AB | DH = (AB,DH) =90°

AE /| DH

Ciau 19. Trong khong gian cho hai hinh vuong ABCD va ABC'D' c6 chung canh AB va
nam trong hai mit phiang khac nhau, 1an lugt c6 tim Ova O'. Hiy xé4c dinh goc giita cip vecto
AB va 00"

A. 60° B. 45° C. 120° D. 90°

Huéng dén gidi:

Chon D.

Vi ABCD va ABC'D' 1a hinh vudng nén AD// BC'; AD = BC'= ADBC'" 1a hinh binh hanh
Ma O; O' 1a tam cua 2 hinh vudng nén O; O' 1a trung diém ctia BD va AC' = 00" 1a dudng
trung binh cuia ADBC' = 00'// AD

Mt khac, AD L AB nén OO' L AB = (00, AB) =90’

Céu 20. Cho tir dién ABCD c6 AB= AC = AD va BAC=BAD=60", CAD =90". Goi I va
J lan luot 1a trung diém cia AB va CD. Hay xac dinh goc giita cip vecto IJ va CD

A. 45° B. 90° C. 60° D. 120°

Huwéng din gidi:

Chon B. Tacé BAC va BAD 1a2 tam gic déu, 7 la trung diém cia AB nén CI = DI (2
dudng trung tuyén cia 2 tam giac déu chung canh AB)nén CID 1a tam gidc can & 1.

Do d6 1J L CD.
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Cau 21. Cho hinh chép S.ABC ¢6 SA=SB=SC va ASB=BSC = CSA. Hay xéc dinh goc
gitra cdp vecto SB va AC

A. 60° B. 120° C. 45° D. 90°
Huéng din gidi: ¥
Chon D. A
Ta co: ASAB = ASBC =ASCA (¢—g—¢)=> AB=BC =CA. A ‘\
Do dotam gidc ABC déu. Goi G 14 trong tAm cua tam giac ABC . // f

Vi hinh chép S.ABC c6 SA=SB=SC A .'I

nén hinh chiéu cua S tring véi G AL -
Hay SG L (A4BC). LAY 2O

AC 1 BG tﬂf
Ta co: = AC L(SBG). Suyra AC L SB.
AC L SG B

Céu 22. Cho tir dién ABCD cb AB = AC = AD va BAC = BAD =60",CAD =90". Goi I va
J 1an luot 12 trung diém cia AB va CD . Hay xac dinh goc giita cip vecto AB va IJ

"
N

H{;"{,

o

A. 120° _ B. 90° C. 60° D. 45°
Huong dan gidi:
Chon B. i
Xét tam giac ICD c¢6 J 1a trung diem doan CD .
Ta co: ﬁ:l(iurﬁ) iy \\k

2 K ‘-,‘\
Vi tam gidc ABC ¢6 AB = AC va BAC =60° / _
Nén tam giac 4BC déu. Suy ra: CI L AB ! L \‘\
Tuong ty ta ¢ tam giac ABD déunén DI 1 AB. L 4\'\:7 T ":.-._';__.--""f"r'l
Xét 1J.AB =~(IC+ ID).AB = - 1C.4B + - ID.4B = 0. b~

2 2 2 N

Suyra IJ | AB . Hay goc gifta cip vecto AB va IJ bang 90°. ¢
Cau 23. Cho tirdién ABCD c6 trong tdm G . Chon khfmg dinh dung
A. AB>+ AC* + AD* + BC* + BD* +CD* = 3((;/12 +GB>+GC? +GD?
B. AB*+ AC* + AD* + BC* + BD* + CD* = 4(GA2 +GB*+GC* +GD?
C. AB* + AC* + AD* + BC* + BD* +CD* = 6(GA2 +GB* +GC* + GD*?
D. AB>+ AC* + AD* + BC* + BD* + CD* = 2(GA2 +GB>+GC? +GD?
Huwéng dén gidi:

Chon B.

AB* + AC* + AD* + BC* + BD* + CD*

)
)
)
)

_ —\2 _ —\2 _ —_\2 _ —\2 RN —\2 _ —\2
:(AG+GB) +(AG+GC) +(AG+GD) +(BG+GC) +(BG+GD) +(CG+GD)
=34G +3BG +3CG’ +3DG” +2(AG.GB + AG.GC + AG.GD + BG.GD + BG.GD + CG.GD (1)
Lai co:
(52+6]§+55+5]3):6
& GA® + GB* +GC? +GD? = 2(2@.@5+E.5@+Z@.@5+§5.§5+§@.§5+5@.@5)(2)
Tir (1) va (2) ta c6 diéu phai chirmg minh.
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Cau 24. Cho tir dién ABCD c¢6 hai mat ABC va ABD la cac
tam giac déu. Goc gitra AB va CD la

A. 120° . B. 60° C. 90° D. 30°
Huwong dan gidi:
Chon C.

Goi I 1a trung diém ciia AB
Vi ABC va ABD 1a cic tam giac déu
. {CI 1 4B
én
DI 1 AB
Cau 25. Cho hinh chép S.ABCD c6 tat ca cac canh déu bang a. Goi / va J lan lugt I3 trung
diém ciia SC va BC . SH do cua goc ( 1, CD) bang
A. 90° B. 45° C. 30° D. 60°
Huwéng dén gidi:
Chon D.
Goi O la tdm cua hinh thoi ABCD .
Taco: OJ//CD.
Nén goc giita IJ va CD bang goc gitta IJ va OJ .
Xét tam giac 10J c6

J=tsp-% or-Lep-
2 2 2

. Suyra ABJ_(CID) = AB L CD.

10=Ls4-2
2 2

NN

Nén tam giac 10J déu.

Vay goc gitra IJ va CD bang goc gitta 1J va OJ va bang goc 1JO = 60°.
Céu 26. Cho hinh hop ABCD.A'B'C'D’ . Gia sit tam gidc AB'C va A'DC’ déu c6 3 goc nhon.
Goc gitra hai duong thang AC va A'D la goc nao sau day

A. AB'C _ B. DA'C’ C. BB'D D. BDB'
Huong dan gidi:
Chon B.

Ta cé: AC//A'C’ nén goc giira hai dudng thing AC va A'D
la géc gitra hai duong thang A4'C" va 4'D  bang goc nhon

DAC' (Vi tam gidc A'DC’ déu co 3 gbc nhon).

Cau 27. Cho tir dién déu ABCD . S6 do goc giita hai dudng thang 4B va CD bang

A. 60° B. 30° C. 90° D. 45°
Huéng dén gidi:

Chon C. ff“x‘

Goi G la trong tAm tam giac ABC . SH O

Vi tir dign ABCD déunén 4G L(BCD). o '; “

LR
CD L AG FAR ™,
Ta cb: = CD 1 (4BG)=CD L 4B. AN -
CDJ_BG HT:___- -_,'.—'i':}“
Vay sb do goc giira hai duong thing 4B va CD bang 90° N - l Tl
-~

\ -
.

£
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Cau 28. Cho tir di€n ABCD c6 hai cdp canh dbi vudng goc. Cit tir dién d6 bﬁng mot mat
phing song song véi mot cip canh ddi dién cua tir dién. Trong cic ménh dé sau ménh d& nao
diang

A. Thiét dién 14 hinh chit nhat. B. Thiét dién 13 hinh vuong.

C. Thiét dién 13 hinh binh hanh. D. Thiét dién 14 hinh thang.
Huwéng din gidi:

Chon A.

Gia sir thiét dién 1a tr giac MNPQ.

Taco: MN//PQ va MN = PQ nén MNPQ la hinh binh hanh
Laico AC L BD= MQ 1 PQ

Vay to giac MNPQ 1a hinh chit nhét.

Cau 29. Cho tur dién ABCD. Chimg minh ring néu AB.AC =.AC.AD = AD.AB thi AB 1 CD
, AC 1L BD, AD 1 BC . Dbicu ngugc lai ding khong

Sau day 1a 161 giai:

Butée I: AB.AC =.AC.AD < AC.(AB-AD)=0 < AC.DB=0 < AC 1 BD
Buorce 2: Chung minh twong tu, tir AC.AD = AD.AB ta duoc AD 1L BC va

AB.AC = AD.AB tadugc AB L CD.

Buoc 3: Nguoc lai dung, vi qua trinh ching minh & budc 1 va 2 13 qua trinh bién doi
tuong duong.

Bai giai trén diing hay sai? Néu sai thi sai & dau?

A. Sai ¢ budc 3. B. Ding. C. Sai ¢ budc 2. D. Sai ¢ budce 1.
Huéng dén gidi:

Chon B.

Bai giai dung.

Cau 30. Cho hinh chép S.ABC c6 S4=SB=SC va ASB =BSC =CSA. Hay xac dinh goc
gifra cdp vecto SC va AB

A. 120° _ B. 45° C. 60° D. 90°

Hudng dan gidi: y

Chon D.

Taco: SC.4B = SC.(3B - 54) = SC.5B - SC 54

— SA.SB cos BSC — SC.SA.cos ASC = 0 4 ¢
Vi S4=SB=SC va BSC = ASC . Do dé: (SC, 4B)=90" |

Cau 31. Cho hinh chép S.ABCD c6 day la hinh vuéng ABCD canh bang a va cic canh bén
déu bing a. Goi M va N lan luot la trung diém cta AD va SD. Sé do clia géc (MN,SC)
bang

A. 45° _ B. 30° C. 90° D. 60°
Huong dan gidi:

Chon C. Taco: AC = a2 = AC? =24* = SA* + SC* = ASAC vudng tai S.

Khi d6: NM.SC = SA.5C =0 < (NM.5C) =90° = (MN,SC)=90°

Ciu 32. Cho hinh 1ap phuong ABCD.4,B,C,D,. Chon khing dinh sai
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A. Géc gilta AC va B,D, bang 90°. B. Goc giita B,D, va A4, bang 60°.
C. Goc gitta AD va BC bing 45°. D. Goc gitta BD va AC, bang 90°.
Huwéng din gidi: 4
Chon B. d
Ta co: Z{BI—D: = E{Ef) = B_B:(Bjél +§5)

=BB,.BA+BB,BC =0
(vi (BB, BA)=90" va (BB, BC)=90")

Do do: (Z{,BIDI): 90° = (44, B,D;) = 90°
Ciu 33. Cho hinh 1ap phuong ABCD.A4,B,C,D, ¢6 canh a.Goi M la trung diém AD. Gia
tri BM.BD, 1a

1 2

A. —a’ B. a C. 2 2
2

a D.
4

Huwéng din gidi: 4 B
Chon A.
Tacé: B,M.BD, = (BB +BA+ AM )(BA+AD+DD;)

2

— 5 , a az
=BB.DD +BA + AM . AD =-a" +a” +—=— A B
2 2

..............

p b

Cau 34. Cho hinh hop ABCD.A'B'C'D' ¢6 tat ca cac canh déu bang nhau. Trong cac ménh dé
sau, ménh d€ nao coé thé sai

A. A'C’ J_~BD B. BB' L BD C. A'B 1L DC' D. BC' 1 A'D
Huwong dan gidi:

Chon B.

Ta cb: BB'.BD = ﬁ(fﬂ + §5) = BB .BA+ BB BC = BB’.BA(COS@ + coslﬁ')

Vi AA'B'B va ABCD 14 hai hinh thoi bang nhau nén

+ B'BA=B'BC = BB.BD #0 suy ra BB' khong vudng goc voi BD

+ B'BA+B'BC =180° = cos B'BA = —cosB'BC = BB .BD =0 suy ra BB' 1 BD

Nén dap an B c6 thé sai vi chua c6 diéu kién ciia goc B'BA va B'BC

Cau 35. Cho hinh 1ap phuvong ABCD.EFGH . Hay xac dinh goc gitta cdp vecto AB VAEG
A. 90° ~ B. 60° C. 45° D. 120°

Huwong dan gidi:

Chon C.

Ta c6: EG//AC (do ACGE 1a hinh chit nhat) = (ZB,R;) = (E,A—c) = BAC = 45°
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Cau 36. Cho tir dién 4BCD déu canh bang a. Goi M la
trung diém CD, « la goc giita AC va BM . Chon khang

dinh dung

A. cosozz—3 B. coso:=L
4 V3

C. cosa:g D. a=60°

Huwéng dén gidi:

Chon C.

Goi O latrong tdm cia ABCD = A0 L (BCD)
Trén dudng thiang d qua C va song song BM lay diém N sao cho BMCN 14 hinh chit nhét,

tur do suy ra: (AC,BM)z(AC,CN)z(A/CTV)za

B

Co: CNZBMZTCI va BN =CN =

SRR

2
AO* = AB* — BO* = AB*? —(%BM] :§a2

2 2 2
ON* = BN* +B0° =L a3 AN =NAO+ONF =33 4 = cosq = ACHCN = AN” V3
12 2 24AC.CN 6
Cau 37. Trong khong gian cho hai tam giac déu 4BC va ABC' c6 chung canh AB va nam

trong hai mat phéng khéc nhau. Goi M, N, P, QO lan luot 1a trung diém cua cac canh
AC, CB, BC' va C'A.Hay xac dinh géc giita cip vecto AB va CC'

A. 45° ; B. 120° C. 60° D. 90°
Huong dan gidi:

Chon C.

Goi [ la trung diem CC’

ACAC' cantai 4 = CC' L Al (1)

ACBC' cantai B = CC' L BI (2)

— 0@ ,CC" 1 (AIB)= CC' L AB= CC' = 4B

Két luan: goc giita CC’ va AB 1a 90°

Cau 38. Cho ¢ =3, b=5 gbc giita avab bang 120°. Chon khang dinh sai trong cac khang
dinh sau

A.la+b|=\19  B.|a-b|=7 C. |a - 25| =139 D. | +25[=9
Huéng dén gidi:

2

- 2 -2 =2 -~ - =
Chon A. Tacé: ‘&+b =a +b +2a.b.cos(a,b)=19

=G’ +b’ +2ﬁ.l;.cos(§,l;) =19 ‘5+B
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Cau 39. Chotirdién ABCD c6 AB=AC = AD va BAC = BAD =60°. Hay xac dinh goc gifra
cap vecto AB va CD

A. 60° B 45" C. 120° D. 90°
Huong dan gidi:
Taco

AB.CD = ZE.(ZE—Z@) = AB.AD - AB.AC
= AB.AD.c0s60° — AB.AC.cos60° =0
= (4B,CD)=90".
Céu 40. Cho hinh 1ap phuong ABCD.A,B,C,D,. Goc gitta AC va D4, 1a
A. 45" B. 90° C. 60° D. 120°
Huong dan gidi:
Vi 4'C'//AC nén goc gitta AC va DA, 12 DAC, . Vi tam giac
DA,C, déunén D/A\ICl =60". Vay goc giita AC va D4, bang 60°.
Cau 41. Cho hinh chop S.ABC c6 SA=SB=SC va
ASB =BSC =CSA. Hay xac dinh goc giita cap vecto SA4 va BC
A. 120° B. 90° C. 60°
D. 45°
Huwong dan gidi:
Ta cod
SA.BC = Q.(ﬁ—ﬁ) = SA.SC — SA.SB
= SA.SC.cos ASC — SA.SB.cos ASB =0
= (ﬂ,ﬁ*) =90"
Cau 42. Cho tirdi¢n déu ABCD, M la trung diém ctia canh BC . Khi d6 cos(AB,DM ) bang

a2 B Y3 ¢l = pB
2 6 2 2 .
Huwong dan gidi: A
Gia st canh cta tir dién 1a a. :
—— ——  ABDM _ AB.DM ¢
Taco cos|AB,DM | = ———== ——— e e
( ) [4B|[pp| a3 e
: e
Mit khac <

AB.DM = ZE(W _ 25) — AB.AM — AB.AD = AB.AM .cos30° — AB.AD.cos 60°

3

Do c6 cos(@,m)zg. Suy ra cos(AB,DM)z?.

Cau 43. Cho tir dién ABCD c6 AB vuong goc voi CD, AB=CD=6. M la diém thudc
canh BC sao cho MC=x.BC (0<x<1). mp(P) song song v6i AB va CD lan lugt cat
BC,DB, AD, AC tai M,N,P,Q. Dién tich 16n nhit cta tr giic bang bao nhiéu
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A. 9 _ B. 11 C 10. D. 8

Huwong dan gidi:

MQ/INP//AB t

MN//PQ//CD A

= MNPQ la hinh binh hanh. ,-'!

Mat khac, AB 1 CD = MQ 1 MN. /" -
RS ,-’JT f

A

Xét tir giac MNPQ co {

TN
Do d6, MNPQ 14 hinh chit nhat. SN 7!

Vi MQ//AB nén Aj—g =C—M

= = = h ..-F"r
CB x=>MQO=xAB=06x. A7 e
Theo gia thiét MC =x.BC = BM =(1-x) BC . ¢

MN _BM

Vi MN//CD nén ——=——=1-x=MN =(1-x).CD=6(1-x).
CD BC

Dién tich hinh chit nhat MNPQ la

2
Synpo = MN.MQ = 6(1-x).6x =36.x.(1-x) < 36(}”;_)6) -9.

. 1
Taco Syppe =9 khi x=1—x<:>x:5

Vay dién tich tr gisc MNPQ 16n nhat bang 9 khi M 1a trung diém cia BC .
Cau 44. Cho tor dién 4BCD d‘éu canh bang a. Goi O 1a tAm duong tron ngoai tiép tam giac
BCD . Goc gitta AO va CD bang bao nhiéu

A 0" B. 30° C. 90° D. 60°

Hwé‘ngjlqdn_(giéi:a o "I

Taco AO.CD=(CO~CA)CD A

= CO.CD—CA.CD = CO.CD.cos30° — CACD.cos 60° A
PNCIENE) 1 & & ":.1,._._-_,,1:..” ,-'“"5”

= a——-aa—=———=0. N

3 772 2 2 2 RN
Suyra 40 L CD. v

Cau 45. Cho tr dién ABCD c¢6 AB=CD. Goi I,J,E,F lan lugt 1a trung diém cia
AC,BC,BD,AD . Géc (IE, JF) bang

A.30° B. 45° C. 60° D. 90°
Huwong dan gidi: r
Tw gidc IJEF 1a hinh binh hanh. e
‘__l" .

IJ= lAB - ,::-"r'{.
Mit khac 21 ma AB=CD nén 1J = JE . o {E‘_,_ f_ S e

JE =—CD Dt E T

2 of "\.h_“r'_.--"_.

Do d6 IJEF 1a hinh thoi. Suyra (IE, JF)=90". t

Cau 46. Cho tirdién ABCD véi AC = %AD, CAB = DAB =60°,CD = AD . Goi ¢ 1 gbc giita
AB va CD . Chon khing dinh ding
A. cosq):% B. ¢ =60’ C. p=30" D. cosq):%
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Huéng dén gidi:

S ¥
—_— J.'I.
Ta co cos(AB, CD) = iBCE = AB.CD A
48| cD|  4B.CD £
Mit khac AB.CD = E(E - Tc) = AB.AD — AB.AC " { '“ op
= AB.AD.cos 60° — AB.AC.cos 60° N f,,r"
—apap a3 apto_Lupap-—Lupcp. f
2 2772 4 4
o L upep : :
Do c6 cos(AB,CD) . ——— Suy ra cosp=—.
AB.CD 4 4

Cau 47. Trong khong gian cho hai hinh vuong ABCD va ABC'D' c6 chung canh AB va
nam trong hai mit phang khac nhau, 1an lugt ¢6 tim O va O'. Tt giac CDD'C' 14 hinh gi

A. Hinh binh hanh. B. Hinh vuong. C. Hinh thang. D. Hinh chit nhat.
Huéng dén gidi:

Tt gidc CDD'C' 1a hinh binh hanh. Lai ¢6: DC L(ADD")=>DC L DD'.

Vay tir gidc CDD'C' 1a hinh chir nhat.

Ciu 48. Cho t& dién ABCD c¢6 AB =CD = a, U= "23 ( 1,J 14n luot 14 trung diém cta BC
va AD). S6 do goc giira hai duong thang AB va CD la

A.30° B.45 C. 60°. D. 90°.

Huong dan gidi:

Goi M 1a trung diém ciia AC. Goc gitra hai dudng thang AB va
CD bang goc gitta hai duong thang MI va MJ.
2 2 172
Tinh duoc: cosIMJ = M+ MJ”~1) = —l
2MI.MJ 2
Tir d6 suy ra s6 do goc giira hai duong thang AB va CD la: 60°. ﬂ
Cau 49. Cho tor dién ABCD v6i AB L AC, AB L BD. Goi P, Q lan lugt 1a trung di€ém cua
AB va CD . Goc giita PQ va AB bang
A. 90", B 60", C. 30". D. 45°.
Huong dan gidi:
AB.PQ = AB 1 PO
Cau 50. Cho hai vecto ;1,13 thoa man: ‘21‘ =4,

a,b . Chon khing dinh ding

b

c;—l;‘ =4. Goi « la goc gitra hai vecto

A. cosa:% B. «=30". C. cosa:%. D. a=60°.

Huwéng dén gidi:

ab 3

I

Cau S51. Cho t¢ dién ABCD. Tim gid tri cua k thich hgp théa man:
AB.CD+ AC.DB+ AD.BC =k

A k=1 B. k=2. C. k=0. D. k =4.

Huong dan gidi:

by =laf +[5f 285 = ab=2. Do dé: cosa =22 =
s o
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AB.CD + AC.DB + AD.BC = (ZE’+ 573)55 +AC.DB— AD.CB

=E(FD+D—B)+C—B(C—D—E)=R‘.C—B+CﬁB‘R’=O.
Chon dap an C.
Cau 52. Trong khong gian cho tam giac ABC c6 trong tdim G . Chon hé thirc dung
A. AB> + AC* + BC? = 2(GA2 +GB* + GCz).
B. AB?> + AC* + BC* = GA* + GB* + GC°.
C. AB>+ AC* +BC* = 4(GA2 +GB* + GCz).
D. AB>+ AC* + BC? = 3(GA2 +GB? +GC2).
Huwéng din gidi:

Cach 1
Ta ¢6 (@+@+G—c)2 — 0o GA® +GB® + GC* +2GA.GB + 2GA.GC + 2GB.GC =0
& GA® + GB* + GC? +(GA2 +GB’ —ABz)+(GA2 +GC? —AC2)+(GB2 +GC? —BC2)= 0
& AB’+ AC* + BC* =3(GA* + GB’ +GC2)
Cich 2
_AB*+4C*  BC
T2 4 iGAzzi[ABZ%—ACZ_BCZ]

2 4 |

MA®

Ta co: 5

Tuong tu ta suy ra dugc

2 2 2 2 2 2 2 2 2
GA2—|—GB2+GC2:i AB” +AC"  BC +BA +BC”  AC +CA +CB~ 4B
9 2 4 2 4 2 4

- %(ABZ +BC* +CA).
©3(GA* + GB* + GC*) = AB* + BC* + C4’.  Chon dép 4n D.
Cdch 3: Chuan hoa gia st tam gidc ABC déu c6 canh 13 1. Khi dé
AB* +BC* +CA* =3
GA’ +GB> +GC* =1
Cau 53. Trong khong gian cho tam gidc ABC . Tim M sao cho gia tri cia biéu thirc
P = MA* + MB*> + MC”® dat gia tri nho nhat

= 3(GA* +GB* +GC*) = AB* + BC* + CA’. Chon dép an D.

A. M latrong tam tam giac ABC B. M 1a tim duong tron ngoai tiép tam giac
ABC

C. M 1a tryc tam tam giac 4ABC D. M 1a tam duong tron ndi tiép tam giac ABC
Huéng dén gidi:

Goi G latrong tdm tam giac ABC = G ¢b dinh va GA+GB+GC =0.
— — 2 PN — 2 — — 2
P:(MG+GA) +(MG+GB) +(MG+GC)
— 3MG? +2A7é.(@+@§+55)+GA2 +GB +GC?

=3MG’ +GA* +GB* + GC* > GA* + GB® + GC*.
Diu bang xay ra < M = G.
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Vay P. = GA> +GB*> 4+ GC’ v6i M =G la trong tAm tam gidc 4ABC. Chon dép 4n A.
Cau 54. Cho hai vecto ;1,13 thoa man: ‘ZI‘ =26; b|= 28; Zl-}—B‘ =48 . B0 dai vecto a-b béng
A 25 B. /616 C. 9 D. 618
Huwong dan gidi:

a8 =(a=b) =’ +5"~2ab=2(a" +5 | ~(a+5)

- 2(‘242 +‘E‘2)—‘5+B‘2 =2(26> +28% )~ 48% =616
[~ = V6Te.

Cau 55. Cho tir dién ABCD c¢6 DA =DB=DC vi BDA=60",ADC=90°,BDC =120’
Trong cac mat cua tir dién do

A. Tam giac ABD c6 dién tich 16n nhat. B. Tam gidc BCD c6 dién tich 16n nhét.
C. Tam giac ACD c6 dién tich 16n nhat. D. Tam giac ABC c6 dién tich 16n nhat.
Huwéng dén gidi:

bit DA=DB=DC=a

a’\3

Tam gidc ABD déu canh @ nén dién tich S, = .

Tam giac ACD vudn tai D nén dién tich

1 a’

S, cp=—DADC =—.
acp =5 >

2
Dién tich tam gidc BCD 1a S %DB.DC gin1200 = Y3

BCD =
Tam giac ABC ¢6 AB=a,AC = a2, BC = a3 nén tam giac ABC vudng tai 4.

2
Dién tich tam giac ABC 1a S %AB.AC =4 ;/5 . Vay dién tich tam gidc ABC 16n nhat.

ABC —

b

Cau 56. Cho hai vecto ;1,13 thoa man: ‘ZI‘ =4;\b|= 3;21.23 =10. Xét hai vecto ; =a-b

x =a—-2b,.Goi ala goc giita hai vecto x, y. Chon khiang dinh diing
-2 1 3 2
A. cosa =——. B. cosa=——. C. cosag=—. D. cosa =—.
15 V15 V15 V15
Huwong dan gidi:

Taco xy=(a-2b)(a-b)=(a) +2(b) ~3ab=4.
= (3) = (a-25) = (@) +4(5) ~4ab =245
T = S B R R : 4 2
5l=(7) = (a-8) = (a) +(5) ~2a5=+5. cosa~ H\yy\ A
Cau 57. Cho tam giac ABC c6 dién tich §. Tim gia tri cia & thich hgp thda man
§=1\[4B 4C - 2%(4BAC)

. B.k=0. C.k=%. D. k=1.

A k=

-

Huéng dén gidi:
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S=LXABACsInC =l\/ABZ.Ac2 sin> C =l\/ABZ.AC2 (1—cos2 c)
2 2 2

1] [—2—2 [——\2
=\ 4B AC —(AB.AC) . ChonC.

Cau 58. Cho tirdién ABCD c6 hai mat ABC va ABD la cac tam giac déu
a) Khang dinh nao sau day ding nhat

A. ABvaCD cl}éo nhqu B. AB va CD vuong goc v6i nhau

C. ABvaCD dong phang ) D. AB va CD cat nhgu
b) Goi M, N, P,Q lan luot la trung di€m cac canh AC, BC, BD, DA . Khang dinh nao sau day
1a dung nhat

A. MNPQ 1a hinh vuéng B. MNPQ 1a hinh binh hanh

C. MNPQ 1a hinh chit nhat D. MNPQ 1a hinh thoi
Huéng dén gidi:

a)ybat AB=AD=A4C=a
Ta cod CD.AB =(E—E‘)E

ZEHZE‘ c0s60° — ‘ZE‘ ‘ZE" cos60° = a.a% - a.a% =0

Vay AB 1 CD.
b) Taco MN || PQ|| AB va MN:PQ:%:% nén tir gidc MNPQ
1a hinh binh hanh.
MN || AB
Laico {NP||CD = MN 1 NP,do dd6 MNPQ 1a hinh chit nhat.
AB 1 CD
Cau 59. Cho hinh chép S.ABC ¢6 SA=SB=SC=a va BC = a~/2 . Tinh gdc gitta hai duong
thang AB va SC
A. (AB, SC) =60’ B. (AB, SC) =45" C. (AB,SC) =30’ D.

(4B,SC)=90"
Huéng dén gidi: 7
Goi M, N, P lan luot 1a trung diem cia S4,SB, AC , khi d6

L — L —

MN /] AB nén (A4B,SC)=(MN,SC).

bat o= NMP , trong tam gidc MNP co
MN? + MP? — NP*

= 1 .
cose 2MN.MP ( )

Ta c6 MN:MP:%, AB> + AC* = BC> = AABC vuongtai 4

2 2
A, vivay PB> = AP’ + AC? =5%, PS? =3%. Trong tam

gidc PBS theo cong thirc tinh dudng trung tuyén ta co
5a° N 3a’
_PB*+PS* SB* 4 " 4 a 3a

PN? - )
2 4 2 4 4
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—

Thay MN,MP, NP vio (1)ta dugc c0s¢=—%:> p=120". Vay (E,S\C)z(MN,SC)=60°

Cau 60. Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh thoi, S4= AB va SA L BC.
a) Tinh goc gifra hai duong thang SD va BC

A. (BC,5D)=30" B.(BC,SD)=45" C.(BC,SD)=60" D.

(BC,SD)=50°
b) Goi 1,J lan luot 14 cac diém thudc SB va SD sao cho LJ || BD. Chting minh goc gitta 4AC
va IJ khong phu thude vao vitricua 7 va J

A. (IJ,AC)=90°  B.(LJ,AC)=60"  C.(LJ,AC)=30°  D. (LJ,AC)=45"
Huwéng din gidi:
a) (BC,SD)=45" b) (1J,4C)=90""
Cau 61. Cho hai tam giéc cin 4BC va DBC c6 chung canh ddy BC nam trong hai mit phang
khac nhau )
a) Khang dinh nao sau ddy la ding nhat .
A. AD 1 BC B. AD cat BC C. AD va BC chéo nhau D. Ca A, B, C déu dung
b) Goi M,N la cac diém lan luot thudoc cac duong thing 4B va DB sao cho
MA = kMB,ND = kNB . Tinh goc giita hai dudng thing MN va BC

L —

A. (M]\/',BC)=9O0 B. (M]\/',BC)=800 C. (MN,BC)=60° D. (MN,BC)=450
Huéng dén gidi: ﬂ
a) Goi P latrung diém cuia BC, thi c4c tam giac
. . . |APLBC
ABC va DBC cannén .
DP 1 BC
Ta c6 B—C.Ezﬁ‘(ﬁ—ﬁl):a Vay BC L AD.
b) Ta c6 mzkﬁzﬁzm, ﬁ:kN—B:@:M
MB NB
MA ND
>—=—
MB NB

- —

Suyra MN || AD = (MN,BC) = (AD,BC) =90" (Theo ciu a).
Ciau 62. Cho hinh hop thoi ABCD.A'B'C'D' c6 tat ca ciac canh déu bang a va
ABC = B'BA=B'BC =60". Tinh goc giita hai dudng thing AC va B’D’

A. (AC,B'D‘) =90" B. (AC,B'D‘) = 60" C. (AC,B'D‘) =45" D. (AC,B'D‘) =30"
CAu 63. Cho tir dién ABCD. Goi M, N lan luot 1a trung diém cac canh BC va AD. Cho biét
AB =CD =2a va MN = a~/3. Tinh goc giita hai dudng thing AB va CD

A. (4B.CD)=30°  B.(4B.CD)=45  C.(4B,CD)=60°  D.(AB,CD)=90"
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Huéng dén gidi: i
Goi O latrung diém ciia AC ,tacé OM =ON =a.
OM||AB —— —————
= (AB, CD) =(0M,0N)
ON || CD

Ap dung dinh i césin cho tam gidc OMN ta co

2

. 2 2 e d+d—(aV3

cosMON=OM +ON"—MN"~ _ ( ) z_l'
20M .ON 2.a.a 2

Vay (AB, CD) =60".
Cau 64. Cho hinh hop ABCD.A'B'C'D' ¢6 tat ca cac canh déu bang nhau. Trong cac ménh dé
sau, ménh d€ nao coé thé sai
A. AC'LBD. B. BB' L BD.
Hwong ddn gidi:
Chon B.

C. A'BLDC'. D. BC' L A'D.

AC' L BD
= A'C'LBD.
B'D' /I BD

A dung vi: {

B sai vi:
A'B 1 AB'
= ABL1LDC'.

AB' /| DC’
BC'LB'C
B'C//A'D C
Cau 65. Cho tardi¢én 4BCD ¢6 AB=CD=a,AC=BD=b,AD=BC=c.
a) Khang dinh nao sau day 1a ding nhét

A. cac doan ndi trung diém cac cip canh doi thi vudng goc v6i hai canh dé

B. cic doan nbi trung diém céc cip canh dbi thi khong vudng goc véi hai canh d6

C. cac doan ndi trung diém céac cdp canh ddi thi c6 thé vudng goc c6 thé khong vudng
g6c voi hai canh do

D.ca A, B, C déu sai
b) Tinh goc giita hai duong thang AC va BD

C duing vi: {

=BC'LAD.

D ding vi: {

A. (AC,/B\D) = arccos |—————=—

C. (m) = arccos

Huéng dén gidi:

B. @ = arccos

D. (m) = arccos

Goi M,N,P lan luot 1a trung diém cua cac canh AB,CD, AD.
a) Do hai tam giac ACD va BCD c¢6 CD chung va AC = BD, AD = BC nén chiing bang nhau,

suy ra MC = MD

Vay tam gidc MCD céantai M va co trung tuyén MN nén MN L CD.
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Tuong ty MN L 4B.
Chirng minh tuong tu cho hai c¢dp canh doi con lai.
|PM||BD ——/—/—/——
b) Ta co = (BD,AC)=(PM,PN)
PN || AC

Theo cong thirc tinh dudng trung tuyén ta c6
CL+cB 4B 2P +c)-d

CM*?
2 4 4
, 2(1)2+c2)—a2
Tuong tw DM —
nén
e MCMD? cp? 2B +C)-d" & paci-a
2 4 4 4 2 ’

Ap dung dinh i ¢6 sin cho tam gidc PMN taco
bY (bY b +ci-d’
pM?+PN*-MN> \2) "2 2 2(d’-¢)

2.PM.PN 2(bj[bj P
2 )2

2(a2 —cz) '

b2

cosm =

Vay m = arccos

Cau 66. Cho tir dién ABCD. Chtng minh riang néu AB.AC = AC.AD = AD.AB thi AB L CD
, AC L BD, AD 1 BC . bicu nguogc lai dung khong

Sau day la loi giai:

Buc 1: AB.AC = AC.AD < AC.(AB-4D)=0 < ACDB=0 < AC L BD.

_— _—

Bude 2: Ching minh tuong tu, tt AC.AD = AD.AB tadugc AD | BC va AB.AC = AD.AB
ta duoc AB 1L CD.

Buée 3: Nguoc lai diing, vi qué trinh chimg minh ¢ bude 1 va 2 1a qua trinh bién ddi twong
duong.

Bai giai trén dang hay sai? Néu sai thi sai & dau?

A. Dung. B. Sai tir budc 1. C. Sai tr bude 1. D. Sai ¢ budc 3.
Huwéng din gidi:

Chon A.

Cau 67. Cho tir dién ABCD c6 AB vudng goc véi CD . Mit phang (P) song song voi AB
va CD lan luot cat BC, DB, AD, AC tai M, N, P, Q. Tu giac MNPQ 1a hinh gi

A. Hinh thang. B. Hinh binh hanh.

C. Hinh chit nhat. D. T giac khong phai 1a hinh thang.
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Huwéng din gidi:
Chon C.
{(MNPQ)//AB

— MOQ//AB.

(MNPQ)N(ABC)=MQ
Tuong tu ta c6: MN//CD, NP//AB, QP//CD .
Do @6 tr giac MNPQ 1a hinh binh hanh
Lai c6 MN L MQ (doAB 1 CD).
Vay tor giac MNPQ 1a hinh chit nhét.
Ciu 68. Cho ttr dién déu ABCD c6 canh béng a.Goi M,N,P,Q,R lan luot 1a trung diém
cua AB,CD,AD,BC va AC
a) Khang dinh nao sau day 1a ding nhat ’
A. MN 1 RP,MN 1 RQ B. MN 1L RP,MN ciat RQ
C. MN chéo RP; MN chéo RQ D. Ci A, B, C déu sai
b) Tinh goc cia hai duong thang AB va CD
A. (4B,CD)=60"  B.(4B,CD)=30"  C.(4B,CD)=45"  D.(4B,CD)=90’
Huéng din gidi:

a3

2
Laico RP// CD= MN L RQ.

b) Tuong twtaco QP L AD
Trong tam giac vuéng PDQ ta cod

2 5 )
QP2 :QD2_DP2 :(a\z/gJ _(ﬁj :%Tac():

a) Taco MC =MD =

nén tam giac MCD cantai M ,dod6 MN 1L CD.

2

2 2
RO>+RP” = (ﬁj +[ﬁj =a’=0P’
2 2
Do do6 tam giac RPQ vudng tai R, hay RP 1L RQ.
AB|| RO
Vivay SCD||RP = AB 1L CD.
RP L RO

Cau 69. Trong khéng gian cho hai tam giac déu ABC va ABC’ ¢6 chung 9anh AB va nam
trong hai mat phang khac nhau. Goi M, N, P, Q lan luot 1a trung di€ém cta cac canh
AC, CB, BC' va C'A. Tu giac MNPQ 1a hinh gi

A. Hinh binh hanh. B. Hinh chit nhat. C. Hinh vuéng. D. Hinh thang.
Hwong ddn gidi:
Chon B. o "
Vi M, N, P, Q nén d¢ thay t& giac MNPQ 1a hinh binh hag, f
Goi H 1a trung diém ctia 4B . p ’\'\_‘_
e . . . |CH L 4B Q{/‘?
Vi hai tam gidc ABC va ABC' nén { j;J,.«
C'H L 4B 1S
Suyra AB 1 (CHC'). Do d6 4B L CC'. p "__f{’;:gl.* o .
A TR TR :::-:j}{
HY i W
' TN
b
H 62 o
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PQ//AB
Taco6: S PN//CC' = PQ 1 PN.
AB 1L CC’
Vay tir gidc MNPQ 1a hinh chir nhat.
Cau 70. Cho hinh chop S.ABCD c6 day la hinh binh hanh v6i1 AB =a, AD =2a. Tam giac
SAB vuodng cantai A, M 1a mot diém trén canh AD( M khac A va D). Mat phéng (a) di
qua M va song sog voi (SAB) cat BC,SC,SD lan luot tai N, P,Q
a) MNPQ 1a hinh gi
A. MNPQ la hinh thang vudng. B. MNPQ 1a hinh vudng.
C. MNPQ 1a hinh chir nhat. D. MNPQ la hinh binh hanh.
b)Tinh dién tich cia MNPQ theo a

3a® a’ 3a® a
B. S MNPQ ZT D. SMNPQ ZT

MNPQ — ?

2

A. S

MNPQ — o
Huwéng din gidi:
(@)1I(S4B) (@)11(54B)
a) Ta c6 {(SAB)N(ABCD)=AB = MN || AB . Tuong tu {(SBC)(SAB)=SB=> NP|| SB
(a)N(4BCD)=MN (a)n(SBC)= NP
() 1(S4B) s
(SAD)(SAB)=SA= MQ|| S4
()N (S4D)=MQ 2
D& thdy MN || PO|| AB||CD nén MNPQ la hinh binh hanh
MN || AB D
Lai co < MQ|| SA = MN L MO .
AB 1S4
Vay MNPQ 1a hinh thang vudng. B N
SA CD

a
b)Tacd MN=AB=a ,MQ="~-==, PQ=—=
) a.MQ 2 2 © 2

C

a
5

2
VAy Sy = %(MN+PQ).MQ = %[a +%)% =3%.
Cau 71. Cho hinh 1ap phuong ABCD.A'B'C'D' canh a. Trén céc canh DC va BB' liy cac
diém M va N saocho MD= NB= x(O <x< a) . Khing dinh nao sau day la ding
a) Khang dinh nao sau day 1a ding

A. AC'LB'D' B. AC’ cit B’D’

C. AC’va B’D’ ddng phang D. Ca A, B, C déu dung
b) Khang dinh nao sau day la ding

A. AC' L MN B. AC’ va MN cit nhau
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C. AC’ va MN ddng phing D. Ca A, B, C déu dung
Huong dan gidi: A B
Dit AA'=a,AB=b,AD=c. n
- T \
a)Taco AC'=a+b+c, B'D'=c—b nén D : N -c
DT I T T A | P S PN S 4N
AC'B'D'=(a+b+c)(c-b) J IR
—a(¢-b)+¢ b =a*—a*=0 A
=dalc ) C =da a = / \
= AC'LB'D". b «
b) MOV = AN~ 001 = (4B-+ BY) (45 D7) = b+ X3 )-( £+ 25 - 2 1-2 )52
a a a a
Tirdo e ACHN =(as b+ 2a |- ¢4 55 )= Xae 1-2]5-a
a a a a
=£&2+(1—£)l§2—52=x.a+£1—£ja2—a2=0.
a a a

Viy AC' L MN .
Cau 72. Cho tir dién ABCD ¢6 AC=a, BD=3a.Goi M va N lan luot 1a trung diém cia
AD va BC . Biét AC vudng goc véi BD . Tinh MN

A.MN=“210. B. MN=a36. C.MN=3“‘/§. D.MN=2a;/§.
Hwong dén oidi:
Chon A. y
Goi £, F lan luogt 1a trung di€ém ciia AB va CD.
 (EN /1 AC
Ta co: = (AC,BD)=(NE,NF)=90°= NE L NF (1). M
NF // BD
NE = FM =L 4C
. 2 C D
Ma: 0 (2).
NF = ME =~ BD N
2 B
Tir (1), (2) = MENF 13 hinh chit nhat.
2 2 2 2
Tirdo tacs: MN =NE*+ NF” = || AS] [ B2) = [[4] +[34] - “m.
2 2 2 2 2
Cau 73. Trong khong gian cho ba diém 4, B, C bat ky, chon dang thiic ding
A. 2AB.AC = AB*> + AC* — BC* B. 24B.AC = AB*> + AC* —2BC>
C. AB.AC = AB*> + AC* - 2BC"? D. AB.AC = AB* + AC*> — BC*

Hudng din gidi:
Chon A. pC? = 4B + AC* ~24B.AC.cos( 4B, AC) = AB* + AC* —2.AB.AC
Cau 74. Cho hinh 1ap phwong ABCD.EFGH ¢6 canh bing g . Tinh AB.EG

2
A. 23, B. &’ c f D. i*\2

Hudng dan gidgi:.
Chon B. Taco AB.EG = AB.AC , mat khac AC = AB+ AD .
Suy ra AB.EG = AB.AC = E(E+E) = AB* + AB.AD = d*
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CAiu 75. Cho ttrdién ABCD ¢6 AB=a, BD=3a.Goi M, N lanluotla trung diém cua AD
va BC . Biét AC vuong goc v6i BD . Tinh MN

A My = 2O B. v = 10 c. ay =243 D. wy =342

3 2 3 2
Huwdng din gidi:
Chon B. I
Ké NP//AC (Pe AB), néi MP. j,./,?\

AN
NP 1a duong trung binh AABC = PN = %AC = % . Vi :I “.L.,\
/.- R s
MP 1a duong trung binh AABD = PM = lBD = 3_a' - I s
2 2 d,l{E---.-F::i;xa---------___- [}
Lai c6 (4C,BD)=(PN,PM )= NPM =90° suy ra x\i |" ,-"":
= AMNP vuong tai P. ., _1."'--’*
B

Vay MN =+/PN* + PM* = “*F.

Céu 76. Cho tr dién ABCD trong d6 AB=6, CD =3, goc gitta AB va CD 1a 60° va diém
M trén BC sao cho BM =2MC . Mit phang (P) qua M songsong v4i AB va CD cat BD
, AD, AC lanlugttai M, N, Q. Dién tich MNPQ bang

A. 242 B. 2 C. 243 D. %
Huwong din oldi:
Chgn C.
Thiét dién MNPQ 1a hinh binh hanh.
Ta c6(AB,CD)=(QM,MP)= OMP = 60° .
Suyra Sy, = ON.ON.sin 60°. Lai co
CM MO 1

ACMQ # ACBA=> —=MQ=2
AB ~ AB 3

AoN # acp =42 OV 2 oy )
AC CD 3

Do d6 S,,y, = OM .ON.sin60° =2.2.5in 60° = 243
Céu 77. Cho ttr dién ABCD c¢6 AB vudng goc voi CD, AB=4, CD=6. M 1a diém thudc
canh BC sao cho MC =2BM . Mit phang (P) di qua M song song voi AB va CD . Dién

tich thiét dién cua (P) véi tir dién la
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A.S B. 6 e p. 16
i 3 3
Huong dan gidi: o
Taco (AB,CD)=(MN,MQ)= NMQ = 90°. AT
Suy ra thiét dién MNPQ 13 hinh chit nhat. ol / S
Lai co: HF,-" / ) -_—.’-"'"-E{\)
ACMN ~ACBA= M _MN _1_ yn-2 T ‘;‘;,f‘* T
CB AB 3 3 S A
AANP ~AACD = AN NP 2 ip_y ot
AC CD 3
16
Suy ra S, p, = MN.NP = 3

Céu 78. Cho hinh 1ap phuong ABCD.A'B'C'D' . Goi M, N, P lan luot 1a trung diém cac canh
AB, BC,C'D' . Xac dinh goc giita hai duong thang MN va AP

A. 45°. B. 30°. C. 60°. D. 90°
Pap an A.

Loi giai ‘

Phwong phap 1: Gia su hinh 1ap phuong c6 canh bang a va MN//AC nén:

(MN, AP) - (AC,AP) . Ta tinh goc PAC .

2
Vi AA'D'P vuéngtai D' nén A'P=\A'D*+D'P* = /cf +(%J :%_
2
a\/gj _3a

AAA'P vudngtai A' nén AP =~ A4’ + A'P* = |a’ +( > 5

2
ACC'P vuéng tai C' nén CP=\/CC” +C'P* = |a® +“7 =#.

Tacd AC la dudng chéo clia hinh vudng ABCD nén AC = a2

Ap dung dinh 1y cosin trong tam gide ACP tacé: CP> = AC + AP> —2AC.AP.cos CAP

= cos CAP =% — cos CAP = 45° <90°. Nén (@):@:450 hay (Mm)=45°
Phwong phap 2: Ta co MN.AP = ‘muﬁ‘cos(m,ﬁ) = cos(m,ﬂ’) =%
MN)|.|AP

(*)
Ta co: Wﬁ:(ﬁ+§ﬁ)(ﬂ+ﬁ+ﬁ)
= MB.AA + MB.AD + MBD'P+BN.AA + BN.AD + BN.D'P

2
=0+O+£.3+0+§.a+0=3%(1)

a2 3_a_3\/§a2
2 "2

2 4 (2)

[V 4P| =
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3a’
Thay (1),(2) vao (*) ta dugc: cos(m,ﬁ’)z 3\/% . =%:>(m)=450.
a
4

Cau 79. Cho tir dién 4BCD c6 AB=CD =2a. Goi M,N lan luot 1a trung diém BC, AD .
Biét raing MN = a~/3. Tinh gbccua AB va CD
A.45". B. 30°. C. 60°. D. 90",
Pap an C.
Loi giai
Goi [ latrung diém cua AC . Tacd IM =IN =a.
Ap dung dinh ly cosin cho AIMN ta co:

2 2 2 2 2 a2
cosMINzIM +IN* — MN _a +a 3a 1

2.IM IN 2.a.a 2.

— MIN =120"
Vi IM / /AB,IN / /CD

= (4B,CD) = (IM,IN) =180° —120° = 60"

Cau 80. Cho ling try ABCA'B'C’ c6 d6 dai canh bén bang 2a, ddy ABC la tam giic vudng
tai A, AB=a, AC =a~/3 va hinh chiéu vudng goc cta dinh A4’ trén mat phang (ABC ) la
trung diém cta canh BC . Tinh cdsin cua goc giita hai duong thang 44', B'C’

Loi giai

Chon D

Phwong phap 1:

Goi H latrung diém cia BC, ¢ la goc gitra 44" va B'C'.

Taco A4'//BB' va B'C'//BC nén goc giita (Am) =(BB',BC) .

Ta tinh goc B'BH
AABC vudng tai 4 nén taco: BC = \/AB2 +AC? = \/a2 +3a’ =2a.
AH =%BC=a = A'H =~ 44" - AH? =\4d* —a* =a 3.

Vi AH 1 (A'B'C") nén A4'B'H vudng tai A’

B'H = AH*+ AB* =\a*+3d> =2a.
1p2 2 prry2 2, .2 4.2
s 55H - BB +BH ~BH' _4d’+d’ —4a
2B'B.BH 2.2a.a

=l. Chon A
4

Phwong phap 2:
Taco

 |a25C| |(4H +HA)BC| |4HBC+HABE| |4H BC|

a4l [BC 2a.2a 4a® 442
[44][5C]
‘;(2@2@)(2&2@)‘ ) ;(ACZ—ABZ) ) ‘;(3a2—a2)

COS @ = ‘COS (Z‘P, B—’C‘;)‘

1

4a® 4a® 4a® 4
Cau 81. Cho tir dién déu ABCD canh a. Goi O la tam dudng tron ngoai ticp ABCD . Goi M
la trung diém CD. Tinh cosin géc cia AC va BM

H 67



Tuyén chon va gidi thiéu: Nguyén Qubc Hoan 0913 661 886

NEE B 3 e B D Y2
4 6 2 2
Huwéng dan giai
Chon B
Cich 1. Goi N 1 trung diém AD ta c6: MN//AC :,»( AC;BM)z(MN;BM). Ta tinh goc

V3 AC a

BMN . Taco: BM =BN = % (trung tuyén tam giac déu). MN = - =5
Ap dung dinh 1y cosin cho ABMN , ta dugc:

- 2 2 2
cos BMN = BM”+MN"— BN = MN =£>0. Viy cos( AC;BM):—3.
2BM .MN 2BM 6 6
. |acBa| |ac(cm-cB)
Cach 2. cosqo:‘cos(AC,BM)‘z =
|4cl M a3
)
2 2
. a 0 of |4 4 a’
_‘ACCM—ACCB‘ B G.EC05120 —a.a.cos120 _‘ 4 + 2 B Z __3
a3 a3 a’/3 36
2 2 2 2
Cau 82. Cho hinh 1ap phwong 4BCD.EFGH . Hiy xac dinh goc giita cap vecto 4B va DH
A. 45° B. 90° C. 120° D. 60°
Huéng din giai:
AB 1L AE —
Chon B. = AB 1 DH = (AB,DH ) =90°
AE /| DH

Cau 83. Trong cac ménh dé sau ménh d& nao dung

A. Goc gitra hai duong thing a va b bang goc giita hai dudng thang a va c khi b song song
voi ¢ (hodc b trung vdic).

B. Goc giira hai duong thang a va b bang goc giita hai dudong thang a va ¢ thi b song song
voi c.

C. Goc giira hai duong thang 1 goc nhon.

D. Goc giira hai duong thang bang goc giira hai vécto chi phuwong ciia hai duong thiang do.
Huéng din giai:

Chon A.

Cau 84. Trong khong gian cho hai hinh vuéng ABCD va ABC'D' c6 chung canh AB va niam
trong hai mat phing khac nhau, 14n luot c6 tim Ova O'. Hay xéc dinh goc giita cap vecto AB
va 00"

A. 60° B. 45° C. 120° D. 90°

Huéng din giai:

Chon D.

Vi ABCD va ABC'D' 1a hinh vudéng nén AD// BC'; AD = BC'= ADBC'" 1a hinh binh hanh
Ma O; O' 1a tim cua 2 hinh vudéng nén O; O' 1a trung diém cta BD va AC' = 00" la duong
trung binh cua ADBC' = 00'// AD

Mat khac, AD 1 AB nén OO' L AB 1= (00", AB)=90°
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Céu 85. Cho tir dién ABCD c6 AB= AC = AD va BAC = BAD =60°, CAD =90°. Goi I va

J 1an luot 13 trung diém cua 4B va CD. Hay xac dinh goc giira cip vecto IJ va CD

A. 45° B. 90° C. 60° D. 120°

Huéng din giai:

Chon B.

Tacd BAC va BAD 132 tam giac déu, / 1a trung diém ctua AB nén CI = DI (2 dudng trung
tuyén ctia 2 tam giac déu chung canh 4B ) nén CID 1 tam giac can & 1. Do d6 IJ L CD.
Cau 86. Trong khong gian cho ba dudng thing phan biét a, b, c. Khang dinh nao sau day sai
A.Néu a va b ciing vudng goc véi ¢ thi a//b.

B.Néu a//bvicla thicLb.

C. Néu goc giita @ va ¢ bang goc gitra bva ¢ thi a//b.

D.Néu a va b cung nam trong mp(a)//c thi goc gilta a va ¢ bﬁng goc gitta b va c.
Huéng din giai:

Chon B.

Chu 87. Cho hinh chép S.ABC ¢6 SA=SB=SC va ASB=BSC = CSA. Hay xéc dinh goc
gitra cdp vecto SB va AC

A. 60° B. 120° C. 45° D. 90°
Huéng dan.

Chon D.

Ta c6: ASAB =ASBC = ASCA (c—g—c) = AB=BC=CA.

Do d6 tam giac ABC déu. Goi G 1a trong tim ctia tam giac ABC.
Vi hinh chép S.ABC c¢6 SA=SB=SC

nén hinh chiéu caa S trung véi G 4
Hay SG L (ABC) .

) {AC 1 BG
Ta co:

= AC L (SBG)
AC 1 SG

Suyra AC L SB. Vay goc gitra cap vecto SB va AC bang 90°.
Ciu 88. Cho tir dién ABCD c¢6 AB vudng gbc véi CD. Mit phang (P) song song véi AB
va CD lan luot cit BC, DB, AD, AC tai M, N, P, Q. Tt gid&c MNPQ 1a hinh gi

A. Hinh thang. B. Hinh binh hanh. A
C. Hinh chir nhét. D. T giac khong phai 1a hinh thang.
Huwéng dan P
Chon C.
(MNPQ)//AB 7
: = MQ//AB. B D
(MNPQ)N(ABC)=MQ

Tuong tu ta c6: MN//CD, NP//AB, QP//CD.

Do d6 tor gidc MNPQ 1a hinh binh hanh c

Lai c6 MN L MQ(do AB 1. CD)). Vay ti gidlc MNPQ 1a hinh chir nhat.

Cau 89. Trong khong gian cho hai tam gidc déu ABC va ABC' c6 chung canh 4B va nim
trong hai mat phang khac nhau. Goi M, N, P, Q lan lugt la trung diém cua cac canh
AC, CB, BC' va C'4 . Tt giac MNPQ la hinh gi

A. Hinh binh hanh. B. Hinh chit nhét. C. Hinh vuong. D. Hinh thang.
Huwéng dan <’
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Chon B. o

Vi M, N, P, Q nén dé thay tir gidc MNPQ 1a hinh binh hanh.

Goi H 1a trung diém cia 4B .

CH L 4B

C'H 1L AB

Suyra AB L (CHC'). Do d6 AB L CC'.
PQ//AB

Taco: < PN//CC' = PQ 1L PN . Vay t gidc MNPQ la hinh chit nhat.
AB L CC’

Céu 90. Cho ttr dién ABCD ¢ AB= AC = AD v BAC = BAD =60°,CAD=90". Goi I va
J 1an luot 14 trung diém cia 4B va CD . Hay xac dinh goc giita cip vecto AB va IJ

Vi hai tam giac ABC va ABC' nén {

A. 120° B. 90° C. 60° D. 45°
Huéng din A
Chon B.
Xét tam giac ICD ¢6 J 1a trung diém doan CD.
Taco: 1J =~ (IC+ID) ]

2

Vi tam gidc ABC ¢6 AB = AC va BAC =60°

Nén tam gidc ABC déu. Suy ra: CI L AB B D
Tuong tu ta c6 tam gidc 4BD d€unén DI 1 AB.

Xét 1J.AB = (IC+1D).AB = IC.AB + ID.AB =0.

Suy ra 1J L AB . Hay goc giita cip vecto AB va I bang 90°.
Cau 91. Cho tir dién 4BCD c6 trong tim G . Chon khing dinh dung
A. AB’> + AC* + AD’* + BC* + BD* + CD’* =3(GA’ + GB* + GC* + GD’

B. AB> + AC? + AD* + BC* + BD* + CD? =4(GA2 +GB*+G(C? +GD2)
C. AB> + AC?* + AD* + BC? + BD* + CD> =6(GA2+GBZ+GC2+GD2)

D. AB*+ AC* + AD?> + BC* + BD* + CD* =2(GA? + GB* + GC* + GD?

Huéng din
Chon B.
AB* + AC* + AD* + BC* + BD* +CD?

- —\2 —_— —\2 —_— —\2 _ —\2 _ —\2 — —\2
:(AG+GB) +(AG+GC) +(AG+GD) +(BG+GC) +(BG+GD) +(CG+GD)
=34G+3BG” +3CG* +3DG” +2(4G.GB + AG.GC + AG.GD + BG.GD + BG.GD + CG.GD (1)

A
Lai co:
(62+5§+55+55)=6
< GA* +GB? + GC? + GD? .
:Z(E.@+E.R’+E.@+ﬁ.@+B—G.@+@.@)(2)
Tir (1) va (2) ta c6 diéu phai chimg minh.
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Céu 92. Cho ttr dién ABCD c6 hai mit ABC va ABD la cac tam giac déu. Goc giita 4B va
CD la

A. 120° B. 60° C. 90° D. 30°
Huéng din
Chon C.
Goi [ 1a trung diém cua AB i 4 D
Vi ABC va ABD la cac tam giac déu
CI 1L AB 1
An{ .Suyra AB L (CID)= AB LCD .
DI 1 AB B
Cau 93. Cho tir dién ABCD c6 hai cip canh d6i vudng goc. Trong cac ménh dé sau ménh dé
nao dung
A. T dién c6 it nhat mot mat 13 tam giac nhon B. T dién c6 ca bdn mat 1a tam giac nhon
C. Tt dién c6 it nhét hai mat 1a tam giacnhon D. Tu dién co it nhat ba mit 14 tam giac nhon
Huéng din
Chon A.

Cau 94. Cho hinh chop S.ABCD c6 tat ca cac canh déu bang a. Goi I va J lan luot 13 trung
diém ciia SC va BC. SH do ctia goc ( I, CD) bang

A. 90° B. 45° C. 30° D. 60°
Huéng din

Chon D.

Goi O 1a tam caa hinh thoi ABCD.

Taco: OJ//CD.

Nén goc gitta IJ va CD bang goc giita 1J va OJ .

Xét tam giac 10J co

=Lsp-2os-Lep-9 j0-Lsa-2 .
2 2 2 2 2 2 B

Nén tam gidc /0J déu.
Vay géc gitta IJ va CD bing géc gitta 1J va OJ bing géc 1JO = 60°.
Céu 95. Cho hinh hop ABCD.A'B'C'D' . Gia st tam giac AB'C va A'DC’ déu co 3 goc nhon.

Goc giira hai duong thang AC va A'D 1a goc nao sau day A’ D'
A. ABC  B.DAC' C.BBD  D.BDB '
Huéng din Be RN
Chon B. i AN
Ta co: AC//A'C" nén gbc gitra hai duong thang AC va A'D N \
la goc gitta hai duong thang A'C" va A'D va bang gbc nhon AN - D
DA'C’ (Vi tam gide A'DC’ ddu c6 3 goc nhon). P
Blc---"" AN
C
Cau 96. Cho tir dién déu ABCD . Sb do goc giita hai duong thing AB va CD bang
A. 60° B. 30° C. 90° D. 45°
Huéng din
Chon C.

Goi G la trong tam tam giac ABC .
Vi tit dién ABCD déunén AG L(BCD).
. [CD L AG
Ta co: = CD L (ABG)=CD L 4B .
CD 1 BG

Vay s6 do goc gitra hai dudng thing 4B va CD bang 90°
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Cau 97. Trong cac ménh d¢ dudi diy ménh dé¢ dung 1a

A. Cho hai duong thang song song, duong thang nao vudng goc véi duong thang thir nhat thi
cling vudng goc voi dudng thang thi hai.

B. Trong khong gian , hai duong thang phéan biét cting vudng goc voi dudng thang thir ba thi
song song voi nhau.

C. Hai duong thang phéan biét vudng goc véi nhau thi chung cat nhau.

D. Hai dudng thing phan biét cing vudng goc v6i duong thang thir ba thi vudng goc véi nhau.
Huéng din giai:

Chon A.

Cau 98. Cho tir dién ABCD co6 hai cap canh ddi vuong goc. Cit tr dién do6 béng mot mat
phing song song véi mot cip canh ddi dién cua tir dién. Trong cic ménh dé sau ménh d& nao

diang

A. Thiét dién 14 hinh chit nhat. B. Thiét dién 13 hinh vuong.
C. Thiét dién 1 hinh binh hanh. D. Thiét dién 13 hinh thang.
Huéng dan giai:

Chon A.

Gia str thiét dién 1a to giasc MNPQ .

Ta c6: MN//PQ va MN = PQ nén MNPQ 1 hinh binh hanh
Lai c6 AC L BD = MQ 1 PQ

Vay tir gidc MNPQ 1a hinh chir nhat.

Cau 99. Cho tir dién 4BCD . Chimg minh ring néu AB.AC =.AC.AD = AD.AB thi AB 1 CD
, AC L BD, AD 1 BC . biéu ngugc lai ding khong

Sau day 1a 161 giai:

Butée I: AB.AC = . AC.AD < AC.(AB-AD)=0 < AC.DB=0< AC 1L BD

Buorce 2: Chung minh twong tu, tir AC.AD = AD.AB ta duoc AD 1 BC va

AB.AC = AD.AB ta duoc AB L CD. o

Buoc 3: Nguoc lai dung, vi qua trinh chung minh ¢ budc 1 va 2 1a qua trinh bién d6i
tuong duong. ’

Bai giai trén diing hay sai? Neéu sai thi sai & dau?

A. Sai ¢ budc 3. B. bing C. Sai ¢ budc 2. D. Sai ¢ budc 1.

Huoéng dan giai:

Chon B.

Céu 100. Cho hinh chép S.4BC c6 SA=SB=SC va ASB = BSC = CSA. Hay xac dinh goc
gitra cdp vecto SC va AB

A. 120° B. 45° C. 60° D. 90°
Huéng dan giai:

Chon D.

Ta co: SC.AB = SC.(SB —52) = SC.SB - SC.SA

N

= SA.SBcosZﬁ—SCﬁécos@ =0 p c
Vi S4=SB=SC va BSC = ASC

Do d6: (:S’Z’, ZE) =90°. \B
Cau 101. Cho hinh chép S.ABCD c6 day 1a hinh vuéng ABCD canh bang a va cac canh bén

déu bang a. Goi M va N lan luot Ia trung diém ciia 4D va SD. S do cta goc (MN, SC)
bang
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A. 45° 3 B. 30° C. 90° D. 60° s
Huodng dan giai:

Chon C.

Taco: AC =av2

= AC* =2a’ =S4’ + SC* = ASAC vudngtai S .
Khi do: N#.SC = 545C =0 < (N, 5C) =90°

= (MN,SC)=90°
Cau 102. Cho hinh lap phuong ABCD.4,B,C,D,. Chon khang di /

A. Géc gitra AC va B,D, bang 90°. B. Goc gifraAlng1 va AAjﬁl1 bang 60°.

C. Goc gitta AD va BC bang 45°. D. Goc gitta BD va AC, bang 90°.
Huéng dan giai:

Chon B. D,
Ta co: ﬂ:ﬁ = B_B:§l3 = B_B:(EZ + EE) B ¢

— BB .BA+BB,.BC =0
(vi (BB,,BA)=90" va (BB,,BC)=90")

Do d6: (E’BID1)=9OO:>(AA1,BID1)=9OO p L
Cau 103. Cho hinh lap phuong ABCD.AB,C,D, ¢6 canh a. Goi M 1a trung diém AD. Gia
tri BM.BD, 1a

A. laz. B.a’. C. Eaz. D. iaz.
2 4 2 4
Huodng dan giai: B
Chon A. b C
Ta c6: BM .BD, =(ﬁ+ﬂ+m)(ﬂ+E+D—Dl)
2 2 A
- &t . B
~BBDD,+BA + AM AD=-a’+d’ +% =L M
2 2 D c

Cau 104. Cho hinh hop A4BCD.A'B'C'D’ ¢6 tit ca cic canh déu bang nhau. Trong cdc ménh
dé sau, ménh d€ nao co6 theé sai
A. A'C'" L BD B. BB' | BD C. ABLDC’ D. BC' L A'D
Huéng dan giai:
Chon B.
Tac6: 553D = BF.(Bi+ BC) = BB.Fi+ BF.BC
=BB'.BA (cosﬁB\A +cosB'BC )
Vi AA'B'B va ABCD la hai hinh thoi bang nhau nén
+ B'BA=BBC = BB.BD#0 0 suyra BB’ khong vudng goc véi BD

+ B'BA+B'BC =180° = cosB'BA = —cosB'BC = BB.BD =0 suy ra BB' L BD

Nén dap an B c6 thé sai vi chua c6 diéu kién cua goc B'BA va B'BC

Cau 105. Trong ciac ménh dé sau day, ménh dé nao 1a ding

A. Néu dudng thing a vudng goc voi dudng thing b va dudng thing b vudng goc voi duong
thang ¢ thi @ vudng goc véi ¢
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B. Cho ba dudng thang a, b, ¢ vudng goc véi nhau ting do6i mot. Néu c6 mot duong thang d
vudng goc voi a thi d song song vdi b hoac ¢

C. Néu duong thing a vudng goc voi duong thang b va duong thang b song song véi duong
thang c thi a vudéng goc voi ¢

D. Cho hai duong thiang a va b song song véi nhau. Mot duong thang ¢ vudng goc véi a thi
¢ vudng goc voi moi dudng thang nam trong mit phang ( a, b) .

Huéng dan giai:

Chon C.

Cau 106. Cho hinh 1ap phuong ABCD.EFGH . Hay xac dinh goc E "
gifta cip vecto AB VAEG F -

A. 90° B. 60° C. 45° D. 120°

Huéng dan giai:

Chon C. e D
Taco: EG//AC (do ACGE 1a hinh chit nhét) 5 .4_._‘_;-::::::::2..........::;._.,;.:::I,';"

= (4B,EG)=(4B, AC) = BAC = 45°
Cau 107. Cho tir dién ABCD déu canh bang a. Goi M 1a trung diém CD, a la goc giita
AC va BM . Chon khang dinh dtng
A. cosocz—3 B. cosa = —— C. cosocz—3 D. a =60’

4 V3
Huéng din giai:
Chon C.
Goi O latrongtdm cia ABCD = AO L (BCD)
Trén duong thang d qua C vasong song BM lay diém
N sao cho BMCN 1a hinh chit nhét, tir d6 suy ra:
(4C.BM)=(4C,CN)=(4CN )=«

3

Co: CN=BM=7a va BNZCN:%

2
AO? = AB*> — BO? = AB? —(%BMJ =§a2

2 2 a2
ON® = BN? + BO? =L-a? : AN =JAO* + ON? :ﬁa L cosq= AC HCN - AN 3
12 2 2ACCN 6

Cau 108. Trong khéng gian cho hai tam gidc déu ABC va ABC' c6 chung canh 4B va nam
trong hai mat phang khac nhau. Goi M, N, P, Q lan lugt la trung diém cua cac canh
AC, CB, BC' va C'A.Hay xac dinh goc giira cip vecto AB va cC'
A. 45° B 120° C. 60° D. 90°
Huwdéng dan giai:

Chon C.
Goi I 14 trung diém CC’
ACAC' cantai A = CC' L Al (1)
ACBC' cantai B = CC' L BI (2)
— 0O cC' 1 (AIB)= CC' L AB=CC' = 4B

Két luan: goc giita CC' va 4B 1a 90°
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Cau 109. Cho a=3, b=5 goc gilra avab bang 120°. Chon khang dinh sai trong cac khang
dinh sau

A. \mz?\:\/ﬁ B. \5—5\=7 C. \5—25\=\/139 D. \zz+25\=9
Huéng din giai
Chon A.

Ta cb: ‘a+5‘2 =a*+5* +2ab.cos(d.b)=19 ‘&+Er —d+b +2E.B.cos(&,5)=19

Cau 110. Cho hinh lap phuwong ABCD.EFGH . Hay xac dinh gbc giira cap vecto AF va EG
A. 90° B. 60° C. 45° D. 120°

Huéng din giai:

Chon B. H G
Dat canh cua hinh 1ap phuong trén 1a a

Goi I 14 giao trung diém EG

Qua A ké duong thang d//FI

Qua / ké duong thing d'//FA E
Suyra d cat d' tai J.

Tur d6 suy ra (ﬁﬁ)z@za d

~

IJ = AF =2EI =2FI =2A4J = a2 a7

EJ’ = AE* + AJ? =% 4 B

|EP” + 1) + AJ? |
CoOSa = =
| 2ELE] |
Cau 111. Trong khéng gian cho ba diém 4, B, C bat ky, chon diang thuc ding
A. 24B.AC = AB* + AC* — BC? B. 24B.AC = AB* + AC* - 2BC?
C. AB.AC = AB*+ AC* -2BC? D. AB.AC = AB* + AC* - BC?
Huéng din giai
Chon A. BC? = AB* + AC* —24B.AC.cos(AB, AC) = AB> + AC* ~2.4B.AC
Cau 112. Cho hinh 13p phuwong ABCD.EFGH cb canh bing a. Tinh AB.EG

3 -

D. a
2

l:>oz:60°
2

A. a*\3 B. &’ C.
Huéng din giai.

Chon B. Taco ZEE@:ZE.ZE, miét khac AC = AB+ AD .

Suy ra AB.EG = AB.AC = ZE(ZE+A_5) = AB*+ AB.AD = d°

Cau 113. Cho tir dién ABCD c¢b6 AB=a, BD=3a.Goi M, N lan luot la trung diém cua
AD va BC . Biét AC vudng goc véi BD. Tinh MN

a6 a10 2a+3 3a\2

B. MN = C. MN = D. MN
3 2 3 2

A. MN =
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Huéng din giai o
Chon B f,r\\
Ké NP//AC (Pe AB), nbi MP. < II

NP 1a dudng trung binh A4BC :PNz%ACz%.
At
1 3a f ,
MP 1a duong trung binh AABD = PM =EBD=7. { A ™,
R A— R

Lai c6 (AC, BD)=(PN,PM)=NPM =90° suy ra A ? -
= AMNP vuong tai P. ’ ", o

Vay MN =+PN* + PM? _aV10

Cau 114. Trong ciac ménh dé sau day, ménh dé nao 1a ding

A. Mot duong thang cét hai duong thang cho trude thi ca ba dudng thang dé cting ndm trong
mot mat phang

B. Ba duong thang cat nhau timg d61 mot va khong nam trong mot mat phang thi dong quy

C. Mot duong thang cit hai duong thang cat nhau cho trudc thi ca ba dudng thang d6 ciing nim
trong mot mit phang

D. Ba duong thiang cit nhau timg d6i mot thi ciing nam trong mot mat phang

Huéng din giai

Chon B.

Goi d,, d,, d, 12 3 dudng thang cat nhau timg d6i mot. Gia st d,, d, catnhautai A, vi d,
khong nam clng mit phang véi d,, d, mad, cit d,, d, nén d, phai di qua 4. That vy gia
str d, khong di qua A thi n6 phdi cit d,, d, tai hai diém B, C diéu nay 14 v li, mot duong
thang khong thé cit mot mat phing tai hai diém phan biét.

Cau 115. Cho tt dién ABCD trong 36 AB=6, CD =3, gbc giira AB va CD 1a 60° va diém
M trén BC sao cho BM =2MC . Mit phang (P) qua M song song voi AB va CD cat BD

, AD, AC lanluottai M, N, Q. Dién tich MNPQ bing

A. 22 B.2 C. 243 D. %
Huéng din giai 4
Chgn C. s
Thiét dién MNPQ 1a hinh binh hanh. / f N\
Ta c6 (4B,CD)=(OM,MP)=QOMP = 60°. ' fl i
b
Suyra S,,y, = ON.ON.sin60° . e | " &
Lai ¢6 , ' I’ ,.F:?'F '\.“
M MO 1 S L S
ACMQO # ACBA=—="Z=—= MQ =2 LS i S
© B ap 3 M@ S ;‘j’ft e
A 2 N ’
AON # Mcp =229V 2 _ oy o b
AC CD 3 o
Do d6 S, = OM.ON.5in60° =2.2.5in 60° = 24/3 . g

Cau 116. Cho ta dién ABCD c6 AB vuong goc véi CD, AB=4, CD=6. M la diém thudc
canh BC sao cho MC =2BM . Mit phang (P) di qua M song song vdi AB va CD. Dién
tich thiét dién cua (P) véi tir dién la
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A.5 B.6 C. 7 D. 16

3 3 3
Huwéng dan giai
Chon D.
Taco (4B,CD)=(MN,MQ)= NMO =90°. Suy ra thiét dién MNPQ 14 hinh chit nhat.
Lai c6: ACMN # ACBA:C—A/[=M=l:>MN=i

CB AB 3 3
aaNP# AdcD =N NP2 p_4. Suyra Sy, = MNNP =
AC CD 3 3

Cau 117. Cho tir dién ABCD ¢6 AB= AC = AD va BAC = BAD = 60" . Hay xac dinh goc
gitra cdp vecto AB va CD

A. 60° B. 45° C. 120° D. 90°
Huéng din giai
Chon D. a
Ta co
AB.CD ~ 4B.(AD - AC) = AB.AD - AB.AC
B D

= AB.AD.c0s60° — AB.AC.cos 60" =0
- (E, ﬁ)) =90° ¥
Cau 118. Cho hinh 1ap phuong ABCD.A,B,C,D,. Goc gitta AC va D4, la
A. 45° B. 90° C. 60° D. 120°
Huéng din giai B C
Chon C. P | .
Vi A'C"//AC nén goc gitta AC va D4, 1a DAC, . ;
Vi tam gidc DA,C, déu nén D/AE =60°. ) ______________ c

N B !
Vay goc gilta AC va DA, bang 60° .

Al D1

Céu 119. Cho hinh chép S.4BC ¢6 SA=SB=SC va ASB = BSC = CSA. Hay xac dinh goc
gitta cdp vecto SA va BC

A. 120° B. 90° C. 60° D. 45°

Huéng din giai s

Chon B.

Ta cod

SA.BC = 5i.(5C- 5B - SA5C - SA.5B A .

= SA.SC.cos ASC — SA.SB.cos ASB = 0

= (54,BC)=90° 5

CAu 120. Cho t&r dién déu ABCD, M la trung diém cta canh BC. Khi d6 cos(AB,DM)

bang

A2 B 3 el p. 33
2 6 2 2
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Huéng din giai )
Chon B.

Gia st canh cua tir dién la a.

ABDM _ AB.DM

Ta co cos(AB,DM): ‘ZE‘ o a\/§ B D
’ G.T M

Mt khac ¢

AB.DM = ZE(A—A/Y — 25) = AB.AM — AB.AD = AB.AM .cos30° — AB.AD.cos 60°

V3 V3

Do ¢6 cos(ﬁ?,D—M):?. Suy ra cos(AB,DM):?.

Cau 121. Cho tir dién ABCD c6 AB vudng goc véi CD, AB=CD=6. M 1la diém thudc
canh BC sao cho MC=x.BC (0<x<1). mp(P) song song v6i AB va CD lan luot cét
BC,DB,AD, AC tai M,N,P,Q. Dién tich 16n nhét cia tir giac béng bao nhiéu

A. 9 ) B. 11 C. 10 D. 8

Huwéng dan giai

Chon A.

MQ/INP//AB
MN//PQ//CD
= MNPQ 1a hinh binh hanh.

Mit khac, 4B 1 CD = MQ 1. MN .
Do d6, MNPQ 1a hinh chit nhat.

Vi MQ//AB nén %:%

Xét tor gidc MNPQ c6 {

=x=>MQ=x.AB=06x.

CB

Theo gia thiét MC =x.BC = BM =(1-x)BC.

Vi MN//CD nén @zﬁzl—x:MNz(l—x).CD=6(1—x).
CD BC

Dién tich hinh chit nhdt MNPQ 1a

2
Syveo =MN.MQ=6(1—x).6x=36.x.(1—x)s36(x+;_xj -9 .
Taco Syypp =9 khi x=1—x<:>x=%

Vay dién tich tr giic MNPQ 16n nhét bang 9 khi M 1a trung diém cua BC.
Céu 122. Cho tir dién ABCD déu canh bang a. Goi O 1a tim duong tron ngoai tiép tam giac
BCD. Goc gitta AO va CD bang bao nhiéu
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A. 0° B. 30° C. 90° D. 60°
Huéng din giai
Chon C.

Tacod 2555 = (65—@)55
=CO.CD - CA.CD = CO.CD.c0s30° — CA.CD.cos 60°

a3 3 1 & &
a.———aa.

3 2 2 2 2

Suyra A0 LCD.

Cau 123. Cho t dién ABCD c¢6 AB=CD. Goi I,J,E,F lan luot 1a trung diém cia

AC,BC,BD, AD . Géc (IE, JF) bang

A. 30° B. 45° C. 60° D. 90°

Huéng din giai

Chon D.

T giac IJEF 1a hinh binh hanh.

IleAB

Mt khac 21 ma AB=CD nén IJ =JE.
JE=—CD
2

Do d6 IJEF 14 hinh thoi.
Suy ra (IE, JF)=90".

Cau 124. Trong cic khing dinh sau, khang dinh nao ding

A. Hai duong thang cling vudng gbc v6i duong thang thir ba thi song song véi nhau.

B. Néu duong thang a vudng goc véi duong thang b va dudng thang b vudng goc véi duong
thang ¢ thi @ vudng goc véi c.

C. Cho hai dudng thang phan biét a va b. Néu duong thang ¢ vudng goc v6i a va b thi a, b
, ¢ khong ddng phang.

D. Cho hai dudng thang @ va b song song, néu a vudng goc voi ¢ thi b ciing vudng goc véi c.
Huéng din giai

Chon D. Theo nhén xét phan hai duong thang vudng goc trong SGK thi dap an D dung.

Cau 125. Ménh dé nao sau dédy 1a diing

A. Mot duong thang vudng goc véi mot trong hai duong thing vudng goc thi song song voi
duong thiang con lai.

B. Hai duong thang ciing vudng goc véi mot duong thang thi song song véi nhau.

C. Hai duong thing cing vudng goc véi mot dudng thang thi vudng goc voi nhau.

D. Mot dudng thang vudng goc voi mot trong hai duong thang song song thi vudéng goc véi
dudng thang kia.

Huéng din giai

Chon D. Theo nhan xét phan hai dudng thang vudng goc trong SGK thi dap an D dung.

Cau 126. Cho tir dién ABCD véi AC =%AD,6179 — DAB =60°.CD = AD . Goi ¢ 1a gbc

giita 4B va CD. Chon khang dinh ding
A. cosq)z%. B. p=60°. C. p=30°. D. cosq)zi.

Huéng din giai
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Chon D.
—_— AB.CD AB.CD A
Ta c6 cos(4B,CD) = ABCD _ABCD /N
\AB\_\CD\ AB.CD 4
Mit khac
E.FD:E(E—R):E.E—TB.E . b
= AB.AD.cos 60° — AB.AC.cos 60°
— 4BAD A a2 ap =L 4 ap-—Luncp. C
2 2772 4 4
L 1 ygep :
Do co cos(AB,CD) S S Suy ra cosp =—.
AB.CD 4 4

Cau 127. Trong khong gian cho hai hinh vuéng ABCD va ABC'D' ¢6 chung canh AB va
nam trong hai mat phang khac nhau, 1an luot ¢6 tim O va O'. Tt gidc CDD'C’ 13 hinh gi

A. Hinh binh hanh. B. Hinh vuong. C. Hinh thang. D. Hinh chit nhat.
Huéng din giai

Chon D.

T giac CDD'C" 1a hinh binh hanh. Lai c6: DC L (ADD') = DC L DD'.

Vay tr gidc CDD'C' 1a hinh chir nhat.

Cau 128. Cho tir dién ABCD ¢6 AB=CD =a, IJZ% (1,J lan luot 1a trung diém cua BC
va AD). S6 do goc giira hai duong thang 4B va CD bang

A. 30° B. 45° C. 60° D. 90°
Huéng din giai

Chon C. B

Goi M 1a trung diém ciia AC.

Goc gitra hai duong thang AB va CD bang goc giita hai duong ;

thang MI va MJ. .

IM?+MJ*-1J° 1

Tinh dugc: cosIMJ = -— 5
2MIMJT 2 °
Tir d6 suy ra s6 do goc giita hai duong thang AB va CD 1a 60°. !

Cau 129. Cho tir dién ABCD vé6i AB L AC, AB L BD . Goi P, O lan luot 1a trung diém ciia
AB va CD. Goc gitta PQ va 4B la

A.90° B. 60° C. 30° D. 45°
Hwong dan giai

Chon A. AB.PQO= AB L PO

Cau 130. Cho hai vecto a,b théa man: ‘;z‘ =4;

5‘=3;

Zz—l;‘ =4. Goi a la gbc gitra hai vecto
21,5 . Chon khfmg dinh dung
A. cosaz%. B. a =30°. C. cosazé. D. a =60°.

Huéng din giai
Chon A.
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- - -2 |z - - b 3
(a-b) =[a[ +[p[ ~2a5= ab ~2. Dodé: cosa =22 -3
: o] 8
Cau 131. Cho tar dién ABCD. Tim gia tri cta k thich hgp thdéa man
AB.CD+ AC.DB+ AD.BC =k
A k=1. B. k=2. C. k=0. D. k=4.
Huéng din giai
Chon C.
AB.CD + AC.DB + AD.BC = (ZE+E§)EE +AC.DB— AD.CB
_ 4C(CD + DB) + CB(CD - 4D) - 4C.CF + CB.AC =0,
Cau 132. Trong khong gian cho tam giac ABC c6 trong tdim G . Chon h¢ thic ding
A. 4B’ + AC* + BC* =2(GA* + GB> + GC?).
B. AB* + AC* + BC* = GA® + GB®* + GC°.
C. AB’ + AC* + BC* = 4(GA* + GB* + GC?).
D. AB* + AC* + BC* =3(GA® + GB® + GC?).
Huéng din giai
Chon D.
Cach 1

Ta co (@+FB+§')2 =0

& GA* + GB? + GC? +2GA.GB + 2GAGC +2GB.GC = 0

© G4’ +GB* +GC* +(GA* + GB* — AB” ) +(GA* + GC* - AC*) +(GB> + GC* = BC*) =0
& AB* + AC* + BC* =3(G4’ +GB® + GC?)

Cach 2: Ta co:

_AB*+4C* BC’

2
MA ) 4 :GAzzi[ABerAcz_Bcz]

2 2 4

Tuong tu ta suy ra dugc

2 2 2 2 2 2 2 2 2
Go 1 GB G2 = A[AB°+4C*  BC* | BA +BC* AC' | CAL +CB 4B}
ol 2 4 2 4 2 4

= l(AB2 +BC* +CA).
3

©3(GA* + GB* +GC*) = 4B’ + BC* + C4’

Cich 3: Chuén hoa gia sir tam gidc ABC déu c6 canh 1a 1. Khi d6
AB?>+ BC* +CA* =3
GA> +GB* +GC* =1

Cau 133. Trong khong gian cho tam gidc ABC. Tim M sao cho gia tri ciia biéu thuc

P = MA* + MB* + MC? dat gi tri nho nhat

A. M latrong tdm tam giac ABC'. B. M latam duong tron ngoai tiép tam giac ABC'.

C. M 1a truc tam tam giac ABC'. D. M 1a tdm duodng tron ndi tiep tam giac ABC'.

= 3(GA2 +GB* + GCZ) = AB® + BC* +CA”.
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Huéng din giai
Chon A.
Goi G la trong tam tam giac ABC = G ¢b dinh va GA + GB + GC =0.

— —\2 N —\2 _— —\2
P=(MG+GA| +(MG+GB| +(MG+GC)
=3MG” +2MG.(GA+GE +GC )+ G4 + GB® + GC?
=3MG’ +GA’ + GB*> + GC* > GA* + GB* + GC".
Diu bang xay ra < M =G.
Vay P, =GA* +GB* +GC? v6i M =G 1a trong tdm tam gidc ABC.

Cau 134. Cho hinh lap phuong ABCD.EFGH . Hay xac dinh goc gilta cap vecto AF va EG

A 90" B. 60" C. 45’ D. 120°
Huong dan gidi:
Chon B. Dat canh cua hinh 1ap phuong trén 1a a. Goi A

I 1a giao trung diém EG . Qua A ké dudng thing
d//FI . Qua I ké duong thing d'//FA.Suyra d cit

d' tai J. Tu d6 suyra (E_Gq,ﬁ)zglt\lza
IJ = AF = 2EI = 2FI = 24J = a2

EJP = AE* + AJ =2

_|E12 IR+ A| 1
| 2ELES | 2

Céu 135. Cho tit dién ABCD c6 DA= DB =DC va BDA=60°, ADC =90°, BDC =120°.
Trong cac mat cua tir dién do

S S a=60° p .

A. Tam gidc ABD c6 dién tich 16n nhat. B. Tam giac BCD c6 dién tich 16n nhét.
C. Tam giac ACD c6 dién tich 16n nhat. D. Tam gidc ABC c6 dién tich 16n nhat.
Huéng din giai
Chon D.
bit DA=DB=DC=a e

2 4 |

. A NPT a \/g -
Tam giac ABD déu canh a néndiéntich S, = 7 ,/
1 a *jf Py
Tam gidc ACD vuodn tai D nén dién tich S, =5DA.DC =7 A ' ;ﬁ\‘
. a’
i L ., . 1 ) 0 az\/g ", -~ d

Dién tich tam giac BCD 1a S, = EDB.DC sin120" = 7 P

Tam gidc ABC ¢6 AB=a, AC = a2, BC = a\/3 néntam gidc ABC vudng tai A.Dién tich

2
tam gidc ABC 1a S, = %AB.AC =2 ;/5 . Vay dién tich tam gidc ABC 16n nht.

Céu 136. Trong cac ménh dé sau day, ménh dé nao dung

A. Hai duong thang cung vudng goc véi mot dudng thang thi song song voi nhau.

B. Mét duong thang vudng goc véi mot trong hai duong thang vudng goc v4i nhau thi song
song véi dudng thing con lai.

C. Hai duong thing cung vudng goc véi mot dudng thang thi vudng goc voi nhau.
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D. Mot dudng thang vudng goc voi mot trong hai duong thang song song thi vudéng goc véi
dudng thang kia.

Huéng din giai

Chon D. Theo nhén xét phan hai duong thang vudng goc trong SGK thi dap an D dung.

Cau 137. Trong ciac ménh dé sau ddy, ménh dé nao dung

A. Cho hai dudng thang a, b song song v6i nhau. Mot dudng thang ¢ vuéng goc véi a thi ¢

vudng goc v6i moi dudng thang nam trong mat phang (a,, b).

B. Cho ba dudng thang a, b, ¢ vudng goc voi nhau timg doi mot. Néu c6 mot dudong thang d
vudng goc véi a thi d song song véi b hodc ¢ .

C. Néu duong thing « vudng goc voi duong thing b va dudng thing b vudng goc véi dudong
thang ¢ thi duong thing « vudng goc voi dudng thang c.

D. Néu dudng thang a vudng goc véi duong thing b va dudng thing b song song véi duong
thing ¢ thi duong thing a vudng goc voi dudng thang ¢ .

Huéng din giai

Chon D.

Cau 138. Cho hai dudng thing phan biét ¢, b va mat phang (P ) , trong doa L (P) . Ménh dé

nao sau day la sai

A.Néub L (P) thi b/a. B. Néu b//(P) thib L a.
C.Néu b//a thi b L (P). D.Néu b L a thi b//(P).
Huéng din giai

Chon D.

Cau 139. Cho hai vecto a,b théa man: ‘ ‘ =3;05=10. Xét hai vecto y=a—b

X=a-— 25, . Goi a 1a goc gitra hai vecto X,y y. Chon khang dinh ding

-2 1 3
A. cosa=——. B. cosag=——. C. cosa=——. D. cosa =
V1 V15

J15
Huéng din giai
Chon D.
Tac xy=(a-2b)(a-B)=(a) +2() ~3ab=4.
{=y(5) = (a-25) = (@) +4(5) ~4ab =245
T Ba— - X. 4 2
=) =\(@-8) (@) + (&) FIERENcn e
Cau 140. Cho hinh chop S.ABCD c6 day ABCD la hinh vudng canh bang a va cac canh bén

déu bang a. Goi M, N lan luot 13 trung diém cta 4D va SD. S6 do ciia goc (MV ,S8C ) bang

A. 30° B. 45° C. 60° D. 90°
Chon dap an D
Do MN la duong trung binh trong tam giac SAD

Do d6 MN //SA suy ra (m) = (m)
Lai 6 SA = SC = a; AC = a2 = ASC = 90° = (54, AC)
Do d6 (MN,SC)=90°.

=
o))

—2ab = f cosa =
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Céu 141. Cho hinh chop ngi giac déu S.ABCDE. Géc giita canh bén S4 va céc canh ddy 6 s6
do 16n nhat 1a

A. 36° B. 54° C. 60° D. 90°

Chon dap an D o~ E
Goi O 1a tam ngii giac déu ABCDE suy ra SO L (ABCDE) bﬂ‘

. [oc=0D th g W
Lai co =0A41CD, | \ j

AC = AD b i:\ . . o

Mat khic CD L SO=>CD L (SOA)=>SA L CD do 6 géc gita ™"
canh bén SA4 va cac canh day co sb do 16n nhat 1a 90°. e

Céu 142. Cho hinh chép luc gidc déu S.ABCDE c6 canh day bang a. Goi O 1a hinh chiéu cia
S 1én mit day va SO = a . Géc giita canh bén S4 va cac canh day c6 s6 do nho nhat 1a

A. 30° B. 45° C. 60° D. 90°
Chon dap an B
. AR J00° ° ‘ o
Taco: AOB = =60° = OA4B la tam giac deu.
. 3
Khi d6 goi H 1a trung diém cua AB = AH = %;OH = a;/—

— SH =/SO* — OH> =%:>tan@=1:>§41\1=45°

Khi d6 goc giira canh bén S4 va cac canh day c6 sé do nho nhit 1a goc SAB va bang 45°.
Cau 143. Cho biét khang dinh nao sau déy 1a sai

Cho céc tam giac déu ABC, ABD va ABE, trong d6 ABC va ABD cing thudc mdt mit phang
con ABE khong thudc mit phang d6. Goi 7 1a trung diém cta 4B, ta co

A. CE vudng goc voi DE. B. CD vuong goc voi AB.

C. BE vudng goc voi AE. D. AB vubdng gbc voi EI.

Chon dap an C

Cau 144. Néu duong thang d c¢6 vecto chi phuong 1a i = 0 thi

A. dudng thang d6 chi c6 mot vecto chi phuwong duy nhat 1 .

B. dudng thing d6 c6 dung hai vecto chi phuong 13 i va —ii .

C. dudng thang d6 co thém mot vecto chi phwong nita 1a ki , véi k = 0.

D. dudng thang d6 c6 vo sb vecto chi phuong 13 ki , voi k#0, keR .

Chon dap an D

Cau 145. Hiy cho biét ménh dé nao sau day la sai

A. Mot duong thang d hoan toan xéac dinh khi biét hai diém 4, B (phan biét) thudc d..

B. Mot duong thang d hoan toan xac dinh khi biét mot vecto chi phuong cua d.

C. Mot dudng thing d hoan toan xéc dinh khi biét mot diém A4 thudc d va biét d song song voi
mot dudng thang a.

D. Mot duong théng d hoan toan xéc dinh khi biét mot diém A4 thudc d va biét duong théng d
vudng goc voi mot duong thang a.

Chon dap an B

Cau 146. Hay cho biét ménh d& nao sau day la sai. Hai dudng thing vudng goc néu

A. gbc giira hai vecto chi phuong ctia chung 1a 90°.

B. goc giita hai dudng thang d6 1a 90°.
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C. tich vo hudng giita hai vecto chi phuong cia chung 1a bang 0.

D. goc giita hai vecto chi phuong cua chung 1a 0°.

Chon dap an D

Cau 147. Trong khong gian

A. néu goc gitra hai vecto bang 180° thi gia ctia hai vecto d6 song song v&i nhau.
B. néu goc giita hai vecto bang 180° thi gi4 ctia hai vecto d6 tring nhau.

C. néu goc giita hai vecto bang 180° thi hai vecto d6 cliing phuong.

D. néu goc giira hai vecto bang 180° thi hai vecto d6 cliing hudng.

Chon dap an C

Céu 148. Néu |ab|=|a /5| thi

A. gbc giira hai vecto luong bang 180°. B. goc giita hai vecto luén bang 0°.

C. hai vecto d6 luén cung phuong. D. Hai vecto d6 luon cung hudng.

Chon dap an C

Cau 149. Cho biét khang dinh nao sau day la sai

Cho hinh chép S.ABCD c6 day 1a hinh binh hanh, hai duong chéo AC, BD cit nhau tai O va
S4=8B=SC=SD.Khido6

A. AC vudng goc voi BD. B. SO vuéng goc voi AC.

C. SO vudng goc véi BD. D. SO vuodng goc véi (ABCD).

Chon dap an A

Cau 150. Cho biét khang dinh nao sau déy 1a sai

Cho hinh chép S.ABCD cé day 1a hinh binh hanh, hai duong chéo AC, BD cit nhau tai O va
SA =8B =SC = SD.Khido

A. OA#0B=0C=0D. B. 0OA=0B#0C=0D.
C.04=0B=0C#0D. D. 0OA=0B=0C=0D.

Chon dap an D

Cau 151. Cho hai tam giac can chung day 1a ABC va ABD va khong cing thudc mot mit phang.
Khi d6

A. AB vubdng gbc véi CD. B. AC vuong goc véi BD.

C. AD vudng gbc voi BC. D. cac cip canh d6i cua tir dién ABCD vudng goc voi nhau.
Chon dap an A.
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§3. PUONG THANG VUONG GOC VOI MAT PHANG
LY THUYET
1. Pinh nghia dL(P)edLla Vac(P)

abc (P),anb=0

dladlb = dL(P)

2. Piéu kién dé dwong thing vudng géc véi mit phing {

3. Tinh chit

e Mit phang trung truc cia mot doan thang 14 mit phang vudng goc voi doan thing tai
trung diém ciia no.

Mit phéng trung truc ctia doan thang 14 tap hop cac diém cach déu hai dau mat cua doan
thang do.

: {%t))laj(':”b : {th()P),bl(P)ja//b
. J(PV(Q . J(P)#(Q)

{aJ_(P) =al@) {(P)J_a,(Q)J_a:(P)//(Q)
. Ja(P . Jaz(P)

{bL(P):bJ‘a {aLb,(P)Lb:a//(P)

4. Pinh li ba dwong vuéng goc
Cho a X (P),bc (P), a’ 13 hinh chiéu ctia a trén (P). Khidéb La< b La’

5. Géc giira dwong thang va mit phing

e Néud L (P) thi (d,(P)) = 90".
o Néu d £ (P) thi (d,(P)) = (d,d") v6i d 14 hinh chiéu cta d trén (P).
Chii y: 0° < (d,(P)) < 90°.

6. Phwong phap chimg minh dwong thing vudng géc véi mit phiang va dwong thing

vudng goc voi dwong thang

pé chirng minh duwong thfmg dl (a) ta 6 thé ding mot trong hai cach sau:

Cdch 1. Chimg minh d vudng géc v6i hai dudng thang a,b cét nhau trong (a).

dla
dLlb
ac(a),bc(a)
anb=1

Cdch 2. Chimg minh d vudng goc voi duong thang ¢ ma a vudng goc voi (a).

:>aJ_(a)

{Ei;')”l =dL(a)

Cdch 3. Ching minh d vuong goc voi (Q) va (Q) // (P).
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Pé chirng minh d L a, ta ¢6 thé chirng minh b&i mot trong cac cich sau:
e Chung minh d vuong goc véi (P) va (P) chua a.
e St dung dinh li ba duong vuong goc.

e St dung céc cach chimg minh di biét & phan trudc.

7. Phwong phap tinh goc giira dwong thiang va mit phing

Dé xac dinh goc gitra duong thang a va miat phang (oc) ta thuc hién theo cac budc sau

Tim giao diém Ozam(a) A
Dung hinh chiéu A' cia mot diém A ea xubng (oc) ‘/
Goc AOA' =g chinh 13 goc giita dudng thang a va (o).
_a’
0 4
a /
Luu y: /

Dé dung hinh chiéu A' cia diém A trén (oc) ta chon mot duong thiang b L ((1) khi
do AA'||b.

Dé tinh goc ¢ ta sir dung hé thic luong trong tam giac vuong AOAA'. Ngoai ra néu
khong x4c dinh géc ¢ thi ta c6 thé tinh goc giita dudng thang a va mit phang (oc) theo cong
thirc sing = M trong do 1 1a VTCP ctia a con n 1a vecto ¢6 gia vudng goc véi (oc) .

2l

8. Phwong phap tim thiét dién va bai toan lién quan
D¢ xac dinh thiét dién ctia mat phang (o) di qua diém O va vudng goc v6i dudng

thfmg d véi mot hinh chop ta thuc hién theo mdt trong hai cach sau:

d

2

o a

Cdch 1. Tim tit ca cac duong thang vudéng goc voi d, khi do (oc) s€ song song hodc
chira cac dudng thang nay va ta chuyén vé dang thiét dién song song da biét.

Cdch 2. Ta im mit phang (oc) nhu sau:

K¢ hai duong thang a,b cit nhau cling vudng goc véi d trong d6 c6 mot dudong thang
di qua O, khi d6 (o) chinh 1a mét phang mp(a,b).
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CAU HOI TNKQ

Cau 1. Cho hai dudng thang phan biét ¢, b va mit phing (P) ,trong d6a L (P) . Ménh dé nao

sau day la sai

A.Néub L (P) thi b/a. B. Néu b//(P) thib L a.
C.Néu b//a thib L (P). D.Néu b L a thi b//(P).
Huéng dan gidi: Chon D.

Cau 2. Trong khong gian cho dudng thing A va diém O.Qua O c6 miy dudng thang vudng
g6c voi A cho trude
Al B. 2. C. 3. D. V6 s6.
Huéng dan gidi: Chon D.
Qua diém O c6 thé dung v6 sd dudng thang vudng goc voi A, cac duong thang d6 ciing
nam trong mot mit phing vudng goc voi A.
Cau 3. Ménh dé nao sau day c6 thé sai
A. Hai duong thang phéan biét ciing vudéng goc voi mot mit phing thi song song.
B. Hai mit phang phan biét cing vudng goc v6i mot duong thang thi song song.
C. Hai duong thang phan biét ciing vudng goc véi mot dudng thang thi ba thi song song.
D. Mot duong thang va mot mat phang (khong chira duong thing da cho) ciing vudng goc voi
mot dudng thang thi song song nhau.
Huéng dan gidi: Chon C.
Hai duong thang phan biét ciing vudng goc voi mot duong thang thi ba thi song song
chi diing khi ba duong thang d6 dong phang.
Cau 4. Khing dinh nao sau day sai
A. Néu duong thang d L (a) thi d vudng goc voi hai dudng thang trong (a) .

B. Néu duong thang d vudng goc voi hai duong thing nam trong (a) thi d L (a) .

C. Néu duong thang d vudng goc voi hai duong thang cit nhau nam trong (a) thi d vudng
goc voi bat ki duong thang nao ndm trong (a) .

D.Néu d L (&) vaduong thang a//(a) thi d La.

Huéng dan gidi: Chon B.
Puong thang d vudng goc v6i hai duong thing nam trong (a) thi d L (a) chi dung

khi hai duong thiang d6 cét nhau. 7 i o
Cau 5. Trong khong gian tap hop cac diem M cach déu hai di€ém co dinh 4 va B 1a

A. Mit phang trung truc ctia doan thing AB B. Pudng trung truc ciia doan thang
AB

C. Du’(‘mgNthfmg qua A vavuong goc voi AB D. Mit phing vudng goc voi AB tai A
Huong dan gidi: Chon A.

Theo dinh nghia mit phang trung truc.
Cau 6. Trong khong gian cho dudng thing A va diémO. Qua O co bao nhiéu dudng thing
vuong goc voi A cho trude
A. V6 86 B.3 C.2 D. 1
Huéng dan gidi: Chon A.
Cau 7. Qua diém O cho trude, c6 bao nhiéu mat phang vuéng goc véi dudng thang A cho
trude
Al B. 2 C.3 D. Vo s
Huwdmg dan gidi: Chon A.
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Theo tién dé qua diém O cho trude ¢6 duy nhat mot miat phang vudng goc voi duong thang A
Cau 8. Trong khong gian cho duong thang A khong nam trong mp (P) , duong thang A duoc

goi 1a vudng géc voi mp (P) néu

A. vudng goc véi hai duong thiang phan biét nam trong mp (P)
B. vudng goc voi dudong thing @ ma a song song véi mp (P)
C. vudng goc véi dudng thing @ nam trong mp (P)

D. vudng goc véi moi duong thang nam trong mp (P)

Huéng dan gidi: Chon D.
Puong thing A duogc goi 1a vudng goc véi miat phiang (P) néu A vudng goc v4i moi

dudng thang trong mit phang (P) . (PN dwong thang vuéng géc voi mat phang).
Cau 9. Cho a,b,cla cac duong thang trong khong gian. Tim ménh dé sai
A.NéualbvabLlcthiallc

B. Néu a vudng goc v6i mit phing (a) va b//(a) thi a L b.
C.Néua//bvablcthicla.

D.Néu a L b,b Lc va a cit ¢ thi b vudng gbc v6i mit phing (a,c).

Huéng dan gidi: Chon A.

Néu {a i_ b thi @ va ¢ c6 thé tring nhau nén dap 4n A sai.
c

Cau 10. Trong cac ménh dé sau, ménh d& nao sai
A. C6 duy nhat mot duong thing di qua mot diém cho trudce va vudng goc voi mot dudng
thang cho trudc.

B. C6 duy nhat mot miat phang di qua mot duong thang cho trude va vudng goc véi mot mat
phang cho trude.

C. C6 duy nhat mot mat phang di qua mot diém cho trude va vudng goc voi mot duong thang
cho trude.

D. C6 duy nhat mot mit phang di qua mot diém cho trude va vudng goc véi mot mit phang
cho trude.
Hudng ddn gidi: Chon D.

Qua mdt diém cho trudc co thé ké duge vo sb mat phang vudng goc véi mit phang cho trudc.
Cau 11. Chon ménh dé dang trong cac ménh dé sau

A.Néu a L(P) vabLla thib|(P). B.Néu a|[(P) va a||b thib||(P).
C.Néu a |[(P) va b Lathi b L(P). D.Néu a ||(P) vab L(P) thibLla.
Cau 12. Cho hai duong thang a,b va mp(P). Chi ra ménh d& diing trong cdc ménh dé sau:
A.Néu a//(P) va b La thi b//(P). B.Néu a//(P) va b L(P) thi a Lb.
C.Néu a//(P) va b La thi b L(P). D.Néu a L(P) va b La thi b//(P).
Huong dan gidi: Chon B.

Cau A sai vi b c6 thé vuong goc véi a.
Cau B dang boi a//(P)=>3a’ = (P) sao cho a/la’, b L(P)=b La'.Khidé =a Lb.
Cau C sai vi b c6 thé nam trong (P) Cau D sai vi b c6 thé nam trong (P)

Cau 13. Chi ra mé¢nh de¢ sai trong cac ménh dé sau

H 89



Tuyén chon va giéi thiéu: Nguyén Qudc Hoan 0913 661 886

A. Hai duong thang chéo nhau va vudng goéc véi nhau. Khi d6 c6 mot va chi mot mp chira
dudng thang ndy va vudng goc voi duong thang kia.
B. Qua mét diém O cho trudc c6 mot mit phang duy nhét vudng goc voi mot dudong thing A
cho trude.
C. Qua mot diém O cho trude c6 mot va chi mot duong thang vudng goc voi mot duong thang
cho trude.
D. Qua mét diém O cho trude c6 mot va chi mot dudng thing vudng goc voi mot mit phang
cho trude.
Cau 14. Tap hop cac diém cach déu cac dinh cia mot tam giac 1a dudng thang vudng goc voi
mat phang chira tam giac d6 va di qua
A. Tam dudng tron ngoai tiép tam giac do. B. Trong tam tam giac do.
C. Tam duong tron noi tiép tam giac do. D. Truc tam tam giac do6.
Cau 15. Ménh d¢ dang trong cic mat phang sau
A. Hai duong théng phén biét cung vudng goc voi mét duong thang thi song song.
B. Hai mat phang phan biét ciing vudng gdc véi mot mat phang thi song song.
C. Hai duong thang cing vudéng goc véi mot mat phang thi song song.
D. Hai mit phang phén biét cing vudng goc véi mot dudng thing thi song song.
Huéng dan gidi: Chon D.
Dap an A sai vi hai duong thfmg d6 c6 thé chéo nhau.
Dap an B sai vi hai mit phang d6 co thé cit nhau.
Pap an C sai vi hai dudng thiang d6 c6 thé tring nhau.
Cau 16. Chi ra ménh d sai trong cac ménh dé sau
A. Hai dudng thing phén biét cling vudng goc voi mot mp thi song song voi nhau.
B. Cho hai dudng thing vudng goc v6i nhau, mit phang nao vudng goc véi dudng thing nay
thi cling vudng goc véi dudng thing kia.
C. Cho hai mp song song, dudng thing niao vudng gbc v6i mit mp nay thi ciing vudng goc voi
mp kia.
D. Cho hai dudng thang song song, mit phang nao vuéng goc véi dudng thang nay thi ciing
vudng goc voi duong thang kia.
Huéng ddn gidi:

Qua mot duong thang dung dugc vo sé mit phang
Cau 17. Trong cac ménh dé sau, ménh dé nao sai
A. Néu duong thang a song song voi mit phang (P) va duong thang b vudng goc véi a thi

b vudng goc v6i mit phang (P).
B. Néu dudng thang a song song v6i dudng thang b va b song song v6i mit phing (P) thi a
song song hodc nam trén mit phang (P)
C. Néu duong thing a song song voi mit phiang (P) va duong thang b vudng goc v4i mit
phing (P) thi avudng goc voi b.
D. Mot duong t}léng vudng goc v6i hai dudng thang cit nhau trong mot mat phang thi né vuéng
goc vdi mat phang do.
Huong dan gidi: Chon A.
Gia st xét hinh 1ap phuong ABCD.A'B'C'D' nhu hinh
A'B'//(ABCD)
V& co nhung B'C'/ /(ABCD).
B'C'L A'B'
Cau 18. Cho hinh chép S.ABC c6 S4=SB=SC va tam giac ABC vuodng tai B. V&
SH L (ABC ) , He (ABC ) Khang dinh nao sau ddy ding
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A. H trung voi trong tdm tam giac ABC. B. H trung véi truc tam tam giac ABC'.
C. H trung voi trung diém cua AC . D. H trung voi trung diém cua BC.
Huong dan gidi: Chon C.

Do S4=8B=S8C nén HA=HB=HC.
Suy ra H la tam dudng tron ngoai tiep AABC .
Ma AABC vudng tai B nén H la trung diém cua AC.

Cau 19. Cho hinh chép S.ABC théaméan S4 = SB = SC. Tam giac ABC vuong tai 4 . Goi
H 1a hinh chiéu vudng goc cia S 1én mp(ABC ) . Tim khang dinh sai

A. (SBH)N(SCH) = SH . B. (SAH)N(SBH) = SH .
C. AB L SH. D. (SAH)N(SCH) = SH .
Huéng dan gidgi: Chon A.

(SBH)(SCH ) =(SBC)

Cau 20. Cho hinh chdp S.4BCD c6 céc canh bén bang nhau
SA=SB=SC=SD.Goi H lahinh chiéucta S 1én mat day
ABCD . Khang dinh nao sau ddy sai

A. HA=HB=HC=HD.

B. Tt gidc ABCD 1a hinh binh hanh.

C. Tt giac ABCD ndi tiép duoc trong duong tron.

D. Cac canh S4, SB, SC, SD hop v6i ddy ABCD nhiing goc bang nhau.

Huéng ddn gidi: Chon B.

Vi hinh chép S.ABCD c¢6 cac canh bén bang nhau S4 =SB =SC =SD va H 1a hinh chiéu ctua
S 1én mat ddy ABCD Nén H tam duodng tron ngoai tiép tr giac ABCD

Suyra HA=HB=HC=HD.

Cau 21. Cho hinh chép S.ABC c6 SA4 L (ABC) va tam giac ABC khong vuodng, goi H, K
1an luot 14 tryc tAm cac tam giac ABC va SBC . Cac duong thang AH, SK, BC théa man:

A. Pong quy.

B. D61 mot song song.

C. B61 mo6t chéo nhau.

D. Pap an khac.

Huéne dan gidi:

Goi AA' 1a duong cao ctia tam giac ABC
= AA' L BC ma

BC 1 84 nén BC 1 S§4'

Céu 22. Cho hinh chép S.4ABC cé cic mit bén tao véi day mot goc bang nhau. Hinh chiéu H
cua S trén (4ABC) la
A. Tam dudng tron noi tiép tam giac ABC. B. Tam dudng tron ngoai tiép tam giac ABC.
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C. Trong tam tam giac ABC. D. Giao diém hai duong thang AC va BD.
Hudng dan gidi:

Goi M, N, P lan luot 1a hinh chiéu cia S 1én cac canh AB, AC, BC.

Theo dinh ly ba dudong vuong goéc ta c6 M, N, P lan luot 13 hinh chiéu cua H 1én cac canh

AB,AC,BC = SMH =SNH = SPH = ASMH = ASNH = ASPH.
= HM = HN = NP = H latam duong tron ndi tiép ciia A4BC.
Céu 23. Cho hinh chép déu, chon ménh dé sai trong cac ménh dé sau
A. Chéan dudng cao ctia hinh chép déu tring véi tAm ciia da giac day do.
B. Tt ca nhiing canh ctia hinh chop déu bang nhau.
C. Pay cua hinh chop déu 1a mién da giac déu.
D. Cac mit bén ctia hinh chép déu 1a nhing tam giac can.
Huéng dan gidi:
Hinh chép déu c6 thé c6 canh bén va canh day KHONG bang nhau nén dép an B sai.
Cau 24. Tinh chit ndo sau day khong phai 1a tinh chat cta hinh ling try dtng
A. Cac mét bén cua hinh lang tru dang la nhiing hinh binh hanh.
B. Cac mat bén ctia hinh lang tru dGng 1a nhitng hinh chit nhat.
C. Céc canh bén cua hinh ling tru ding bang nhau va song song véi nhau.
D. Hai ddy cuia hinh lang try dtng c6 cac canh d6i mot song song va bang nhau.
Huéng dan gidi: Chon A.
Cau 25. Cho hinh chép S.ABCD c6 S4 J_(ABCD) va AABC vuong 6 B, AH la dudng cao

ctia ASAB . Khing dinh nao sau day sai

A. SA1 BC. B. AH 1L BC.
C. AH 1L AC. D. AH 1 SC.
Huong dan gidi: Chon C.

Do S4 1 (ABC) nén cau A dung.
Do BC L (SAB) nén cau B va D dung.

Vay cau C sai.

Ciu 26. Cho tir dién SABC ¢6 ABC'la tam giac vudng tai B va S4 L (ABC)

a) Khang dinh nao sau déy 1a ding nhét. Chimg minh BC L (SAB)

A BC1(S4B)  B.BC1(SAC)  C.(4D,BC)=45" D. (4D,BC)=80"
b) Goi AH la duong cao cua tam gidc S4B, thi khang dinh nao sau day diung nhat. Chiung

minh AH 1 SC
A. AH 1 AD B. AH 1 SC C. AH 1 (SAC) D. A4H 1 AC

Hudng dan gidi..
a) Taco SA L (ABC) nén SA L BC.

Do do6 ) }: BC 1(84B)Chon A

b) Taco BC L(S4B)= BC L AH

. AH 1 BC
Vay = AH 1 SC .Chon B

AH 1 SB
Cau 27. Cho tirdién ABCD c6 AB = AC va DB = DC . Khing dinh nao sau dy ding
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A. AB 1 (A4BC). B. ACLBD. C.
CD 1(A4BD).  D.BCLAD. ,-;?1“{'

Huéne dan gidi: Y
Chon D. I II;"

Goi E la trung diém cua BC . Khi d6 ta co - .In". i -
{AEJ_BC T SR

= BC L (ADE)= BC 1 AD. ~d
DE 1 BC

Céu 28. Cho hinh chép S.4BC ¢6 S4 L (ABC) va AB 1 BC. Sb cac mit cua tir dién S.4ABC
la tam giac vuong la:

Al B. 2 C.3 D. 4

Huéng dan gidi:

Co6 AB 1 BC = AABC la tam giac vuong tai B.

, SA L AB L R
Taco S4 L (4ABC)= S4 1 AC = ASAB,ASAC la céc tam giac vuong tai A.

1 {AB 1L BC . e

Mat khac = BC L SB= ASBC la tam giac vuong tai B.
S4 1 BC

Vay bén mit cta tir dién déu 1a tam giac vudng. Nén dép an D ding.
Cau 29. Cho hinh chép S.4BCD c6 ddy ABCD 1a hinh thoi tim O. Biét S4=SC va
SB = SD . Khang dinh nao sau day sai
A. SOJ_(ABCD). B. CDJ_(SBD). C. ABJ_(SAC). D. CD 1L AC.
Huéng dan gidi:
Chon B.
Tam gidc SAC cantai S co SO 1a trung tuyén = SO ciing 1a duong cao = SO L AC.
Tam giac SBD cantai S c6 SO la trung tuyén = SO ciing 14 duong cao = SO L BD .

T d6 suy ra SO L (ABCD) .

Do ABCD la hinh thoi nén CD khong vuong géc véi BD . Do d6 CD khong vuong goc voi
(SBD).

Cau 30. Cho hinh chép S.ABCD c6 day ABCD la hinh chit nhat, SA | (4BCD). Goi AE; AF
lan lugjc 1a cac duong cao cua tam gidc SAB va tam gidc SAD. Chon khang dinh diing trong
cac khang dinh sau

A. SCL(AFB). B. SCL(AEC). C. SCL(AED). D. SCL(AEF).

Hudng dan gidi:

. [4BLBC . [4AE 1L SB
Ta co: = BC 1(S4B)= BC L AE. Viy: = AE 1 SC(1)

S41 BC AE 1 BC
Tuong tw: AF L SC(2).  Tu (1);(2)=SC L(A4EF).  Vay dép 4n D ding.
Cau 31. Cho hinh chép S.ABC c¢6 canh S4 L (ABC) va

day ABC latamgiaccan 6 C. Goi H va K lan luot 1a
trung diém cua 4B va SB. Khiang dinh ndo sau day sai
A. CH 1 54. B. CH L SB.
C.CH L 4K . D. AK 1L SB.
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Huéng ddn giai: ~ Chon D.

Do AABC cantai C nén CH L AB . Suyra CHJ_(SAB).

Vay cac cau A, B, C ding nén D sai. ) 7
Cau 32. Cho tir dién ABCD. V€& AH 1 (BCD). Bict H la truc tam tam giac BCD. Khang
dinh nao sau day dung

A. CDJ_~BD. B. AC=BD. C. AB=CD. D. ABLCD.
Hudng dan gidi::
CD 1 AH
= CD 1L (ABH)= CD 1. AB — Chon dap an D.
CD 1 BH

Cau 33. Cho hinh chop S.ABC c6 canh S4 1 (ABC) vaday ABC latam giac can ¢ C. Goi
H va K lan luot 13 trung diém cta AB va SB . Khing dinh ndo sau day c6 thé sai
A. CH 1L AK . B. CH L SB. C.CH L S84. D. AK 1L SB.
Huéng ddn gidi:

) {CH 1 4B
Ta co

CH L 54

Tudosuyra CH 1 AK,CH 1 SB,CH 1 S4 nén A, B, C dung.
Dap an D sai trong truong hop SA va 4B khong bang nhau — Chon dap an D.
CAu 34. Cho tir dién SABC thoa man SA=SB=SC. Goi H 1a hinh chiéu cia S 1én mit
phing (ABC). Dbi v6i A4BC tacé diém H 1a

— CH L (S4B).

A. Tryc tam. B. Tam duong tron ndi tiép.’
C. Trong tam. D. Tam duodng tron ngoai ti€p.
Huong dan giai:
SH 1 AH
SH 1 (ABC)={SH L BH
SH 1 CH
Xét ba tam giac vuong ASHA,ASHB,ASHC c6
SA=S8B=SC
= ASHA = ASHB = ASHC
SH chung

= HA=HB=HCmaH c(ABC)= H

chinh 13 tim dudng tron ngoai tiép AABC.

Chon dap an D. )
Cau 35. Cho ta dién OABC c6 OA,0B,0C d6i mdt vudng goc voi nhau. Goi H 1a hinh chiéu
ctia O trén mp(ABC) . Ménh d nao sai trong cic ménh d¢é sau
A. H latryc tam AABC. B. H la tam dudng tron ngoai tiép tam gidc ABC .

. 12= 12+ 12+ 12. D. CH la dudng cao cia A4ABC.

OH® 04> OB° OC
Huong dan gidi::
Tacd OA L (OBC)= 0A 1L BC va OH 1L BC = BC 1 (OAH)= BC 1 AH .
Tuong tu, tacd AB L CH , suy ra dap an A, D dung.
1 1 1 1 1

= + + ,
04> OB* 0cC?

1
Taco ==t —
OH" 04~ Ol
— Chon dép an B.
Cau 36. Cho tirdién ABCD c6 AB L CD va AC L BD.Goi H la hinh chiéu vudng goc cua
A 1&én mp(BCD) . Cac khang dinh sau, khang dinh nao sai

voi I = AH N BC, suy ra dap an C dlng.
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A. H la tryc tam tam giac BCD. B. CD 1 (4BH).

C. 4D L ~BC . D. Cac khang dinh trén déu sai.
Huong dan gidi.:

CD 1 AH
Suy ra H latruc tim ABCD. Suy ra dap an A, B dung.

CD 1 AB
Ta co = CD 1L (ABH)= CD 1 BH . Tuong tu¢ BD | CH

BC 1 AH

Ta co = BC L AD, suy ra C dlng. — Chon dép an D.
BC 1 DH

Céu 37. Cho tir dién ABCD c6 AB= AC va DB = DC. Khang dinh nio sau dy ding

A. AB L( 4BC). B. BC L AD. C. CD L( 4BD). D. AC L BD.

Huéne dan gidi: 7

Goi M 1a trung diém cua BC.
AB = AC N BC L AM
DB =DC BC 1 DM

= BC L (ADM )= BC 1 AD.

Chon déap an B.

Cau 38. Cho hinh chép SABC c6 SA4 L (ABC ) Goi H, K lan luot 13 truc tAm cac tam giac
SBC va ABC. Ménh d nao sai trong cac ménh dé sau

A. BCL(SAH).  B. HK L(SBC).  C. BC1(S4B). D. SH, AK va BC dbong quy.
Huéng dan gigi:  Chon dap an C.

Tac6BC L S4,BC L SH = BC L (SAH)

Taco CK 1L AB,CK L SA = CK 1 (SAB)hay CK 1 SB

Mat khac ¢c6 CH L SB nén suyra SB 1 (CHK) hay SB L HK,

twong ty SC L HK nén HK 1 (SBC)

Goi M 1a giao diém cua SH va BC. Do

BC 1 (SAH) = BC 1 AM hay dudng thang

AM tring voi duong thang AK . Hay SH, AK va BC dong quy.

Do do BC J_(SAB). sai

Cau 39. Cho hai hinh chit nhat ABCD va ABEF nam trong hai mat phang khac nhau sao cho
hai duong thang AC va BF vudng goc voi nhau. Goi CH va FK lan lugt 1a dudng cao cia
hai tam giac BCE va ADF .

a) Khang dinh nao sau day la dung ve 2 tam giac AACH va ABFK

A. AACH va ABFK 1a céac tam giac vuong B. AACH va ABFK la cac tam giac tu
C. AACH va ABFK la cac tam giac nhon D. AACH va ABFK la céac tam giac can
b) Khang dinh nao sau day la sai

A. BF 1 AH B. (BF,4H)=45" C. AC 1 BK D. AC L (BKF)
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Huéng dan gidi:. y
AB 1 BC

a) Ta c6 = 4B 1 (BCE) .. K
AB | BE

{CH 1 4B D /

= CH L (ABEF) = CH L AH = AACH vuéng & H nno oy,
CH L BE I\ s

FK 1L AD ,

Tuong tur = FK 1 (ABCD) = ABFK vuéng tai K .
FK 1 AB

b) Taco CH L(ABEF)= CH L BF , mat khac I 7 »TH>

Z

AC L BF = BF L (ACH)= BF 1 AH . LZ E
AC LKF

Tuong tu = AC L(BKF)= AC L BK .
AC L BF

Céu 40. Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh thoi tim O. Biét SA=SC,SB=SD.

a) Khang dinh nao sau day 1a sai

A. SO L (ABCD) B. SO 1 AC C. SO LBD D.Ca A, B, C déu sai
b) Khing dinh nao sau day 1a sai
A. AC L(SBD) B. AC L S0 C. AC L SB D. Ca A, B, C déu sai

Huéng dan gidi.. "
a) Tacd O latrung diem cua AC va SA=SC= SO 1L AC.
Tuong tw SO L BD.

. SolL4acC

ay

SO 1 BD

b) Taco AC L BD (do ABCD 1a hinh thoi).
Lai c6 AC L SO(do SO L(ABCD))

Suyra AC L(SBD)= AC LSD. ChonD

Cau 41. Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh thoi tim O, SA L (ABCD). Céc khang
dinh sau, khfmg dinh nao sai

A. SA 1 BD B. SC L BD C. SO LBD D. AD 1 SC

Huéng dan gidi:

Tacod SA4 L (ABCD) = SAL BD

Do tir gidc ABCD 1a hinh thoi nén BD 1 AC,

ma SA L BD nén BD 1 (SAC) hay BD 1 SC,BD 1 SO

AD khong vudng géc SC

Chon déap an D.

}:> SO 1 (ABCD). ChonD

Céu 42. Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh vuong va SA L (ABCD). Goi I, J,
K lan luot 1a trung diém ciia 4B, BC va SB . Khang dinh nao sau day sai
A. (IUK)//(SAC). B. BD 1 (IJK).

C. Géc gitta SC va BD ¢6 s do 60°. D. BD 1(SAC).
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Huéng dan gidi:
Chon C.
Do IJ // AC va IK // SA nén (1JK)// (SAC).
Vay A ding.
Do BD L AC va BD LS4 nén BD L (SAC)
Vay D ding.
Do BD 1 (SAC) va (IJK)//(SAC) nén BD L (1JK)

Vay B dung.
Vay C sai.

Cau 43. Cho hinh chép S.ABCD ¢ day ABCD 1a hinh vudng, Goi H 1a trung diém ciia AB
va SH 1 (ABCD). Goi K 1a trung diém cua canh AD
a) Khang dinh nao sau day 1a sai

A. AC L SH B. AC LKH C. ACL(SHK)  D.C4A,B,C déusai
b) Khang dinh nao sau day 1a sai
A. CK L SD B. DH L CK C. DKC+ADH =90°  D.CaA, B, C déu sai

Huéng dan gidi..
a) Taco SH L (ABCD) =S8SH 1 AC

. {HK | BD
lai co

= AC L HK
AC L BD

= AC L (SHK ) .

b) D& thdy AAHD = ADKC = AHD = DKC

ma AHD + ADH =90’

= DKC + ADH =90° hay DH 1 CK , mat khac ta c6
SH L CK = CK 1 (SDH) = CK L SD .

Cau 44. Cho tir dién OABC c6 ba canh OA, OB, OC 361 mot vuong goC. Goi H 1a hinh
chiéu cia O 1én (ABC ) Khang dinh nao sau day sai

1 1 1 1

A. OA 1 BC. . > = ~+ ~+ -
OH 04 OB~ OC
C. H latryc tim A4BC. D. 30H? = AB* + AC* + BC*.
Huong dan giai:
0OA 1L OB
= 04 1 (OBC)= 04 L BC
04 1L OC

= dap an A dang.
Tuong tu chirng minh dugc OC L 4B.
{01 1 BC
a

OH 1 Al
OI 1 BC
Ta co: {BC 104
= BC L OH = OH 1 (4BC).

= BC L (0AI)
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! = ! + 1 = 1 + 1 + 1 = Dap an B dlng.
OH® 04> o0I° 04> OB> 0C?
AB 1 OC
AB | OH
Tu (1) va (2)= H 1a tryc tim A4BC = Dap an C dung.
Chon dap an D.
Cau 45. Cho hinh chop S.ABC c6 SA L (ABC) .Goi H,K lan luot 14 tryc tAm cac tam giac
ABC va SBC. Khéng dinh nao sau day la dung
a) AH,SK va BC dong qui

Ta co: { = AB 1 (OCH )= AB 1 HC(1). Tuong tw BC L OH (2).

A. AH va BC chéo nhau B. AH va SK chéo nhau .
C. AH,SK va BC dong qui. D. AH,SK va BC khong dong qui.
b) Khang dinh nao sau day la sai
A. SB L (CHK) B. SB L HK C. CH 1 (S4B) D. Ca A, B, C déu sai
c) HK L (SBC ) Khang dinh nao sau day 12 sai
A. HK L (SBC) B. BC L (S4I) C. BC LHK D. Ca A, B, C déu sai

Huéng dan gidi..

a) Goi I = AH N BC, dé chimg minh AH,SK va BC ddng qui.
Ta can chimg minh S/ 1a duong cao cta tam giac SBC, nhung
diéu nay ding do BC 1S4 va BC L Al .

b) Taco SB 1L CK

CH L AB

CH 1 54
Vay SB L (CHK).

b) Theo cac chung minh trén ta c6

SB 1 (CHK)= SB L HK va BC 1(SAI)=>BC L HK

do d6 HK L (SBC).

Cau 46. Cho hinh tr dién ABCD c6 AB, BC, CD d6i mot vuong goc nhau. Hay chi ra diém
O cach déubbén diém 4, B, C, D.

= CH L (S4AB)= CH L SB

thém ntta ta co {

A. O 1a tam dudng tron ngoai tiép tam giac ABC . B. O la trong tdm tam giac ACD .
C. O la trung diém canh BD. D. O la trung diém canh AD .
Huéng dan gidi:

Chon D. o

Goi O la trung diém cta AD .
Tur gia thict ta co
AB 1 CD
BC LCD
AACD vubng tai C.
Do d6 O4A=0C =04 (1)
Mait khac
AB L CD
AB 1 BC
vuong tai B.
Do d6 O4A=0B=0D (2)

= CD 1 (A4BC)= CD 1 AC . Vay

= AB 1 (BCD)=> AB 1. BD = AABD
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Tr(l)va(2)tacoé OA=0B=0C=0D.
Cau 47. Cho tt dién ABCD c6 AB= AC va DB = DC . Khang dinh nao sau day dung
A. ABJ_(ABC). B. ACLBD. C. CDJ_(ABD). D. BCL AD.

Hudng dan gidi:

Chon D. J
Goi E 1 trung didm cia BC . Khi d6 ta co ///ff ]

AE L BC

{DELBC:BCL(ADE):BCJ_AD. ,f'/, ‘ \)
. ':_. . ! . _
R e de

Ciau 48. Cho t dién ABCD. V& AH L (BCD). Biét H la tryc tim tam gidc BCD. Khing
dinh nao sau day khéng sai

A. AB=CD. B. AC=BD. C. ABLCD. D. CD L BD.

Huong dan gidi:
Chon C.

Do AH L(BCD)= AH LCD.

Mat khac, H la tryc tam AABC nén BH 1L CD.
Suy ra CD L (ABH) nén CD L AB.

Cau 49. Cho hinh chop S.ABCD c6 day ABCD 1a hinh vuéng canh a, mit bén S4B 1a tam
gidc déu va SC = a2 Goi H,K lan luot 13 trung diém cta cac canh AB va AD.
a) Khang dinh nao sau day 1a sai

A. SH L(ABCD) B. SH L HC C. A, B déu ding D. A, B lasai
b) Khang dinh nao sau déy la sai ‘
A. CK L HD B. CK L SD C. AC L SK D. Ca A, B, C déu sai

Huéne dan gidi:.
a) Vi H 1a trung diém cia 4B va tam gidc SAB déu nén
SH 1 AB

Lai c6 SH_i SC = a2, HC =~ DH* + DC* =

Do d6 HC? + HS> =3%+5%=2a2 - 8C?

= AHSC vudngtai H = SH 1 HC
{SH 1L HC

SH 1 AB
b) Tacd AC L HK va AC LSH = AC L(SHK)= AC L SK .

Tuong tw CK | HD ( nhu bai trén) va CK L SH = CK L (SDH)= CK L SD.

= SH 1 (ABCD).
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Cau 50. Cho hinh 1ap phuong ABCD.A'B'C'D' . Pudng thaing AC' vudng gbc véi mat phang
nao sau day
A. (4A'BD). B. (4'DC"). C. (4'CD"). D. (4'B'CD).
Huéng dan gidi:
A'D L AD' (t/cHYV)
Ta co:
A'DLC'D' (C'D'L(4'D'DA))

A'B 1 AB' (t/c HV)

A'BLB'C' (B'C'L(4'D'DA))
Tu (1),(2) = AC' L (A'BD). Vay chon dép an A4.
Cau 51. Cho hinh chép S.ABCD c6 day ABCD 1 hinh thoi, O 1a giao diém cua 2 duong
chéo va SA4 = SC . Cac khang dinh sau, khang dinh nao dung
A. SAL(ABCD). B. BD 1 (SAC). C. AC L(SBD). D. AB L (SAC)

= A'DL(AC'D")=A'D L AC' (1)

= A'BL(4B'C)= A'BLAC' (2)

Huéng dan gidi:

Taco: §4=SC = SAC la tam giac can.

Mat khéac: O 1a trung diém ctia AC (tinh chat hinh
thoi)

Khi d6 ta co: AC L SO

- {AC LBD  (t/c hinh thoi)
AC L SO

Vay chondap an C .

Cau 52. Cho hinh chop S.ABCD c6 day ABCD 1a hinh vuong, S4 L (ABCD). Mit phang

qua A va vudng goc véi SC cit SB,SC,SD theo tht tw tai H,M,K . Chon khing dinh sai

trong cac khang dinh sau

= AC L (SBD)

A. AKL!—IK. B. HK 1 AM . C. BD 1 HK. D. AH 1 SB.
Hudng dan gidi:
Ta co: X i

BD 1 AC (t/ c HV)
{BD 184 (g1)

Goi O=ACNBD,I =SONHK

(P) la mat phéng A vavudng goc voi SC

Qua 7 ké AIIBD:>AJ_AM:>AC(P)

Khi d6: K =AnSD,H=ANSB

Tac6: AK 1(SDC), ma HK N(SDC) =K
= AK khong vuong géc voi HK .

Vay chondéap an 4.

Cau 53. Cho hinh chop S.ABCD trong d6 ABCD la hinh chir nhat, S4 L (ABCD) . Trong céc

tam giac sau tam giadc nao khong phai la tam gidc vudng

A. ASBC. B. ASCD. C. ASAB. D. ASBD.

= BD | (SAC)= BD 1 AM
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Huong dan giai: a
Taco:

ABLAD  (tc HV)
AB 1S4 (SA4L(4BCD)
Gid st SB L SD = SD L (SAB) (v 1y)

Hay ASBD khong thé 14 tam giac vudng
Vay chon dap an D .

):>ABJ_(SAD):>ABJ_SD

Cau 54. Cho hinh chép S.ABC c6 BSC =120°,CSA=60", ASB =90°,S4 =SB = SC. Goi [
1a hinh chiéu vudng goc ciia S 1én mp(ABC ) Chon khang dinh dung trong cac khing dinh

sau
A. I latrung diém 4B . B. I la trong tdm tam giac ABC'.
C. I latrung diém AC. D. I 1a trung diém BC.

Hudng dan gidi:
Goi SA=SB=SC=a
Tacod: aSACdéu = AC=SA=a

aSAB vubng cantai § = AB = a2

BC =/SB* + SC* - 25B.SC.cos BSC = a3

= AC* + AB’ = BC® = ABC vubng tai 4

Goi 7 1a trung diém ciia AC thi 7 13 tAm duong tron

ngoai tiép tam giac ABC. Goi d 1a tryc cua tam giac ABC
thi d diqua / va d L(ABC)

Mit khac : SA=SB=SCnén S ed.Vay SI L(ABC)
nén 7 13 hinh chiéu vudng goéc ciia S 1én mat phang (ABC )
Vi H vaK lan luot 13 tryc tAm cta tam giac ABC va SBC nén H vakK lan luot thude A4’
va SA' . Vay AH, SK, BC dong quy tai A’

Cau 55. Cho tar dién OABC c6 OA,0B,0C d6i mot vudng goc véi nhau. Goi H 1a hinh chiéu
cia O trén mit phang (ABC ) Xét cac ménh dé sau

1. Vi OC 1 04,0C L OB nén OC 1 (04B).

II. Do ABc(0A4B)nén ABLOC. (1)

1II. C6 OH L (ABC) va AB<(ABC)nén ABLOH.  (2)

IV. T (1) va (2) 4B L(OCH).
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A LIV . B. 1,11, . C.1,11,1V . D. L,IV.

Huéng dan gidi: Chon A.
Ta co:

0oC 104
OC LOB
OANOB=0

04,0B = (0A4B)
{OC 1 (04B)

= 0C L(04B). Vay I ding.

= AB L OC. Viy Il dung.
AB < (04B) Y &

{OH 1 (4BC)

= AB 1 OH . Vay III dung.
AB c (ABC )

AB 1L OC
AB1LOH = AB 1 (OCH).Vay IV ding.

OC NOH =0

OC,0H < (OCH)

Ciu 56. Cho hinh hop ABCD.A'B'C'D'. Co déy li hinh thoi BAD=60" va

A'A=A'B=A'D. Goi O= ACNBD. Hinh chiéu cia 4' trén (4BCD) 1a

A. trung diém cta AO. B. trong tam AABD.
C. giao cua hai doan AC va BD.
D. trong tam ABCD.
Huwéng dan gigi: Chon dap an B.
Vi A'A= A'B= A'D = hinh chiéu cia 4' trén (ABCD)

trung véi H 1a tim dudng tron ngoai tiép A4BD (1)

Ma tir gidac ABCD 1a hinh thoi va BAD = 60°

Nén ABAD la tam giac déu (2)

Tu (1) & (2) = H latrong tim AABD.

Cau 57. Cho tir dién ABCD c6 canh 4B, BC, BD bang nhau va vudng goc voi nhau timg
d6i mdt. Khang dinh nao sau day dang

A. Goc gitta AC va (BCD) la goc ACB. B. Goc gitta AD va (ABC) la gbc ADB.
C. Géc gilta AC va (ABD) la goc CAB. D. Géc gitta CD va (ABD) 1a goc CBD.
Huéng dan gidi:

1 BC
1L CD
Cau 58. Cho tam gidc ABC vudng can tai 4 va BC =a . Trén dudng thing qua A vudng
a6
2

o AB A
Chon A. Tir gia thiét ta c6 {AB = AB L (BCD). Do d6 (AC,(BCD))=ACB.

gbéc véi (ABC) lay diém S sao cho SA = . Tinh s6 do géc giita duong thang SA va (A4BC)

A. 30°. B. 45°. C. 60°. D. 90°.
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Huéng dan gidi:
ChonD. S84 1 (A4BC)=>(S4,(4BC))=90°.

Cau 59. Cho ta dién ABCD c6 canh AB, BC, BD vudng gbc voi nhau ting d61 mot. thmg
dinh nao sau day ding

A. Géc giita CD va (ABD) 1a goc CBD . B. Géc gitta AC va (BCD) la goc ACB.
C. Goc gitta AD va (ABC) 1a goc ADB. D. Géc gitta AC va (ABD) 1a goc CBA.
Huéng dan gidgi: Chon B.

Do AB, BC, BD vudng goc voi nhau tung doi mot nén 4B L (BCD) ,suy ra BC 1a hinh
chiéu ctia 4C 1én (BCD).

Cau 60. Cho hinh chép S.ABC c6 day ABC la tam gidc vudng canh huyén BC =a . Hinh
chiéu vudng géc ciia S 1én (A4BC) tring véi trung diém BC . Biét SB =a . Tinh s6 do clia goc
gitta SA va (ABC).

A. 30°. B. 45°. C. 60°. D. 75°.

Huéng ddn gigi: Chon C.
Goi H la trung diém cua BC suy ra

AH=BH=CH=LBc=2.
2 2

SH 1 (ABC)=> SH =~/SB* - BH’ = “f .

:tanazﬁzx/g:azw".
AH

Cau 61. Cho hinh chép S.ABCD , day ABCD 1a hinh
vudng canh bang a va S4 L (ABCD). Biét S4 = #. Tinh goc gitra SC va (ABCD) .

A.30°. B. 45°. C. 60°. D. 75°.
Huong dan gidgi:  Chon A.

Ta co: SAL(ABCD)= SA L AC

= (SC;(ABCD))=SCA=a

ABCD 1a hinh vuéng canh a

a6

3
B

SA
=Stang=——=—=a =30°.
AC 3

Cau 62. Cho hinh chép S.ABC c6 day ABC la tam giac déu canh a. Hinh chiéu vudng goc
cua S lén (ABC ) tring voi trung diém H cta canh BC . Biét tam gidc SBC 1a tam giac déu.
Tinh s6 do cua géc gitta SA va (ABC).

A. 60° B. 75° C. 45° D. 30°

= AC=a\2,54=
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Huéng dan gidi: v
Do H 14 hinh chiéu cia S 1én mit phing (ABC ) nén
SH 1 (ABC)
Véy AH 14 hinh chiéu cua SH 1én mp (A4BC)
= (84;(ABC)) = (S4; AH ) = SAH
Taco: SH L(ABC)= SH L AH

Ma: aABC =aSBC = SH = AH . Vay tam giac SAH

vubdng can tai H = SAH = 45° !
Cau 63. Cho hinh thoi ABCD c6 tam O, AC =2a;BD =2AC . Lay diém S khong thudc

LR -

=
i
'

- tl

(ABCD) sao cho SO L (ABCD). Biét tan SBO = % . Tinh s8 do ciia goc giita SC va (ABCD)

A. 30°. B. 45°. C. 60°. D. 75°.

Hudng dan gidi: 5
Chon B. -:"?-."‘--.
Tacod: AC=2a;BD =2AC=4a= OB =2a Il '1‘ e .
—~tansB0=2_L o so-Log-a. P :

OB 2 2 o L._........,ll... ...‘;:3.];.
Mat khic (SC,(ABCD))=SCO; 22 =2 - PN T

OC a A ] _:.d_-l L rn . o |.I -

Suy ra sb do ctia goc giita SC va (ABCD) bang 45°. L e

Chu 64. Cho hinh chép S.4BCD, déy ABCD la hinh vudng canh bing a va S4 L (ABCD).

Biét S4 = #. Tinh géc gitta SC va (ABCD).
A.30°% B. 60°. C. 75°. D. 45°.
Huong dan gidi:

T giac ABCD 1a hinh vudng canh a nén

AC = a\/z
S4 L (ABCD) = AC 1a hinh chiéu vudéng gbc cua
SC 1én (ABCD) = SCA la goc gitta SC va
(ABCD).
Tam giac SAC vuodng tai 4 nén

SA a6 11

tanSCA=-——="2 —_ — _— — §CA=130",
AC 3 a2 B
Chon dap an A.

Cau 65. Cho hinh chop S.4BC c6 ddy ABC 1a tam giac déu canh a. Hinh chiéu vudng goc
cia S 1én (ABC ) tring voi trung diém H cta canh BC. Biét tam giac SBC 1a tam giac
déu.Tinh s6 do cua goc gilta S4 va (ABC )

A. 30°. B. 45°. C. 60°. D. 75°.
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Hudng dan gidi:

¥

Chon B. ,ﬂﬁ"

Ta co: HE e

SH L(ABC)= SH L AH = (S4;(ABC))=SAH = a. A S

AABC va ASBC la hai tam giac déu canh a ; s e

a3 ! [ LII-,.

= AH =5H === L ‘\';‘“".;—"_'; i
" R -
* E."b "L L

= AH =SH —i: ASHA vuong can tai H ! Vo -

o -.rr
=>a=45°.

Cau 66. Cho hinh chop S.ABCD c6 day ABCD 1a hinh vudéng canh a, S4 L (ABCD),
SA = av6. Goi a 1a gbc giita SC va mp (ABCD). Tim khing dinh dung
A. o =30° B. cosa = g C. a=45" D. o =60°.
Huéng dan gidi: )
Vi S4 L (ABCD) nén AC 1a hinh chiéu vudng goc cua
SC 1én (ABCD).
= Goc giita gitta SC vamp (4BCD) bang goc
SC& AC. = o = SCA,
Xét tam giac SAC vudng tai 4 co6:
tana:ﬁ:ﬁ:ﬁ:azwo.

AC a2
Céu 67. Cho hinh 1ap phuong ABCD.4'B'C'D". Goi a 1a géc gilta AC' vamp (A4'BCD").
Chon khang dinh diing trong cac khing dinh sau

A a = 30" B. tanar = . C.a = 45" D. tana =+/2.
NG
Huéng dan gidi:
C|A'CNAC'=
oi
C'DNCD'=H
C'D1CD' »
a = C'D L(A'BCD')= IH 1a hinh chiéu
C'D1A'D'
vudng goc cua AC' 1én (4'BCD') = = C'IH la goc giita
AC' va (4'BCDY). Ma anCTH ==L h_ 3.
IH 2
Chon dap an D.

Cau 68. Cho hinh chép S.ABC c6 SA L (ABC) vatam giac ABC khong vuong, goi H,K
lan luot 1a truc tim cac AABC va ASBC. Sb do goc tao boi HK va mp(SBC) 1a

A. 65°. B. 90°. C. 45°. D. 120°.

Huong dan gidi::

BC 154
Goi [ = AH N BC. Tacb {BC = BCL(SAD = (SBC) L(S41) va K €SI

H 105



Tuyén chon va gidi thiéu: Nguyén Qubc Hoan 0913 661 886

. [(SBLCK
Ta lai ¢6 — SB L (CHK) = (SBC) L (CHK).
SB 1 CH

Ma HK = (SAI)n(SHK), suyra HK 1 (SBC) — Chon dap an B.
Céu 69. Cho hinh chop S.4ABC théa mian S4=SB=SC.Goi H 1a hinh chiéu vudéng goc cia
S lén mp(ABC ) . Chon khang dinh dung trong cac khang dinh sau

A. H latam duodng tron ngoai’tiép tam giac ABC B. H latryc tam tam gidc ABC
C. H 1a tdm duong tron ndi ti€p tam giac 4BC D. H latrong tam tam giac ABC
Huong dan gidi:

Do hinh chop S.ABC ¢6 SA=SB=SCva SH 1 (ABC)
nén SH la tryc cua hinh chop S.ABC

= HA=HB=HC

Nén H 1a tam duong tron ngoai tiép tam giac 4BC.
Vay chon A.

Cau 70. Cho hinh chop S.ABC c¢6 day ABC la tam giac vudng canh huyén BC =a . Hinh
chiéu vudng géc ctia S 1én (ABC) tring véi trung diém BC. Biét SB=a . Tinh sb do clia goc
gitta SA va (ABC).

A 30° B. 45°. C. 60°. D. 75"
Huong dan gidi:

AMzBMz%,SBza

C6 SM L (ABC) nén AM la hinh chiéu cua SA 1én mp(ABC)
= (84,(4BC))=(84,4M )= SAM .
Ap dung dinh 1y Pytago SM =+/SB*> — AM* = #
. o , a5 SM AT 0
Xét tam giac SAM c¢6 tan SAM = o = \/3 = SAM =60".
Vay chon C.
Cau 71. Cho hinh chép S.4ABC c6 S4 J_(ABC ) va AABC vudng
& B. AH 1a duong cao ciia ASAB . Khang dinh nao sau day sai
A. S4 1 BC. B. AH 1 BC. C. AH 1 AC. D. AH 1 SC.
Huong dan gidi:
Do S4 L (ABC) nén SA L BC.

A
Nén Phuong an A dung. H\‘
{AH 1L SB (S C) " '
Co = AH 1 (SBC). Phuong '
Ilr ‘\\‘"\.

AH 1 BC(BC L(S4B))
an D dung. Y \
Suyra AH L BC, AH 1 SC . Phuong an B, D dung. p SR T e
Phuong an C sai. That vay véi A4H 1 AC, tacod T __F___--"‘"
AH 1 AC P
= AC L AB (v0 ly). Vay chon C.
SA1 AC

Cau 72. Trong cac ménh d€ sau ménh d¢ nao dang
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A. Goc gitra duong thing va mit phang bang goc giita dudong thiang d6 va hinh chiéu cua no
trén mat phang da cho.

B. Géc giita dudng thing a va mit phing (P) bang géc gitta dudng thang b va mit phang (P)
khi a va b song song (hoac a trung véi b).

C. Goc giira duong thang a va mat phang (P) bang goc gitra duong thang a va mit phang (Q)
thi mat phang (P) song song v6i mit phing (Q) .

D. Géc giira duong thang a va mit phang (P) bang goc gitta dudng thang b va miat phang (P)
thi a song song véi b.

Huong dan gidi: Chon B.

Cau 73. Cho goc tam dién Sxyz voi x/@ =120°, )752 =60, 28x =90°. Trén cac tia Sx, Sy, Sz
lan luot 1€iy cac diém A4,B,C saocho S4=SB=SC=a.Tam giac ABC c¢6 dic diém nao trong
cac s cac dic diém sau_

A. Vudng can B. béu C. Can nhung khong vuéng D. Vuong nhung khong can
Huong dan gidi:

Xét ASAB ¢6 AB® = SA> + SB® —2SA.SB.cos ASB =3a> = AB=a+/3 .

ASBC d&u = BC=a.

ASAC c6 AB =~SA4* +SC* = a2 .

Tu d6 AABC vudng tai C.  Vay chon D.

Cau 74. Cho hinh chop S.ABCD c6 S4 L (ABCD) va day ABCD la hinh chit nhat. Goi O
1a tim ctia ABCD va I 1a trung diém ciia SC . Khing dinh nao sau day sai

A. 10 L (ABCD).

B. BC L SB.

C. (SA C ) 1a mat phang trung truc ciia doan BD.

D. Tam gidc SCD vuéng 6 D.

Huong dan gidi: Chon C.

Co 10 1a duong trung binh tam giac SAC nén [0//SA
nén /0 L (ABCD).

Phuong an A dung.

BC 1 AB
Cé — BC 1 SB. Phuong 4n B diing
BC 154

{CD 1 4D

\

a = CD L SD nén phuong an D dung.

CD 1S4
Phuong 4n C sai. That vay néu (SA C ) 1a m3t phang trung truc cia BD = BD 1 AC (vd 1y).

Cau 75. Trong cac ménh dé sau day, ménh dé nao 1a dang

A. Néu hai mit phing vuéng goc voi nhau thi moi dudng thiang thudc mit phang nay sé vudng
gbc voi mat phang kia.

B. Hai mit phang phan biét cing vudng goc v6i mot miat phang thir ba thi song song véi nhau.
C. V6imdi diém A4 (a) vamdi diém B e(3) thi ta c6 duong thing 4B vudng goc véi giao

tuyén d cia (a) va (B).
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D. Néu hai mit phang (a) va ( ﬂ) déu vudng goc voi mat phiang ( 7) thi giao tuyén d cua
(a) va (ﬂ) néu cé s& vudng goc voi (]/)

Huéng ddn gidi:

Phuong an A sai vi néu hai mat phang vudng goc voi nhau thi moi dudng thang thudc mat
phang nay vudng goc voi giao tuyén s& vudng goc voi mat phang kia.

Phuong an B sai vi con truong hop hai mat phang cét nhau.

Phuong an C sai.

Vay chon D.

Cau 76. Cho hinh chop S.ABCD c6 day ABCD l1a hinh vuéng canh a, SAJ_(ABCD),

SA=av6. Goi « la goc gitta SC va mp(SAB) . Chon khing dinh dung trong cac khang dinh

sau

1 1 1
A. tana =—=. B. tana =—. C. o =30". D. tana =—.
V8 J7 V6
Huéng dan gidi:
Do BC L (SAB) nén SB 1a hinh chiéu cia SC lén (SAB) = (SC,(S4B))=(SC,SB)=BSC

Xét tam giac SBC c¢o6 tan BSC = BC

Viy chon B.

a\f \f
Cau 77. Cho hinh chop S.ABDC , voi day ABDC 1a hinh binh hanh tam O; AD, SA, AB d6i
mot vudng goc AD =8,5S4=6. (P)la mit phang qua trung diém ciia AB va vudng goc véi
AB . Thiét dién ctia (P) va hinh chdp c6 dién tich bang?

A.20. B. 16. C.17. D. 36.
Hudng dan giai: i ’
Thiét dién 1a hinh thang vuéng di qua trung diém céc canh AB;CD;CS;SB, nén dién tich thiét

(BC+LBC) L sa
2° 7

=36

dién 1a dr = _@ +24)6

2
Cau 78. Cho hinh chop S.ABC c¢6 day ABC 1a tam gidc déu canh a va SA=SB=SC=b.
Goi G latrong tam AABC. B¢ dai SG 1a

\Ob* +3a’ B \b* -3a’ C \9b* -3a® D \b* +3a’
. —3~ . T Se— T
Huong dan gidgi: . i
Theo bai ra hinh chép S.4BC1a hinh chép tam gidc déu. Goi H 1a trung diém cua BC, ta co
SG L (ABC),G € AH .
f @
4

A

Mat khac ta c6: AH =——,SH =,|b* -

> SG=SA.sinSAG =b., /1—(£)2 =b
54 3

Cau 79. Cho hinh chop S.ABC c¢6 day ABC 1a tam gidc déu canh a va SA=SB=SC=b.
Goi G 1a trong tdim AABC. Xét mat phang (P) di qua A va vudng goc voi SC . Tim hé thuc

lién hé gitta a va b dé (P)cat SC tai diém C,nam giira S va C.

A b>a2. B.b<av2. C.a<bhJ2. D. a>hJ2.

Hudng dan gidi:
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2 2

Dé C nam gitra S va C thi ASC <90° > cos ASC > 0 <> 22 % 506bV2>a

Chon dap an C

Cau 80. Cho tirdién ABCDcd AB,BC,CD 461 mt vudng goc. Diém cach déu 4, B,C,D la:
A. Trung diém BC B. Trung diém AD C. Trung diém AC D. Trung diém AB
Huéng dan gidi:

St dung tinh chét trung diém cta tam giac vudng

Cau 81. Cho hinh chép S.4BCD c6 ddy ABCD 1a hinh thoi tim O. Biét SA=SC,SB=SD.
Khang dinh nao sau ddy dung

A. AB L (SAC). B. CD 1 AC. C. SO L (4BCD). D. CD 1 (SBD).
Huéng dan gidi:

Do hinh chop S.ABCDc6 day ABCD 1a hinh thoi tdm O, S4=SC,SB=SD nén
SO 1 (ABCD)

Cau 82. Cho hinh chép S.4BCD c6 day ABCD 1a hinh vudng. Mit bén SAB 1a tam giac déu
c6 duong cao AH vudng goc voi mp(ABCD) . Goi a 1a goc gita BDva mp(SAD) . Chon
khang dinh dting trong cac khing dinh sau

A a=60". B. a=30°. C. cosazﬁ. D. sinazﬁ.
22 202
Huéng dan gidi:
ABI
Goi I 1a trung diém AS, suy ra BI 1 (SAD) > a = IDB. Ta co: Bl =222 ,BD = AB\2.
Suy ra sina—ﬁ—ﬁ
BD 22

Cau 83. Cho t dién 4BCD déu. Goi a la goc giita AB va mp(BCD). Chon khang dinh
dung trong cac khang dinh sau

A. cosa:%. B. cosa:%. C. cosa=0. D. cosa=—

Huéng dan gidi:: )
Goi H 1a hinh chiéu ctia 4 1én mp(BCD), a 1a d6 dai canh cua ti dién ABCD.

a3 BH 3

Ta co azA/ﬁ-I, BH:T. cosa = E:T — Chon dép an A.
Céu 84. Cho tam gidc ABC vudng cantai 4 vaBC =a . Trén dudng thing qua A vudng goc
a6

véi (ABC) lay diém S sao cho S4= - Tinh s6 do goc giita duong thang SB va (A4BC).
A 75 B. 30° C. 45° D. 60°

Huong dan giai:
SB,(ABC)=SBA=a

3

S4 2
= tana:—:—:\/g:a:600
AB  a_

NG
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Céu 85. Cho hinh lap phuong ABCD.A B,C\D,. Goi a la goc gitta AC, va mp(ABCD). Chon
khang dinh dting trong cac khing dinh sau

1 2
A. o =45° B. tanag =— C. tana =— D. a =30°
2 J3
Hudng dan gidi:
Taco m)zﬁzaztanazﬂz a _ 1
AC a2 2

Cau 86. Cho hinh chép S.4BCD c6 day 1a hinh vudng canh a. Puong thing SA vudng goc
v6i mit phing day, SA=a. Goc giita dudng thing SC va mit phang (SAB) la a, khi do

tan @ nhén gia tri nao trong cac gia tri sau

A tana=+/2. B. tana =+/3. C. tanazi. D. tana =1.
V2
Huéng dan gidi:
Taco: S e(SAB)=>S 1ahinh chiéucia S trén (SAB) (1)
BC 1 4B (t/cHY)
BC 1S4 (SAL(A4BCD))

= B la hinh chiéu cia C trén (S4B) (2)

= BC 1 (S4B)

Tir (1).(2) = [SC.(54B)] = (SC.58) = BSC =

Xét tam gidc SAB vuong tai A tacd: SB=+/S4’+ AB* = a2
BC_a _ 1
SB a2 2

Céu 87. Cho hinh thoi ABCD ¢6 tam O, AC=2a. Léy diém S khong thudc (ABCD) sao

Xét tam giac SBC vuong tai B tacd: tana = . Vaychondap an C.

cho SO L (ABCD). Biét tan SOB = % . Tinh s6 do cua goc gitta SC va (ABCD).

A. 75°. B. 45°. C. 30°. D. 60°.

Cau 88. Cho hinh chép S.ABC c6 S4 L (ABC) va tam giac ABC khong vuong. Goi H,K
lan luot 1a tryc tim AABC va ASBC . S6 do goc tao boi SC va (BHK ) la:

A. 45°, B 120°. C. 90°. D. 65°. -
Huong dan gidi: :
Ta co:

BH 1 AC  (gt)

BH 1S4  (SAL(ABCD)

Ma BKLSC:>SCJ_(BHK)
Vay chondap an C.

):>BHJ_(SAC):>BHJ_SC

Céu 89. Cho hinh chop S.ABC c6 day ABC 1a tam giac déu, SA L (ABC ) Goi (P) la mat
phiang qua B va vudng goc voi SC . Thiét dién cia (P) va hinh chop S.4BC la
A. Hinh thang vuong. B. Tam giac déu. C. Tam giac can. D. Tam giac vudng.
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Huéng dan gidi: i Chon D. "H
Goi / la trung diém cua AC,ké IH L SC. Y T
Taco Bl L AC,BI L S4= BI 1 SC. ‘i\ H"““x
Do d6 SC L (BIH) hay thiét dién 14 tam gisc BIH . *.,\ s
Ma BI L (SAC) nén BI | IH hay thiét dién la tam B e - e .
gidc vudng. "-.."‘;h e =
Al

Cau 90. Cho tir dién déu ABCD canha = 12, goi (P) la mit phang qua B va vudng goc véi
AD. Thiét dién cia (P ) va hinh chép c6 dién tich bang

A. 3632 B. 40. C.36\3 D. 36.

Hu’oi’ng dén gidi: i I
Thi€t dién 1a tam giac BCE, voi E la trung diém cua L
AD . Goi F latrung diém cua BC . o .

o . ¥ E_
Ta o BE:CE:#:&E; - | Ao

i :"-. -
EF =\BE* — BF* = 62 = S e
. 1 T e

Dién tich thiét dién la: § =5 BF.BC = 3642 . il

Cau 91. Cho hinh chop S.ABC c6 day ABC la tam giac vudng tai B, canh bén S4 L (ABC )
Mit phang (P) di qua trung diém M cia AB va vudng goc
véi SB cit AC,SC,SB lan luottai N,P,Q. Tt gise MNPQ -

1a hinh gi
A. Hinh thang vuong. B. Hinh thang can.
C. Hinh binh hanh. D. Hinh chir nhét.

Hudng dan gidi:

AB 1 BC BC 1 SB
Ta co: = BC 1 SB. =(P)//BC(1).
SA L BC (P)LSB

Ma (P)n\(ABC)=MN(2).
Tu (1);(2)=MN//BC
Tuong tutacd PQ//BC;PN//S4

Ma SA L BC= PN L NM. Vay thiét dién 1a hinh thang MNPQ vudng tai N.

Céu 92. Cho hinh chép S.4ABC c6 day ABC la tam giac déu, O 1a trung diém ctia duong cao
AH cua tam gidc ABC, SO vudng goéc véi day. Goi / 1a diém tuy y trén OH (khong trung

A

v6i O vaH ). mit phang (P) qua / va vudng goc voi OH . Thiét dién cia (P) va hinh chop
S.ABC 1a hinh gi
A. Hinh thang can B. Hinh thang vuong C. Hinh binh hanh  D. Tam giac vudéng
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Huong deNn gidi. Chon A.
Mat phang (P) vuong goc voéi OH nén (P) song song voi SO
Suy ra (P) cat (SAH) theo giao tuyén la duong thang qua /

va song song v6i SO cat SH tai K )

Tur gia thict suy ra (P) song song BC, do d6 (P) s¢€ cat

(ABC),(SBC) lan luot 1a cac duong thing qua [ va K

song song v&i BC cit AB, AC, SB,SC lan luot tai

M,N,Q, P. Do d6 thiét dién 1a tir gidic MNPQ

Ta c6 MN vaPQ cung song song BC suy ra I 1a trung diém cia MN va K la trung diém
ctia PQ, lai c6 cac tam gidc ABC déu va tam giac SBC can tai S suy ra IK vudng goc voi
MN va PQ d6 d6 MNPQ la hinh thang can.

Cau 93. Cho hinh chop S.ABC c6 diay ABC 1a tam giac déu canh a va SA=SB=SC=b (
a>by2). Goi G la trong tim AABC . Xét mit phing (P) diqua A vavudng goc véi SC tai
diém C, nam gitta S vaC. Dién tich thiét dién ciia hinh chép khi cit béi mat phang (P) la

a’~3b* — a? a*~3b* —a® a*~\3b* +a* a*~3b* +a*

AS=——""— B S=— —— (¢ S=———— D.S=———
3 4b 2b 2b 4p

Hudng dan gidi:

Ké Al L SC = (AIB)L SC. Thiét dién la tam gidc AIB.

- — 2,32 32
Ta c6 Al = ACsin ACS = a\1—cos> ACS = a\/1—(uj =2 Jap — 2

2ab 2b

Goi J 1a trung diém ctia 4B .
Dé thay tam gidc AIB cantai /,suyra IJ L AB.

IJ=JAI? —4J? = %\/3192 —a.
1 a’~3b* —d*

Do d6: S=—AB.1J =
2 4p
Chon A.

Cau 94. Tam giac ABC c6 BC =2a,duong cao AD = a2 . Trén duong thiang vudng goc voi
(ABC) tai 4, 1y diém S sao cho SA=av2.Goi E,F lan luot la trung diém cia SB vaSC
. Dién tich tam gidc AEF bang

—a C. —a* D. —a
4 6 2 2
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Hudng dan gidi:
DoAD 1 BC,S4A1 BC= BC L (SAD)
=BCl1l AH = EF | AH

1
= Suur = EF.AH

Ma EFzéBCza.Do H 1a trung diém SD = AH =a

1
= Spuer = Eaz

Cau 95. Cho hinh chép S.ABC c¢o6 dayABC 1a tam gidc déu canh 2a,

3

SA L (ABC ),SA = aT. Goi (P) 1a mat phang di qua A va vuéng goc voi BC. Thiét dién

ciia hinh chép S.ABC duogc cit boi (P)co dién tich bang

2 2 2
A2 B. 34_ c.3a D. 24
8 2 4 3
Huong dan gidi: Chon C.

Goi M la trung diém cua BC thi BC L AM (1).
Hién nhién AM = a /3.

Ma S4 1 (ABC)= BC 1 SA(2).

Tu (1) va (2) suy ra BC L (SAM )= (P)=(SAM)
Khi d6 thiét dién cta hinh chép S.ABC dugc cit boi
(P) chinh1a ASAM.

ASAM vuong tai 4 nén

1 1 a3 3a’
S =—SAAM = =22 43 =22
ASAM o 2 2 4

Céu 96. Cho hinh chép S.ABC c6 day ABC 1a tam giac déu canh a, S4 L (ABC ) ,94=a.
Goi (P) 1a mat phang di qua S va vudng goc voi BC . Thiét dién cia (P) va hinh chop S.4ABC
c6 dién tich bang
a’\3
4 ~
Huong dan gidi:
Ké AE 1 BC,S4 L BC=> BC 1 (SAE)=(P)
Thiét dién ctia mdt phang (P) va hinh chép S.4ABCla tam

2
gidc SAE c6 dién tich : S, = %SA.AE = %a.ag =4 f

A.

2 2
B. L c. L D. &
6 2
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Cau 97. Cho tr dién SABC c6 hai mit (ABC) va (SBC) 1a hai tam gidc déu canh

NG

a,S4= aT. M 1a diém trén AB sao cho AM =b (0 <b< a). (P) 1a mat phang qua M
va vudng goc v6i BC. Thiét dién cua (P) va tr dién SABC c6 dién tich bang
2 2 2 2
WRE(a g ey Eah) o (at)
4 a 4 a 16 a 8 a
Huéng dan gidgi: ﬂ Chon C.
Goi N la trung diém cua BC.
SB=SC N BC 1L SN
AB=AC |BC L AN

= BC L (SAN).

N Me(P)
Theo baira BC L (P) = [(P)//(SAN)'

Ké MI//AN,MK / /SA
Thiét dién cua (P) va tir dién SABC 1a AKMI.

AABC . . ., A a\/§ \ ‘s A
la hai tam giac déu canh @ = AN = SM = ——= S4=- ASAN la tam giac dcu canh
ASBC 2
2
av3 = AKMI 1a tam gi4c déu canh ﬁ.a_b = S\ zﬂ. azb .
2 2 a 16 a

CAu 98. Cho ttr dién déu ABCD canh a=12, AP la dudng cao cia tam giac ACD . Mit
phang (P) qua B vudng gbc véi AP cit mp(ACD) theo doan giao tuyén c6 d¢ dai bang

A. 9 N B. 6 C.8 D. 7

Hudng dan gidi:

Tacod: CD L AP,CD 1. BP = CD J_(APB):> BG LCD

Tuong tu : ADJ_CM,ADJ_BM:ADJ_(BCM):ADJ_BG

Suyra: BG J_(ABC) = BG 1 AP

Ké KL di quatrong tim G cua AACD va song song voi
CD = AP L KL = (P) chinh la mit phing (BKL)

= (ACD)N(BKL)=KL = %CD =8

C6 thé néi nhanh theo tinh chit tir dién déu:
Goi G latrong tam AACD thi G latdim AACD va
BG 1 (ACD)

Trong mp(ACD) ké qua G dudng thang song song véi
CD cit AC, AD lan luot tai K, L

Ta co (BKL) L (ACD), AP L KL= AP 1 (BKL).Vay
(P)=(BKL)

:(ACD)m(BKL)zKL:gCDz&
3
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Cau 99. Cho hinh chop S.ABCD , véi ddy ABCD 1a hinh thang vudng tai 4, day 1é6n 4D =8
, BC=6, S4 vudng gbc véi mit phing (4BCD), SA=6.Goi M la trung diém AB . (P) la
mit phang qua M va vudng goc v6i AB . Thiét dién cua (P) va hinh chop cé dién tich bang
A 10, B. 20. C. 15. D. 16.
Huong dan gidi: Chon C.

Do (P)L AB=(P)|| 54

Goi 1 la trung diém cua SB = MI || SA= MI c (P)

Goi N la trung diém cia CD=> MN L AB= MN c(P)
Goi K 1a trung diém cia SC = IK || BC, ma
MN||BC=MN ||IK = IK c(P)

Vay thiét dién cta (P) va hinh chop 1a hinh thang MNKI

vuong tai M
Ta c6: MI la dudng trung binh cua tam giac SAB

:>MI=%SA=3

IK 1a dudng trung binh cua tam giac SBC = IK = %BC =3

MN 1a duong trung binh cua hinh thang ABCD = MN = %(AD +BC)=7

Khido s, = K+MN 0 3+7

MNKI 2 2

Cau 100. Cho ttr dién OABC c6 OA,0B,0C d6i mot vudng goc. Ké OH | (ABC).
a) Khang dinh nao diing nhat? H 1a tryc tim ciia AABC

3=15

A. H latrgc tam cua AABC. B. H 1a tim duong tron noi tiép ciia AABC.

C. H latrongtam cua AABC. D. H 1a tam dudng tron ngoai tiép cia AABC.
b) A4BC la tam giac gi?

A. A4BC la tam giac nhon. B. AABC la tam giac tu

C. A4BC la tam giac vudng D. A4BC la tam giac can
¢) Khang dinh nao sau day la ding nhat? Srse =Sroum T Saose T Saoca

1 1 1 1
A. SzABC = 5S§0AB +ES§03c +5S§OCA B. ESZABC = SAZOAB + Szosc + SZOCA
1
C. gSzABC = SZOAB + Szosc + S§OCA D. SZABC = S§0AB + SZOBC + SZOCA

d) Tim tép hop cac diém M trong khong gian sao cho MA® + MB* + MC* =3MO”.

A. M thudc miat phang di qua / va vudng goc v6i OG, trong d6 I 1a diém cach déu
4 diém 0,4,B,C va G la trong tdm cua tam giac ABC

B. M thudc miat phang di qua / va song song véi OG trong d6 I 1a diém cach déu 4
diém 0, 4,B,C va.la trong tdm cua tam giac ABC

C. M thudc mit phang di qua O va vudng goc voi OG, trong d6 G 1a trong tim ciia
tam giac ABC

D. M thudc mit phang di qua O va song song véi OG, trong d6 G 1a trong tim cua
tam giac ABC
Huéng dan gidi..
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1 OB
a) Ta co N }:>OAJ_(OBC):OAJ_BC A

Lai c6 OH L (ABC)= OH L BC
BC 104

ay
BC L OH
= BC L AH (1).

}:> BC 1 (O4H)

B
Tuong tu H}:ACL(OBH):BHJ.AC (2). ©

Tir (1),(2) suy ra H la tryc tdm cta tam giac ABC.

b) Bat O4=a,0B=b,0C =c

Taco BC=+OB* +0C* =\/b* +¢*

Tuong tw AC =~a’ +c*,AB=~a’ +b’

Ap dung dinh 1i cosin cho tam giac ABC ta co

AB? + AC* — BC? (a2+b2)+(a2+cz)—(b2+02) a>
24B.4C 2(a2 +*) (@ +1?) J(@+67) (@ +07)

suy ra A nhon. Tuong tu cac goéc B,C nhon.

¢)Tacod S2,. = %AIZBC2 = %(012 +04*)(0B* +0C?)

cos 4=

= iOIchz +iOA2032 +iOA2OC2 =82+ S 82

d) Goi I 1a diém cach déu 4 diém O, 4,B,C va G 1a trong tAm cua tam giac ABC'thi ta co :
MA® + MB* + MC? =3MO?

—  —\2 —_ —\2 —_——  ——\2 _ —
o (M1+ JA) +(M1 +IB) + (MI+]C) = 3(MI + 10)*
@(171+TB+E?)W=3EM & 3IG.MI =310.IM < OGMI =0 < MI 1. OG (do
IA+IB+1C =31G)
Vay M thudc mat phang di qua / va vudng goc voi OG.
Cau 101. Cho hinh chép S.ABCD c6 ddy ABCD la hinh vudng canh a, S4 1 (ABCD) va
SA=a.Goi I,K lan luot 1a trung diém cac canh 4B va SC. Tinh IK .

a\/z ax/g a\/z B 3a\/§
2 2 3

A IK = B. IK = C. IK= D. IK 5
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Hudng dan gidi:. S

ID=1IC :g suy ra IS =1ID =IC nén I thudc truc

dudng tron ngoai tiép tam giac SCD .
CD 1 4D
Mait khac
CD 1 S4
= CD 1. SD = ASCD vuéng tai D, lai c6 K la trung diém D
cia SC nén K la tim duong tron ngoai tiép tam giac SCD,
do d6 KI 1 (SCD).

= CD L1 (84D)

1 1

Taco IK> = ID* —DK? = ID? —ZSCZ = ID? —Z(SA2 +AC2)
2 2
5i—l(cﬁ+2az)=“—:>11<=0‘\/5.
4 4 2 2

Céu 102. Cho hinh vudong ABCD c6 tam O va canh bang 2a. Trén duong thang qua O vudng
goc véi (ABCD) lay diém S. Biét goc gitta SA va (ABCD) c6 s6 do bang 45°. Tinh do dai
SO

A. SO=a\3. B. SO=a2. C. Soza*f. D. SO:“\ZE.

Huéng dan gidi: Chon B.
Do SO L(ABCD)=>(S4,(ABCD)) =S40 =45°.
Do d6 ASAO vudng can tai O nén SO = A0 = a2
Cau 103. Cho tit dién ABCD c6 DA, DB,DC 361 mt vuong goc. Goi «, £,y lan lugt 1a goc
gitta cac dudng thing DA, DB, DC véi mit phang (ABC )
Tim Gia tri nho nhit cia M = (2 +cot” a)(2+ cot’ ,B)(2 +cot” ;/).
A. 64 B. 8 C.1 D. 642
Huong dan giai:.
Goi H 1a hinh chiéu cua D trén (4BC)
Khi d6 H la tryc tdm cia tam giac ABC.

Va (DA4,(4BC)) = (DA, AH) = DAH = & &
bat DA=a,DB=b,DC =c \\
Goi I = AH N BCthi DI 1a dudng cao cua tam giac DBC nén
DI = DB.DC _ b
BC  Jpec >
D C
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(b +e? 2(p2 4+ 2 )
cotza:D—Az¥32+cot2a:2+a ( 5 ZC) 2 2a > 4a
DI bc bc be  Jbe
4a
2+cot’a>—— (1
T (1)
4b 4c
Tuong tw 2+cot> B>— (2) va 2+cot’ y>—— (3
g B \/E ( ) e \/% ( )

Nhan theo vé cac BDT (1),(2),(3) tadugc (2 +cot’ a)(2+ cot’ ,B)(2+ cot’ }/) > 64 (dpcm)
Céu 104. Trong mit phang () cho duong tron duong kinh c6 dinh BC va M 1a diém di

dong trén duong tron nay. Trén duong thang d vudng goc voi () tai B ldy mot diém A.

a) Khang dinh nao sau day la ding

A. cac mat cua to dién ABMC 1a tam giac vudng B. tam giac ACM vudng can tai M
C. cac mat cua tu dién ABMC 1a tam gidc vuong can D. tam giac ACM vuong tai A
b) Goi H,K lan luot 14 hinh chiéu cua B trén AM va AC. Khéng dinh nao sau day la sai
A. AC L (BHK). B. BH L AC C. A, B déu dung D. A, B déu sai
¢) Tim tap hop diém H khi M di dong
A. H thudc dudng tron duong kinh BK . B. H thugc dudng tron duong kinh AC.
C. H thu¢c duong tron dudng kinh BM. D. H thudc duong tron duong kinh AB.
d) Tim vi tri cuia M d€ doan 4AM 16n nhat

A M=C B. M=B C.M=H D. M=K

e) Tim vi tri cia M dé dién tich tam giac BHK 16n nhat
A. M la cac giao diém cua duong tron duong kinh BC véi duong tron tdim B ban kinh
BA.BC

N2BA® + BC?

B. M 1a cic giao diém cua duong tron dudng kinh BC voi dudng tron tdm B ban kinh
BA.BC

\2BA? + BC?

1
2
C. M la cac giao diém cua duong tron duong kinh BC véi duong tron tdm B ban kinh
3

2

BA.BC

N2BA® + BC®

D. M 1a cac giao diém cua duong tron duong kinh BC véi dudong tron tdm B ban kinh
BA.BC

N2BA®* + BC®

Huéng dan gidi:.

AB 1 BM )
a)Tacd AB L (a)= suy ra cic tam gidc ABM
AB 1L BC
va ABC vudng tai B.
MC 1 MB
MC 1 AB

= MC 1 AM hay tam giac ACM vuodng tai M .
BH 1 AM
b) Ta cod

Tiép theo ta c6 { = MC L (ABM)

= BH L (ACM )
BH 1 MC

= BH 1 AC.
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AC L BH

Vay }:ACL(BHK).
AC 1 BK

¢) D& thay BK cb dinh va BHK =90" nén diém H thudc duong tron duong kinh BK .
Tir d6 ta co tap hop cac diém M 1a duong tron duong kinh BK .

d) MA*> = AB*> + BM* ma AB khong doi nén AM 16n nhét khi MB 16n nhat

S BM=BCoM=C.

BH’+HK® BK’

e) Tacod S, = %BH.HK < khong d6i nén

2

max Sy, =% < BH = HK , luc nay AHBK vudng can tai H nén BH =%.
, 1 1 1 1 1 1
Taco oot P T R
BH® BA~ BM~® BK® AB® BC
nénZ( 12+ lzj: 12+ 12<:> 12: 12+ 22<:>MB= BA.BC
BA® BC BM* BA BM*® BA® BC N2BA® + BC?
2
Vay max Sy, zﬁc @MB:ﬂ & M 1A céc giao diém cla dudng tron
4 V2BA* + BC
duong kinh BC véi duong tron tdm B ban kinh __BABC
N2BA* + BC®

Cau 105. Cho hinh chép S.ABCD c6 day ABCD la hinh chit nhat véi 4B =a,BC = a3,
mat bén SBC la tam giac vudng tai B, mit bén SCD vuong tai D va SD = a\/g .
a) Tinh S4

A. SA=a B. S4=2a C. $S4=3a D. SA=4a ’
b) Buong thang qua 4 vudng goc voi AC cat CB,CD lan luot tai /,J. Goi H 1a hinh chiéu
cia A trén SC.Goi K,L1a cac giao diém K, L cia SB,SD voi (HLJ). Khiang dinh nao sau
day la ding nhat

A. AK L(SBC),  B. ALL(SCD)  C. AKLSC  D.CaA,B,C déudung
Huéne dan gidi:.
a) ASBC vuédng tai B=> BC L. SB ma BC 1. AD = BC 1 (SA4B)
= BC 1 54.
Twong ty ta c6 SA L CD nén SA L (ABCD).
Taco
SC=~/DS*+DC* = a6

— SB=~/SC?—BC* =a\2
= S4=~/SB> - AB* =a.
Vay SA=a.

IJ 1 AC
b) Do

= IJ L(SAC)= 1J L SC
154

Laico A4H L SC= (HIJ) L SC= AK 1L SC (1)
Dé thiy BC L (SAB)= BC L AK (2)
Tur (1),(2) suyra 4K L (SBC). Lép ludn tuong tw taco AL L (SCD).
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Cau 106. Cho hinh chop S.4BC c6 day ABC latam giac vudngcantai B, AB=a,SA= a3
va SA 1 (ABC).Goi M 1a diém trén canh 4B va AM =x (0<x<a),mat phang () diqua
M vavudng goc v6i AB  Gia st thiét dién cta hinh chép S.ABC véi (a) la tir gide MNPQ

a) Hoi tor giac MNPQ 1a hinh gi

A.Hinh chirnhat ~ B.hinhvuéng ~ C. hinh thang D. hinh binh hanh
b) Tim x dé dién tich thict dién MNPQ 16n nhat
A x=2 B. x=—— . x=4 D. x=a
2 2 2

Hudng dan gidi:.
1 4B
Ta ¢6 {(a) = 541|()
SA L AB
M €(S4B)n(a)
Do d6 1S4 < (S4B) = ()N (S4B) = MN || SATuong tu
SA|l(«)
1 4B
{(a) = BC||(a)
BC 1 AB
M e(a)n(4BC)
BC c(4BC)
BC||(e)
= (a)"(4BC)=MQ||BC,Q € AC
N e(SBC)n(a)
BCc(SBC) = (a)n(SBC)=NP| BC,PeSC.
BC||(a)
Thiét dién 1a tir gidc MNPQ.
b) Tacd MN || S4,PQ || SA= MN || PO va MQ|| BC,NP|| BC = MQ || NP nén MNPOQ la
hinh binh hanh.

MN || 54
Mit khac { NP|| BC = MN L NP.Vay MNPQ la hinh chir nhét.

SA L BC

. —x)a3
by Taco MO =AM —x, YN _MB _y MBSA_(a x)a\/_zﬁ(a—x)
SA 4B AB a
a’ aY . a3
SMNPQ:MN.MQ:\/E(a—x)x:\/g[T—(x—EJ <=
2

max S0 :# khi x=2.
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Cau 107. Cho hinh vuéng ABCD c6 tdm O va canh bang 2a. Trén dudng thing qua O vudng
goc v6i (ABCD) lay diém S. Biét goc giita S4 va (ABCD) ¢6 sb do bang 45°. Tinh d6 dai
SO

B a2

. D. SO = .
2 2

A. SO=a\3. B. SO=aV2 . C. SO
Huéne dan gidi:

Chon B.

Do SO L(ABCD)= (S4,(ABCD))=540=45°.

Do d6 ASAO vuéng can tai O nén SO = A0 =a2 .

Cau 108. Cho tir dién ABCD c¢6 AB,BC,CD d6i mot

vudng goc va AB=a,BC=b,CD=c.Do dai 4D

A Na+b +c*. B. Ja’+b* —c*. C.NJa*=b*+c*. D. NV-a*+b* +¢*.
Huong dan gidi. :

Tacd: BC L CD=> BD=+/BC* +CD* =~b* +¢*

AB 1 BC
AB 1 CD

Vay chon dap an A4.
Cau 109. Cho hinh chép S.4BCD c6 day ABCD la hinh vuong canh a, SA L (ABCD) va

Mt khac: { = AB L (BCD)= AB L BD AD = AB*+BD* =a* +b* +¢*

SA =a~J2 . Gia st ton tai tiét dién cta hinh chép v6i mit phing (a) diqua A vudng goc voi
SC. Tinh dién tich thiét dién
2 2 2 2
a2 B 5= 92 c 593 b, 5= dN2
R 2 3 3
Huong dan gidi:.
Goi K 1a hinh chiéu ctia 4 trén SC thi K €(a).Trong (SAC) goi I =SONAK.

A §S=

Ta ¢6 P }:BDL(SAC) = BD L SC, mjt khac

(a) L SC nén BD||(a).
Ie(a)n(SBD)
Vay {BD — (SBD)
BD||(«)
= (a)N(SBD)=HL|| BD,H € SD,L € SB
Thit dién 1a t& gidc AHKL .

HL|| BD 1
b) Do = HL 1L AK =S ., =— AH KL
BD 1 AK 2

Tacd SA=AC = a\/z = ASAC cantai.,, ma AK 1 SC nén

K 1a trung diém cua SC:AK:%:%I:CI
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2
HL||BD:>£=£=£=£:>HL=%BD=Zaﬁ. VaySAHKL:la,Z“\E:“\E,
BD SD SO 3 3 3 273 3

Cau 110. Cho hinh chép tam giac déu S.4BC c6 canh day bang a, duong cao SO =2a. Goi
M 1a diém thudc duong cao 44" cua tam gidc ABC. Xét mit phang (a) di qua M va vudng
goc v6i AA4'. Pat AM = x. Gia st tOn tai thiét dién cua hinh chép khi cdt boi (). Gid sir tinh

duoc dién tich thiét dién theo a va x . Xac dinh vi tri cia M dé dién tich thiét dién 16n nht.

A.xzﬁ B.x:?’a\/§
8 2

C.x=3—a D.x=3a\/§
8 8

Hudmg dan gidi..

Vi S.4BC la hinh chép déu nén SO L (A4BC)

(O la tam tam gidc ABC). Do dé SO L AA, ma
(a)ll 44, = SO||(«).

Twong tu ta cling c6 BC || (a)

Trwong hop 1. x =0 thi thiét dién 1a diém A .

a3

Truong hop 2. 0<x£T thi M thudc doan 4O (M = A4).

M €(ABC)n\(a)
Tacd: {BCc(4BC)  =(a)n(4ABC)=1J||BC,I € AB,J e AC
BC||(ax)
M e(a)n(S544))
Tuong tw < SO < (S44,) = (a)N(S44,)=MK || SO,K € S4.
SO|l(a)
Thiét dién 1a tam giac KLJ .
a3 a3
3 2

Truong hop 3. khi d6 M thudc doan

<x<

OA(M #0;M + A4)
Tuong ty nhu treong hop trén ta co:
M e(ABC)n(a)
BC < (4BC)
BC||(«)
:(a)m(ABC):IJllBC,
IeAB,J e AC '
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M e(a)n(844))

SOc(844) = (a)n(S44,)=MN || SO,N € 54,.
SO||(e)

N e(a)n(SBC)

BCc(SBC) = (a)n(SBC)=EF | IJ,N € EF
BC||(a)

Thit dién 1a tr gidc IJEF .

Truong hop 4. x = % thi thiét dién 1a doan BC.

b) Xét cac truong hop:
x=0=58,=0, “I =S, =0
0<x£§, thi S, =%IJ.MK.
Tacé IJ || BC =L -AM __* :>1J=2’“/g
BC A4, N 3
2
MK AM  x 12x/3
Tuong tu =22 = — MK =2x3. Vay S, =— 2x3=2x7.
EY S0 Ta0 T o3 WP =5y
3
“33 <x<¥,dé thay LJEF 1a hinh thang nén SUEF:%(IJ+EF)MN
; a3
=3 EE_SN _OM _° 3 = EF =2(x\3-a)
3 "BC S4 04, a3
6
a3
MN M4, o _ ) 2
001" T = MN =2(3a-2xy3). Vay SUEF—E(4xx/§—3a)(3a—2x\/§).
6
2
Xét cac truong hop ta thay Sy 16n nhit trong truong hop ¥<x<$ va maxSUEFz%
khix:3a£/§.

Cau 111. Cho tam giac ABCtai C c6 canh huyén ndm trén mit phang (P) va céac canh goc
vudng tao véi (P) cac goc a, B Gia st 0 1a do 16n goc giita dudng cao CK véi (P). Khing
dinh nao sau day la dang nhat

A. sin6=\/2sin2a+2sin2ﬂ B. sind =/sin’ a +sin’ S

C. sind =%\/sin2 a+sin’ B D. sind =24/sin’ a +sin’ S
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Huéng dan gidi:.
Ké CH L (P) thi CKH la géc gitta CK va (P) va dé thay

(C4,(P))=CAH = a,(CB,(P))=CBH = j c
biat CH=h,taco CA= _h ,CB = _h
sin sin
2 2 1 1
AB*> =CA* +CB* = ,hz + .hz =h| ——+——|.
sin“a sin” sin“ sin” 8
Xét tam gidc ABC c6 CK.AB=CA.CB A H
h h
. R
CACB _ sina sin h

=CK =

4B \/1 (sin2a+sin2ﬂj _\/sin2a+sin2ﬁ'

h*\ sin’ asin® B

Ta co sin@zgzdsinza+sin2[)’.

CK
Cau 112. Cho hinh chép S.ABCD c6 day ABCD 1a hinh vudng canh a, tdm O.
SO L (ABCD), dudng thing SA tao véi hai mit phang (ABCD) va (SBC) céc goc bang
nhau. Goi H 13 hinh chiéu cua 4 trén (SBC).

a) Tinh SA khi HB =%

a5 a5 a5 a3

B.
2 3 4 2

A.

b) Tinh géc giita duong thang SA véi (ABCD).

A p= arctan\/g B. ¢ =arctan \/g C. ¢ =arctan \/g D. ¢= arctan\/g

Huéng dan gidi..
a) Dé thay (m) =S40 = nén SO = SAcos ¢ (1).
Goi / 1a trung diém cta BC thi ta co {O] L BC
SO 1 BC

Ké OK L SI thi OK L BC nén OK 1 (SBC).
Ké At||OK cat CK tai H , khi do tacod

AH || CK
{CK 1 (SBC)
do AH =SAcosp (2).
Tu (1),(2) taco 4H =SO.

= BC L(SI0)

= AH 1 (SBC) nén (ST,(STC))zS?I?Iz(p do

Khi BH =< thi trong tam giac vuong HAB co

2
2
AH =AB* —HB® = ,/az —(%) = af :
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2 2
= 50=4H =3 = s4=J50° O£ = a3 +ax/§ :a\/E_
a3
SO_ 2 \F f
) tan @ o1~ alz \2 ¢ = arctan, |
2

Cau 113. Cho hinh chép S.ABCD c6 day ABCD la hinh chir nhat, S4 1 (4BCD), SC=a.
Goc gitra duong thang SC véi cac mit phang (ABCD) va (S4B) lan luot 1a o va 8.

a) Tinh S4
A. SA=asina B. SA==acosa C. SA=atan D. S4=2asina
b) Tinh AB
A. %a\/cos(aﬂﬂ)cos(a—ﬂ) B. 2a\/c0s(a+ﬂ)cos(a—ﬁ)
C. 3a\/cos(a+/3)cos(a—/3) D. a\/cos(a+ﬂ)cos(a—ﬂ)

Huéng dan gidi:
a) Do S | (ABCD)=> (S4,(4BCD)) = SAC = a.
BC 1 AB
BC 1 84
= (SC.(54B))=SBC= 4.
S4=SCsina =asina
b) SB=SCsin f=asin
AB =~SB* —SA4* = Ja* sin> f—a*sin’ &
_ a\/l—cosZ,b’ _1-cos2a

2 2 .
= a\/cos(a + ) cos(a—f3)
Cau 114. Cho tr dién OABC c¢6 OA,0B,0C d6i mot vudng goc. Goi H 1a tryc tdm cuia ti
dién. Goi A4, B,C 1a ba goc tuong ing cua tam giac ABC. Pat o = A/O?[,,B = 13/071,;/ = COH
. Khang dinh nao sau day la dung nhat

Tuong tu { = BC L (S4B)

A sin’ _ sin” 3 _ sin® y B sin’ 2« _ sin* 23 _ sin” 2y
sin4 sinB  sinC sin24  sin2B  sin2C

C sin’ 2a _ sin’ 23 _ sin® 2y D sin’ & _ sin” 3 _ sin® y
sin A4 sin B sinC sin24 sin2B  sin2C

Cau 115. Cho tir dién ABCD c6 BDC =90°. Hinh chiéu H ciia D trén mit phing ABC 1a
truc tam tam giac ABC'.

a) Tinh CDA
A. CDA = 60° B. CDA=90" C. CDA = 45" D. CDA =30

b) Khang dinh nio sau day la ding nhat
A. 6(DA’ + DB’ +DC*)2(AB+BC+CA)’  B. 6(DA*+ DB’ +DC*)25(AB+BC+CA)
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C.3(D4’+ DB’ +DC*)>(AB+BC+C4)"  D.
2(DA* + DB+ DC?) 2 3( 4B+ BC +CA)’

Hudng dan gidi:
. {BC 1 DH
a)

Vi
BC 1 AH

Tuong tw ta c6 (BDH) L AC = DB L AC, Vi vy
{DBJ_DC

= BC L(ADH) = BC L DA (1)

= DB 1 (ACD)= DB 1 DA (2).
DB 1L AC

Tir (1),(2) suyra DA L (BCD)=> DA L DC hay CDA=90".
b) Tu cau a) ta théy tar dién ABCD c6 cac canh DA, DB,DC
d6i mdt vuong goc.

Theo BPT Cauchy-Schwraz ta cé (AB+BC+CA) <3(AB*+BC’+CA’)

AB* =DA* + DB’
Ma { BC* = DB’ + DC nén (AB+BC+CA)’ <6(DA’+DB*+DC?).

CA’ =DA* + DC?
Ding thirc xay ra khi 4B =BC =CA=> AABC déu
Ma chan duong cao cia D tring voi tam day ta duoc D.ABC 1a hinh chop déu dinh D.
Cau 116. Cho tir dién OABC c6 cac canh OA4,0B,0C d6i mot vuong goc. M 1a mot diém bat
ki thuéc mién trong tam giac ABC.
MA> MB®> MC’

2 + 2 + 2"
o4~ OB° OC
A. min7 =3 B. min7T =2 C. minT =4 D. min7 =6

b) Goi H la tryc tam tam gidc ABC va «, f,y lan luot la goc gira duong thang OH véi cac
duong thing 0A4,0B,0C . Tim gia tri 16n nhét cia A = cot a cot Scot ¥

a) Tim gia tri nho nhat cia T =

A. maxA:g B. maxA:% C. maxA:% D. max A4=2
¢) Tim GTNN ciia § = cosa+zcosﬁ+cos,3-|;cosy+ c057/+2cosa
cos” ¥ cos” o cos” f
A. minS =643 B. minS =+/3 C. minS=6 D. minS =4
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Huéng dan gidi:
a) Goi N =AM NBC,ké MM, || OA thita co
04 1 (OBC)
MM, || 04
ké MA, 1 OA, 4, € OA. Khi d6
AM? = AA’ + MA? = AA} + MO* — 04}
=OM’ +(A44,-04,)(A44,+04)) B
= OM”* + 04(04-204,)
= OM* + 04> =204.04,
2 2
AM2 _ OM2 ! (1),
04> 04 0A
Tuong tu goi B,,C, la cac diém tuong tu nhu 4 thita co
2 2 2 2
MB2 :OM2 1208 2) MC2 :OM2 e (3)
OB> OB OB oc’ ocC ocC

Tir (1),(2),(3) taco T=0M2( Lo Ly lzj_2(0A1+031+0C1j+3
o4 0B’ OC 04 OB OC

Goi H la tryc tAm ciia tam gidc ABC thi ta da biét két qua quen thudc

= MM, 1 (OBC)

Suy ra

1 1 1 1 . oM* 04, OB, OC,
—t— b —— = - nén T = -2 + + +3
04~ OB° 0OC* OH OH 04 OB OC
Mit khac 04 _NM _ Sy Tuong tu OB, _ Siuc ’ OC, _ Sius nén 04, N OB, N ocC, _q
NA S, OB S, OC S, 04 OB OC
, oM’ A .
DodoT=0H2+122do OM>0OH. Vay minT=2khi M=H .

Cach 2. biat 5;1:21,5]}:[;,5622. Do A,B,C,M déng phéng nén ton tai X, ¥,z sao cho
sza+yO—B+ZR’ (x+y+z=l).
Ta co A_MzO—Z\/“I—gﬁz(x—l)§+B+E,binh phuong vo hudng ta dugc

MAZ 272 2.2
AM2=(x—1)2az+y2b2+zzc2:>OA2 :(x—1)2+ya? Zai :
MB* x'a’ 2 2’ MC* Xa® yh’ 2
T t = +(y-1) + = + +(z-1
uong tu OBZ b2 (y ) b2 ’ Oc2 c2 CZ (Z )

R T U U VS L PR D S
Vi vay T—(?+b—2+c—2j((z X +b'y +cz )+1 > ;.ax+g.by+z.cz +1=2

Vay min7 =2.
b) Dé thdy « = AOH, 8 = BOH ,y = COH .

1 1 1 1 OHY (OHY (OHY
Tacd -+ -+ > = - & + + =1
04> OB> 0OC* OH 04 OB ocC

< cos’ a+cos’ B+cos’ y =1 (1).

2
:  cos® x= 1 _ cot'x (*)

Laicod 1+tan’ x = —= >
CcoS™ x l+tan“x 1+cot”x
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Ap dung CT (*) cho x nhén céc gid tri a, 3,y vakét hop véi (1)thu duge
cot’ o cot’ 3 cot’ y _

l+cot’a l+cot’ B l+cot’y o

bat x =cot’ a, y = cot’ B,z =cot’ y (x,y,z>0) thi bai toan tr thanh

Cho x,y,z>0 thoa SR A =1. Chirng minh xyzﬁl.
I+x 1+y 1+z 8
Tac) 2+ =lesl-—=P 4 = > 2
I+x 1+y 1+z I+x 1+y 1+z (1+y)(1+z)
1 yz
=4 22 2).
I+x (1+y)(1+z2) (2)

Tuong tu ta co :
1 Xz o1 Xy
>2 3 >2 4
o AT O e A iy @

Nhan theo timg vé cic BDT (2),(3)(4) ta duoc xyz Sé (dpcm).

¢) Tuong ty nhu cau b) ta c6 min S = 63 .
Cau 117. Trong khong gian cho dudng thing A va diém O. Qua O c6 miy dudng thiang vudng
goc véi A cho trude

A. V50 B.2 C.3 D. 1
Chon dap dan A ‘ .
Cau 118. Trong cac ménh d¢ sau day, ménh d€ nao la dung i

A. Hai mat phang phan biét cung vudng goc véi mot mat phang thi song song

B. Hai duong thang phén biét cung vuong géc vdi mot mat phang thi song song

C. Mot mat phang (a) va mot duong thang a khong thudc (a) cung vudng goc voi
duong thang b thi (0{ ) song song vdi a.

D. Hai duong thang phan biét ciing vudéng goc v6i mot duong thing thi vudng goc véi
nhau
Chon dap an B
Duva vao dépvén, ta ¢O6 cac nhan xét sau: 7
* Hai mat phang phan biét cung vudng goc voi mdt mat phang thi song song hoac chéo nhau.
« Mot mit phang ( a) va mot duong thang a khong thude (0{ ) cung vudng goc v6i duong thang
b thi (a) song song v&i a hodc ct nhau.
« Hai duong thang phan biét ciing vudng goc voi mot dudng thang thi song song voi nhau.
Cau 119. Cho hinh chop S.ABCD c¢6 day ABCD la hinh vudéng va SA L (ABCD) .Goil, J K
1an Iuot 14 trung diém cia AB, BC va SB. Khang dinh nao sau day sai

A. (IJK)//(S4C) B. Géc gitta SC va BD ¢6 s6 do 60°
C. BD 1 (IJK) D. BD 1 (S4C)
Chon dap an B
_ ; . LJ//4c
+) Goi 1, J, K lan luot 1a trung diém ctia AB, BC va SB nén 1K /IS4 = (IJK) / /(SAC).

+) Goi M 14 trung diém cuia S4 va O 1a tdm ciia hinh vuéng 4BCD nén OM //SC.
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Khi do6 (/SE\BD) = (m =90° vi tam giac MBD cén tai M.

+)Tacé BD L AC va SA L(ABCD)=> SA L BD

suy ra BD | (SAC) ma ([JK) / /(SAC) =BD 1 (IJK).

Cau 120. Cho hinh chop S.ABC théa man S4 = SB = SC . Tam giac ABC vuong tai 4. Goi H
1a hinh chiéu vudng goc cua S 1én mit phang (AB C ) . Tim khang dinh sai trong cac khang dinh

sau
A. (SBH)N(SCH)=SH B. (SAH)N(SBH ) = SH
C. AB L SH D. (SAH)N(SCH )= SH
Chon dap dan A
Ta co

HA=~SA* —~SH? ,HB =~/SB* - SH’ ,HC =~/SC* -~ SH” .
Baira SA =SB =SC = HA= HB = HC = H latam duong
tron ngoai tiép A4BC . 7
Ma AABC vudng tai A = H 1a trung diém cua canh BC.
Khi d6 (SBH )N (SCH) =2 = A sai.
(SAH)N(SBH ) =SH => B dung.
(SAH) m(SCH) =SH = D gdang.
Tu SH L (ABC) = SH 1 AB = C ding.
Cau 121. Cho hinh chop S.ABC c6 S4=SB=S8C va tam giac ABC vuong tai B. V&
SH 1 (ABC), He (ABC) . Khang dinh nao sau day ding
A. H tring véi trung diém ctia AC B. H trung vo6i trye tdm tam gidc ABC
C. H trung voi trong tam tam gidc ABC D. H trung véi trung diém cua BC

Chon dap dan A

Taco HA=~SA> —SH? ,HB =~/SB*> —SH? ,HC =~/SC* —SH" .

Baira S4 =SB =SC = HA=HB = HC = H 1atam dudng tron ngoai tiép AABC.

Ma AABC vuong tai B = H la trung diém cta canh 4C = A4 ding va B, C, D sai.

Cau 122. Cho hinh chép S.ABC c6 S4 L (ABC) va tam gide ABC khong vudng, goi H, K 1an
luot 1a tryc tam cac AABC va ASBC . Cac duong thang AH, SK, BC thoa man:

A. Bong quy B. D61 mét song song C. D61 mét chéo nhau D. Pap an khac
Chon dap dan A

Goi M = AH "BC = BC 1L AM .

BC 1 84

BC 1L AM

:BCL(SAM):BCJ_SM:SMLBC

Ma K la true tdam cia ASBC = K € SM

= AH,SK,BC dbng quy tai M.

Cau 123. Ménh dé nao sau day sai

A. Hai mit phang phan biét ciing vudng goc véi mot duong thang thi song song.

B. Hai duong thang phén biét ciing vudng goc voi mot dudng thang thi ba thi song song.

SAJ_(ABC):SAJ_BC:{
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C. Mot duong thang va mot mat phang (khong chira duong thang di cho) cling vudng goc véi
mot dudng thang thi song song nhau.
D. Hai duong thiang phan biét ciing vudng goc véi mot mat phang thi song song.
Chon dap an B
R& rang A ding. Dap an B sai vi hai duong thang d6 c6 thé chéo nhau. Hién nhién C, D ding.
Cau 124. Cho hinh chop S.ABCD c¢b ddy ABCD la hinh thoi tam O. SA L (ABCD). Cac
khéng dinh sau, khéng dinh nao sai

A. SA 1L BD B. SC L BD C. SO L BD D. AD 1 SC
Chon dap an D
Tu S4 L (ABCD) = S84 L BD = A ding.

Tir SA L (ABCD)= SA L BD = BD L SA ma

BD 1. SC
BD 1 AC= BD 1 (SAC)= = B va C dung.
BD 1 SO

R& rang BC khong vuong goc véi L SC ma AD//BC
= AD khong vuong goc voi SC = D sai.

Cau 125. Qua diém O cho trudc, c6 bao nhiéu mit phing vudng goc véi duong thang A cho
trude .
Al B. 2 C.3 D. Vo s0
Chon dap dan A
Cau 126. Cho hinh chop S.ABCD, d4y ABCD la hinh vuéng ¢6 tam O, SA L (ABCD). Goi I
1a trung diém ciia SC. Khang dinh nao sau day sai
A. BD 1 SC B. /0 1 (ABCD).
C. (SA C ) 1a mit phang trung truc cua doan BD D. S4=SB=SC
Chon dap an D
Tu S4 L (ABCD) =S84 1L BD= BD 1 S4 ma
BDJ.AC:>BDJ.(SAC):> BD 1 SC = A4 dung.
Xét trén (SA C ) , ta ¢6 OI 1a dudng trung binh cia ASAC

= O0I//SA.Ma SA L (ABCD) =0l L (ABCD)
= B ding.
Theo trén thi BD L (SAC) — (SAC) 1 BD ma OB =0D = C dang.

T SA L (ABCD) =S4 1L AB= SB > SA= D sai.
Cau 127. Cho hinh chép S4BC c6 cac mit bén nghiéng déu trén day. Hinh chiéu H cta S trén

(ABC ) la:
A. Tam dudng tron noi tiép tam giac ABC B. Tam dudng tron ngoai tiwé'p tam giac ABC
C. Trong tam tam giac ABC D. Giao diém hai duong thang AC va BD
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Chon dap dan A
K¢

HMJ_AB,HNJ_BC,HPJ_CA(M eAB,NeBC,PeCA)Béi ra ta c6 ngay

%zSTV?I:ﬁ:tan.@:tanSﬁ:tanﬁ
N SH _ SH _ SH
~HM HN HP )
Két hgp véi HM 1 AB,HN 1 BC,HP 1 CA—= H l1atam duodng tron ndi tiecp AABC .
Cau 128. Khing dinh nio sau day sai
A. Néu dudng thing d vudng goc v6i hai duong thing cit nhau ndm trong (a) thi d

= HM = HN = HP .

vudng gbc v6i bat ki duong thang nao nim trong (a ) .
B. Néu duong thang d L (a) thi d vudéng goc v6i hai duong thang trong (a)
C. Néu duong thang d vudng goc véi hai dudong thang nam trong (a) thi d L (a)
D.Néud L (a) va duong thing a//(a)

Chon dap dan C

dld,

dld,

Xétdapan 4 —<d, Nd, :M:>dJ_(a): A dang.

d, c(a)

d, < (a)

R& rang B 1a dap an dung.

d.ld,

dld,

Xétdapan C —>4d,//d, =d c6thécat ()= C sai.

d c(a)

d, c(a)

RG rang D 1a dép an dung.
Cau 129. Trong cac ménh dé sau, ménh dé nao sai

A. Hai dudng thang phéan biét ciing vudng goc véi 1 duong thang thir ba thi song song
v6i nhau.

B. Mit phang (P) va duong thang a khong thudc (P) cuing vudng goc voi duong thang

b thi song song vdi nhau.
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C. Hai mit phang phan biét ciing vuéng géc vi mot duong thang thi song song véi
nhau.

D. Hai duong thing phan biét ciing vudéng goc v6i 1 mat phang thi song song véi nhau.
Chon dap dan A
Cau 130. Cho hinh chép S.ABCD c6 day ABCD 1a hinh chit nhat, S4 L (ABCD) .AE va AF
1a cac dudng cao ctia tam giac SAB va SAD. Chon khang dinh dung trong cac khang dinh sau?

A.SC L(AFB)  B.SCL(A4EC)  C.SCL(AED)  D.SC L(AEF)
Chon dap an D

BC 1 4B
Ta co

BC 1 .84
= AE 1 (SBC)= AE 1 SC.

CD 1 SD
Tacod

{CD 154
= AF L (SCD)= AF L SC.
{SC 1 AE

= BC L (SAB)= BC L AE ma AE 1L SB

= CD 1 (SAD)= CD L AF ma AF 1 SD

4

Ta co

= SC L (AEF).
SC L AF

Cau 131. Cho hai duong thang phan biét ¢, b va mit phang (P), trong d6 a L (P) Chon
ménh dé sai trong cac ménh dé sau

A.Néu b L(P) thia//b B.Néub//(P)thibLla

C.Néu b//a thi b L(P) D.Néua Lb thi b//(P)
Chon dap an D i .
Cau 132. Trong cac ménh dé sau, ménh d¢€ nao sai

A. Néu duong thfmg a song song voi mat phéng (P) va duong thfmg b vudng goc voi
a thi b vudng goc v6i mit phang (P)

B. Néu duong thang a song song v&i dudng thang b va b song song v4i mit phang
(P) thi a song song hodc thudc mit phang (P)

C. Néu duong thang a song song v&i mit phang (P) va duong thang b vudng goc voi
mit phang (P) thi @ vuong goc voi b.

D. Mot duong thépg vudng goc v6i hai duong thang cit nhau thuec mot mit phang thi
nd vudng goc véi mat phang do.
Chon dap dan A i
Cau 133. Cho ttr dién ABCD c¢6 AB = AC va DB = DC . Khang dinh nao sau day dling

A. AB 1 (ABC)  B.BC L AD C.CD L(4BD) D. AC LBD
Chon dap an B
AB=4C
0 = AD 1 BC.
DB =DC

CAiu 134. Cho ti dién SABC théa mian S4 =SB =SC . Goi H 1a hinh chiéu cua S lén mp
(ABC). Poi véi AABC taco diém H 1a

A. Tryc tam B. Tam duong tron ndi tiép

C. Trong tam D. Tam duong tron ngoai tiep
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Chon dap an D
Do H 1a hinh chiéu cua S 1én (ABC) = HA=HB = HC = H 13 tim dudng tron ngoai tiép
cua tam giac ABC. )
Cau 135. Cho tt dién OABC c6 ba canh 04, OB, OC d6i mét vuong goéc. Goi H 1a hinh chiéu
cua O 1én (ABC ) . Khang dinh nao sau déy sai

A. H 1a tryc tam tam giac ABC. B. 04 L BC.
1 1 | 1

C.30H* = AB* + AC* + BC*? S E bt ——
OH®> 04> O0B* OC

Chon dap an C
04 L OB
Taco
04.10C
ma OH L BC = BC L(O4AH)=> AH 1 BC

Tuong tu BH L AC = H la tryc tam cua tam giac ABC
1 1 1 1 1

= + —
OH® 04> OM*

= 0A 1L (OBC)= 04 L BC

Goi M la trung diém cta BC ta c6 =——+t—+ >
04~ OB° OC

Cau 136. Trong khong gian cho duong thang A khong nim trong mp(P). Puong thing A
duogc goi la vudng goc voi mp (P) néu:
A. vudng goc v6i hai dudong thang phan biét nam trong mp (P)
B. vudng goc voi duong thang ¢ ma a song song v4i mp (P)
C. vudng goc voi dudong thang a nam trong mp (P) .
D. vudng goc v6i moi duong thang nam trong mp (P)
Chon dap an D
DPuong thing A vudng gbc voi mit phing (P) néu n6 vudng goc voi moi dudng thang nim
trong mit phang (P) :
Cau 137. Cho a, b, c 1a cac dudong thang trong khong gian. Tim ménh dé sai trong cac ménh
de sau.
A Néualbvablcthiallc.
B. Néu a vudng goc véi mit phing (a) vab/ /(a) thia Lb.
C.Néua//bvaiblcthicla.
D.Néu a L b,c L b vaacit ¢ thi b vudng goc voi mit phang (a,c) .
Chon dap dn A
Trong khong gian néu a@ L b va b L ¢ thi chua chic a//c: Tinh chit nay chi lun
dung trong hinh hoc phang.
Ciu 138. Cho tir dién SABC ¢6 SA L (ABC) va AB L BC . Sb cac mit cua ttr dién SABC la
tam giac vudng la
Al B.2 C.3 D. 4
Chon ddp an D. Céac mat cua tu di¢n 1a tam gidc vuong 1a S4B, SAC, SAD, SBC.
Cau 139. Cho hai dudng thing a, b va mp (P) . Chi ra ménh dé dung trong cac ménh dé sau

A. Néu a//mp(P) va b L a thi b//mp(P)
B. Néu a//mp(P) va bJ_mp(P) thia lb
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C.Néu a//mp(P)va b La thi b Lmp(P)

D.Néu a//mp(P) va b//a thi b//mp(P)

Chon ddp dn B. Néu a//mp(P)va b Lmp(P) thiaLlb.

Cau 140. Cho hinh chép S.ABCD c6 SA L (ABC) va AABC vuéng & B. AH 1a dudng cao

ciia ASAB . Khing dinh nao sau day sai

A. SA 1L BC B. AH 1 BC C. AH L AC D. AH 1L SC
Chon dap dan C
+) SA L (ABC)= SA L BC vi BC < (4BC).

+) SA L BC va AB 1 BC suyra BC 1 (SAB)=>BC L AH vi AH —(SA4B).
+) AH 1 BC va AH 1 SB suyra AHJ_(SBC)SAHLSC vi SCC(SBC).

Cau 141. Cho hinh chép S.ABCD ¢6 SA L (ABC) va day ABCD la hinh chit nhat. Goi O 1a

tam ctia ABC va I 1a trung diém ciia SC. Khang dinh nao sau day sai
A. 10 1 (ABCD) B. BC L SB

C. (SA C ) 1a mit phang trung truc cta doan BD D. Tam giac SCD vuong & D

Chon dap an C i
+) O 1a tdm cua hinh chit nhat ABCD = O la trung diém cua AC.
Va7 1a trung diém ctia SC = OI 1a dudng trung binh cua tam gidc SAC
=O0Il//SA= Ol L (ABCD)
+) S4 L (ABCD)=> SA L CD ma CD 1 AD
suyra CD 1 (SAD) = CD 1L SD = ASCD vuobng tai D.
+) 84 L (ABCD) =S84 1 BC ma BC 1 AB suyra BC L (SAB) = BC L SB.
+) BD khong vudng goc v6i mit phang (SAC ) vi BD khéng vudng goc véi AC.
Cau 142. Trong cac ménh dé sau ddy, ménh dé nao 1a dung
A. Hai mit phang (a) va ( p ) vudng goc voi nhau va cat nhau theo giao tuyén
B. Néu hai mat phang vudng goc voi nhau thi moi dudng thang thudc mit phang nay s&
vudng goc voi mat phang kia i
C. Hai mat phang phén bi¢t cung vudng goc vdi modt mat phang thir ba thi song song
v6i nhau
D. Vi mbi diém A e (a) va mdi diém B e (ﬂ) thi ta c6 duong thang AB vudng goc
véid
D. Néu hai mit phang (0{ ) va ( p ) déu vudng goc véi mit phang (7/) thi giao tuyén d
clua (a) va (,B) néu c6 s& vudng goc voi (}/) .
Chon ddp dan C i
Hai mét phang phén biét cung vudng goc v6i mot mat phang thir ba thi song song voi nhau.
Cau 143. Chi ra ménh dé sz}i trong cac m¢nh de sau i ]
A. Cho hai duong thang vudng goc voi nhau, mat phang nao vudéng goc voi dudng thang
nay thi cling vudng goc voi duong thang kia. 7
B. Hai duong thang phan biét cung vudng goc voi mot mat phang thi song song voi
nhau.
C. Cho hai mat phflpg song song, dudng thang nao vudng gbc v4i mit phang nay thi
cling vuong goc voi mat phang kia.
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D. Cho hai dudng thing song song, mit phiang nao vudng goc vdi duong thang nay thi
cling vudng goc voi dudng thang kia.
Chon dap dan A
Dura vao cdc dap an, ta c6 nhan x¢ét sau:
* Hai duong thang phén biét cung vudng goc voi mot mat phang thi song song voi nhau.
* Cho hai mat phang song song, duong thang nao vudng goc véi mat phang nay thi cling vuong
gdc voi mit phang kia.
« Cho hai duong thing song song, mit phang nao vudng goc v6i duong thing nay thi ciing
vudng gbc v6i duong thang kia.
Cau 144. Cho t dién ABCD c¢6 AB,BC,CD d6i mot vudng goc. Piém cach déu 4, B, C, D
la

A. Trung diém BC  B. Trung diém AD  C. Trung diém AC  D. Trung diém 4B
Chon dap an B
Goi I 1a trung diém ctia 4D, vi tam gidc ACD vudng tai Cnén I4 =ID = IC..
Tacé DC L AB ma AB L BC = AB 1 (BCD)=> AB 1 BD = AABD vuéng tai B.

Ma 7 1a trung diém ciia AD nén IA=ID=1IB . Do d6 IA=IB=IC =1ID.
Nén diém cach déu bon diém 4, B, C, D 1a trung diém cta AD.
Cau 145, Cho hinh chép S.ABCD c6 cac canh bén biang nhau. Goi A 1a hinh chiéu cia S 1én
(ABCD) . Khang dinh nao sau day sai
A. HA=HB=HC=HD
B. Tur gidc ABCD noi tiép dugc trong dudng tron
C. Céc canh S4, SB, SC, SD hop v6i day ABCD nhiing géc bang nhau
D. Tt giac ABCD l1a hinh binh hanh
Chon dap an D

HA=~SA> - SH* ,HB =~ SB* — SH”

HC =~SC*-SH? ,HD =~ SD* — SH’
Baira SA=8B=SC=8D—= HA=HB=HC=HD
= Tu giac ABCD noi tiep dudng tron tam H, ban kinh
R=HA=HB=HC=HD= A vaBding.
Tur d6 tor gidc ABCD khong nhat thi€t 1a hinh binh hanh = D sai.

(84,(4BCD)) = S4H ,(SB,(4BCD)) = SBH

Ta co

Lai co

(SC,(4BCD)) = SCH.(SD,(ABCD)) = SDH
Hon nira do SA=SB=SC=SD:>sinSﬁ=sinS/BB=sinﬁ=sinﬁ

—

= SAH = SBH = SCH = SDH = C dlng.

Cau 146. Cho hinh chép S.ABC théa min S4 = SB = SC . Goi H 1a hinh chiéu vudng goc cua
S 1én mp (ABC ) . Chon khang dinh dung trong cac khang dinh sau

A. H la tryc tam tam giac ABC

B. H 1a trong tdm tam giac ABC

C. H 1 tim duong tron ngoai tiép tam giac 4BC

D. H 1a tam duong tron ndi tiép tam gidc ABC

Chon dap an C

Goi H 1a tim dudng tron ngoai tiép tam giac ABC.

Goi M, N lan luot 1a trung diém ciia 4B va BC. Khi d6 HM | AB,HN 1 BC.
Tam giac SAB can tai S = SM 1 AB , tam giac SBC cantai S = SN 1 BC.
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Do do
HM 1 AB HN 1 BC

= AB 1 (SMH)= AB 1 SH, = BC L (SNH)= BC L SH
SM 1 AB SN L BC

Suyra SH L (ABC ) = H 14 hinh chiéu vudng goc ciia S 1én (ABC ) .
Cau 146. Cho tr dién déu ABCD canh a =12, goi (P) 1a mat phang qua B va vudng goc voi
AD. Thiét dién cua (P) va hinh chép cé dién tich bang
A. 3632 B. 40 C. 363 D. 36

Chon dip an D
Goi M la trung diém cda canh AD.
Tacé AABD va AACD déu

{AD 1 BM

=

AD 1. CM
Do d¢ thiét dién ciia (P) va hinh chép ABCD la ABCM .
%ﬁ _ # _ 643

ACN3 1243
2 2

Khi d6 goi H 1a trung diém ciia canh BC = MH 1 BC

= S, = %BC.MH = %.12\/BM2 _BH? =6\72-6" =36.

= AD L (BCM )= (P) chinhla (BCM).

Ta co ngay BM =

va CM = = 6\/5 = ABCM céan tai M.

Cau 147. Cho hinh chép S.4BC ¢6 day ABC la tam giac déu, SA L (ABC). Goi (P) la mat
phang qua B va vudng goc véi SC. Thiét dién cua (P) va hinh chop S.4BC la

A. Hinh thang vuéng B. Tam giac déu C. Tam giac can D. Tam giac vudng
Chon dap an D

_[M=(P)nSC
Goi

N=(P)n4C

Tacé SC L(BMN)=>SC L BN = BN 1 AC.

Tir SA L (ABC)= SA L BN = BN 1 S4.

Nhu vay
{BN 1S4

= thiét dién can tim chinh 1a ABMN .

= BN 1 (SAC)= BN L MN = ABMN
BN 1 AC

vuong tai N.

Cau 148. Cho hinh chop S.ABC c6 day ABC la tam giac déu, O 1a trung diém cta duong cao
AH cua tam giac ABC, SO vudng goc véi day. Goi I 1a diém tuy ¥ trén OH (khong tring véi O
va H). Mit phang (P) qua / va vudng goc vi OH. Thiét dién cua (P) va hinh chop S.ABC la
hinh gi

A. Hinh thang can B. Hinh thang vuong C. Hinh binh hanh D. Tam giac vudng
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Chon dap dan A

Taco (P) qua / E(ABC) va

(P) LOH < (ABC)=(P) L(A4BC).

Ma SO L (ABC)=>(P) quaK véi KI //SO(K e SH).

Goi P:(P)mAC,Q:(P)mAB:PQJ_OH ma

OH 1 BC= PQ//BC.

Mit phang (P) s€qua M €SB va N € SC.

Thiét dién chinh cin tim chinh 1a tr gidc MNPQ. , ‘

Hon nfra, ta c6 ngay tor giac MNPQ 1a hinh thang can nén thiét dién can tim 1a hinh thang can.
Cau 149. Cho hinh chop S.ABC c6 day ABC la tam giac vuong tai B, canh bén S4 vuong goc
v6i day. Mit phang (P) di qua trung diém M ctia AB va vudng goc véi SB, cit AC, SC, SB lan
luot tai N, P, Q. T giac MNPQ 1a hinh gi

A. Hinh thang vuéng B. Hinh thang can ~ C. Hinh binh hanh ~ D. Hinh chit nhét
Chon dap dan A

Qua M ké duong thang vudng goc v4i SB cit SB tai Q.

Qua M, Q lan lugt ké cac dudng thiang song song voi BC cit cac
canh AC, SC lan luot tai N, P.

Khi ¢6 MNPQ la thiét dién ciia mat phang (P) véi khéi chop

Taco QP//MN va MQ L PQ

= MNPQ 1a hinh thang vuéng.

Cau 150. Cho tr dién SABC c6 hai mat (ABC) va (SBC) 1a hai tam giac déu canh a,

a3
2

S4 =

. M 1a diém trén 4B sao cho AM zb(() <b< a). (P) 1a mit phiang qua M va

vudng géc véi BC. Thiét dién ctia (P) va tir dién SABC c6 dién tich bang
3\/§(a—b)2 \/g(a—b)2 3\/§(a—b)2 3\/§(a—b)2
A —————— B, ———~— C.———— D. ——~—
4 4 16 8
Chon dap dan C
, I ST 1 BC
Goi / 1a trung diém cua BC =
Al 1 BC
M ké MN vudng gbéc v6i BC, ké MP song song vGi SA,
PeSB =(P)=(MNP)//(SAI) L BC nén thiét dién la
mit phang MNP. Ta ¢

= BC 1 (S4I).

MN _BM _ .. BM AI:a—b'a\/gzﬁ(a_b)
Al BA BA a2 2

v MP_BM . BM SA:a—b.a\/gzﬁ(a_b).
SA  BA BA a2 2

3 3
Do d6 tam gidc MNP la tam giac déu canh %(a - b) .

Céu 151. Cho tir dién déu ABCD canha =12, goi (P) 1a mit phing qua B va vudng goc véi
AD. Thiét dién cua (P) va hinh chép c6 dién tich bang
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A. 3632 . B.40. C.36\3 D. 36.
Chon A.

Thiét dién 1a tam gisc BCE , véi E 1a trung diém ctia 4D .
Goi F 1a trung diém cua BC .

Ta ¢6 BE=CE=#=6\/§; EF =NBE*-BF*=6J2.

Dién tich thiét dién 1a: S = %EF.BC =36v2.

o)

Cau 152. Trong khong gian cho dudng thang A va diém O . Qua O c6 bao nhiéu dudng thang
vuong goc voi A cho trude

A. V6 s0. B.2. C.3. D. 1.

Chon A.

Céu 153. Cho hinh chép S.4BC c6 ddy ABC 1a tam giac déu canh a va S4=SB=SC =b (
a>b\2). Goi G 1a trong tm AABC . Xét mit phing (P) diqua A vavudng goc véi SC tai

diém o nam giita S va C . Dién tich thiét dién cta hinh chép khi cit boi mat phang (P) la

a’\3b* -a* a’\3b* -a* a*\3b* +a’ a’\3br +a’
AS=—— B S=——"-—7—. c.S=— D.S=——"——.
4p 2b 2b 4b
Chon A.
Ké 41 1 SC = (AIB) 1 SC. Thiét dién 1a tam giac AIB.
Ta co

o —— 2 2_ 2
Al = ACsin ACS = a\1 —cos® ACS = a\/l—{mj = %\/41;2 —a® Goi J 1a trung

2ab
diém cia AB . Dé that tam giac AIB cantai I,suyra IJ L AB.

I =~JAI? = 4J? = %\/3192 —a’.
1 a’\3b* —d?

Do d6: S=—AB.1J =
2 4p

Cau 154. Cho tir dién ABCD c6 canh 4B, BC, BD vudng goc voi nhau tung d6i mot. Khéng
dinh nao sau day ding

A. Géc gitta CD va (ABD) 1a goc CBD . B. Géc gitta AC va (BCD) 1a goc ACB.
C. Goc gitta AD va (4BC) 1a goc ADB. D. Géc gita AC va (ABD) 1a goc CBA.
Chon B.

Do 4B, BC, BD vudng goc voi nhau ting d6i mdt nén AB L (BCD) ,suy ra BC 14 hinh chiéu
cia AC lén (BCD).

H 138



Tuyén chon va giéi thiéu: Nguyén Qudc Hoan 0913 661 886

Cau 155. Cho hinh chép S.4BC théa man S4 = SB = SC. Tam giac ABC vudng tai 4.
Goi H 1a hinh chiéu vudng goc cia S 1én mp(ABC ) Tim khang dinh sai trong cac khang

dinh sau
A. (SBH)N(SCH) = SH . B. (SAH)N(SBH) = SH .
C. AB L SH . D. (S4H)N(SCH) = SH.

Chon A. (SBH) m(SCH) = (SBC)
Cau 156. Cho hinh chop S.4BC c6 day ABC la tam giac déu, SA L (ABC). Goi (P) la mat
phing qua B va vudng goc voi SC . Thiét dién cua (P) va hinh chop S.4BC la

A. Hinh thang vudng. B. Tam gi4c déu. C. Tam giac can. D. Tam gidc vudng.
Chon D. s

Goi [ 1a trung diém cua AC,ké IH 1 SC .
Taco BI L AC,BI L SA= BI L SC.

Do d6 SC L (BIH) hay thiét dién la tam gidc BIH . ’
Ma Bl L(SAC) nén BI L IH hay thiét dién 1a tam

T A W c

B

Cau 157. Cho hinh chop S.ABC c6 SA=SB=SC va tam giac ABC vuong tai B. V&
SH 1(ABC) , H €(ABC). Khang dinh ndo sau ddy ding

A. H trung véi trung diém ciia AC . B. H trung véi truc tam tam giac ABC.
C. H trung véi trong tdm tam giac ABC. D. H trung véi trung diém ctia BC.
Chon A.

+ Ta c6 tam gidc ABC vuodng tai B nén trung diém H cta AC 1 tim duong tron ngoai tiép
tam giac ABC . Goi d 1a truc cua tam giac ABC = d J_(ABC) tai H.

+ Mt khéc: SA=SB=SC néndiém Sed = SH L (A4BC)

Céu 158. Cho hinh chép S.ABC c6 day ABC 1a tam giac déu canh a. Hinh chiéu vudng goc
cua S Ién (ABC ) tring v4i trung diém H cia canh BC . Biét tam giac SBC 1a tam giac déu.
Tinh s6 do cua goc giita SA va (ABC )

A. 60° B. 75° C. 45°
Chon C.

Do H 14 hinh chiéu ctia S 1én mit phing (ABC) nén SH L (ABC )
Vay AH l1a hinh chiéu cia SH 1én mp (ABC )
= (S4;(ABC)) = (S4; AH ) = SAH

Taco: SH L(ABC)= SH L AH

Ma: aABC =aSBC = SH = AH .
Vay tam gidc SAH vudng cantai H = SAH =45°
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Cau 159. Cho hinh chop S.ABC c6 S4 L (ABC) vatam giac ABC khong vudng, goi H, K

1an luot 1a tryc tim cac tam giac ABC va SBC . Cac duong thang AH, SK, BC
thda man:

A. Pong quy. B. B6i mot song song.

C. B6i mét chéo nhau. D. Pap an khac.

Chon A.

Goi AA' 1a duong cao cia tam giac ABC = AA' 1 BC ma
BC 1 84 nén BC 1 §4'

Vi H va K 1an luot 14 tryc tAm cia tam giac ABC va SBC
nén H va K lan luot thuge A4’ va SA’

Vay AH, SK, BC ddng quy tai 4’

Cau 160. Ménh dé nao sau day sai

A. Hai mat phang phan biét cting vudéng goc voi mot dudng thing thi song song.

B. Hai duong thang phan biét cting vudng goc voi mot dudng thing thir ba thi song song.

C. Mot duong thang va mot mit phiang (khong chira dwdng thang da cho) cliing vudng goc voi
mot dudng thang thi song song nhau.

D. Hai dudng thing phén biét ciing vudng goc véi mot mit phang thi song song.

Chon B.

Céu B sai vi : Hai duong thang phéan biét ciing vudng goc véi mot dudng thang thi c6 thé cat
nhau, chéo nhau.

Céu 161. Cho hinh chop S.ABC c6 BSC =120°,CSA=60°, ASB =90°,54 = SB = SC. Goi

I 13 hinh chiéu vudng goc cua S 1én mp (ABC ) Chon khing dinh dang trong cac khang

dinh sau i

A. I latrung diem A4B. B.7 1a trong tam tam giac ABC'.
C. I latrung diem AC. D. I latrung diem BC.

Chon D.

Goi SA=8SB=SC=a

Taco: aSACdéu = AC=S4=a

aSABvudng cantai S = AB = a2

BC =+/SB* + SC* —25B.SC.cos BSC = a3

= AC? + AB> = BC* =2 ABC vudng tai A4

Goi I 14 trung diém ctia AC thi / 1 tim dudng tron A

ngoai tiép tam gidc ABC. Goi d 1a tryc ciia tam gidc ABC thi d diqua [ va d J_(ABC )
Mit khac: S4=SB=SCnén Sed.Vay SI L(ABC) nén I 14 hinh chiéu vudng goc ciia §
1én mit phang (ABC )

Ciau 162. Cho hinh chép S.ABCD c6 day ABCD 1a hinh thoi tim O, SA L (4BCD). Cac
khéng dinh sau, khéng dinh nao sai
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A. SA L BD B. SC L BD C. SO L BD D. AD 1 8C
Chon D.
Taco SA L (ABCD) = SA L BD

Do tir gidc ABCD 1a hinh thoinén BD L AC, ma S4 1L BD

nén

BD 1 (SAC) hay BD 1 SC,BD 1 SO b
AD khong vudng géc SC \
Chon dap an D. B .

B
Cau 163. Qua diém O cho trudc, co bao nhiéu mit phang vudng goc voi duong thang A cho
trude
Al B. 2 C.3 D. V6 s6
Chon A.
Theo tién dé qua diém O cho trude c6 duy nhat mot mat phang vudng goc voi duong thang A
Cau 164. Cho hinh chop SABC c6 S4 L (ABC ) Goi H, K lan lugt 1a tryc tAm cac tam giac
SBC va ABC . Ménh dé nao sai trong cac ménh dé sau
A. BC1(SAH).  B. HK L(SBC).  C. BCL1(S4B). D. SH, AK va BC dong quy.
Chon C.
TacoBC 1. SA,BC 1 SH = BC 1 (SAH) s
Taco CK 1L AB,CK L SA = CK 1 (SAB)hayCK L SB
Mat khac ¢c6 CH L SB nén suyra SB1 (CHK) hay SB L HK ,
tuong tu SC L HK nén HK 1 (SBC)
Goi M 1a giao diém cua SH va BC. ﬂ
Do BC L (SAH) = BC 1 AM hay dudng thang A
AM tring véi dudng thang 4K . Hay SH, AK va BC dong quy.
Do do BC L (SAB) sai s
Cu 165. Cho hinh chép S.4BC c6 ddy ABC la tam giac déu, O la trung diém cua dudng
cao AH cua tam giac ABC, SO vuodng goc voi day. Goi [ 1a diém tuy y trén OH (khong

trung v6i O va H ). Mit phang (P) qua / va vudng goc voi OH . Thiét dién cia (P) va hinh
chop S.4BC 1a hinh gi

A. Hinh thang can B. Hinh thang vuong C. Hinh binh hanh D. Tam giac vudng
Chon A

Mat phang (P) vudng goc voi OH nén (P) song song voi SO
Suy ra (P) cit (SAH) theo giao tuyén 1a duong thing

qua / va song song v6i SO cat SH tai K )

Tur gid thiét suy ra (P) song song BC, do do (P) s& cat
(ABC),(SBC) lan luot 1a cac duong thing qua I va K

song song véi BC cit AB, AC, SB,SC lan luot tai

M,N,Q, P.Do d6 thiét dién 1a tir giac MNPQ

Taco MN vaPQ cung song song BC suyra [ la

trung diém cia MN va K 1a trung diém cua PQ , lai c6 cac
tam giac ABC déu va tam giac SBC cén tai S suy ra K vudng goc voi MN va PQ dé d6
MNPQ la hinh thang can.
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Céu 166. Cho hinh chép S.ABCD , ddy ABCD 14 hinh vudng c6 tim O, SA4 L (ABCD). Goi I
1a trung diém cia SC . Khing dinh nao sau ddy sai
A. BD 1 SC B. 10 1 (A4BCD).

C. (SAC) 1a mt phang trung tryc cta doan BD D.S4= SB= SC.

Chon D.
Tacd BD L AC,BD 1 SA suyra BD1 (SAC) hay

BD 1 (SAC)nén BD 1 SC ,va O la trung diém cua
BD suyra (SA C ) 12 mét phang trung truc cia doan
BDTac6 OI songsong SA suy ra 10 1 (ABCD).
SA =SB =SC sai B

Cau 167. Cho hinh chép S.ABCD c6 day ABCD 1a hinh vudéng canh a,
SA 1 (ABCD),SA = arJ6. Goi a 1a goc gitra SC vamp (ABCD). Chon khing dinh dung trong
cac khang dinh sau

A. a=30" B. cosa :g. C. o =45". D. a =60".
Chon D. )

Vi S4 1 (ABCD) nén AC 1a hinh chiéu vuong goc cua SC 1én (4BCD).

= Goc giita gitta SC va mp (ABCD)bang goc SC& AC. = o = SCA.

Xét tam gidc SAC vudng tai 4 co:tan :%:%:\E:ﬂx:@q
a

Cau 168. Cho hinh chop S.4BC c6 cac mit bén tao véi ddy mot goc bang nhau. Hinh chiéu
H cua S trén (ABC)la

A. Tam dudng tron noi tiép tam giac ABC. B. Tam duong tron ngoai tiép tam giac 4BC.
C. Trong tam tam giac ABC. D. Giao diem hai duong thang AC va BD.
Chon A. i )

Goi M, N, P lan luot 1a hinh chiéu ciia S 1€n cac canh AB, AC, BC.

Theo dinh 1y ba duong vudng goc ta c6 M, N, P lan luot 1 hinh chiéu cia H 1én cac canh
AB, AC,BC = SMH = SNH = SPH = ASMH = ASNH = ASPH = HM = HN = NP = H
1a tAm duong tron noi tiép ciia A4BC.

Cau 169. Khang dinh nao sau day sai

A. Néu duong thing d vudng goc v6i hai dudng thing cit nhau ndm trong () thi d vuéng
goc voi bat ki dudng thang ndo ndm trong (a).

B. Néu duong thang d L (a) thi d vudng goc véi hai duong thang trong (a).

C. Néu duong thang d vudng goc voi hai duong thang nam trong (a) thi d L (a).

D.Néu d L () vaduong thang a//() thi d La.

Chon C.

Néu duong thang d vudng goc véi hai dudng thiang cit nhau ndm trong (a) thi d L (a). (PL
vé diéu kién dé dwong thang vuéng goc véi mat phang).

Cau 170. Trong khong gian cho dudng thang A khong nim trong mp (P) , duong thang A

dugc goi 1a vudng goc véi mp (P) néu

H 142



Tuyén chon va giéi thiéu: Nguyén Qudc Hoan 0913 661 886

A. vudng goc v6i hai dudng thang phan biét nam trong mp (P)

B. vudng goc voi duong thing @ ma a song song voi mp (P)

C. vudng goc véi dudng thing @ nam trong mp (P)

D. vudng gboc v6i moi duong thang nim trong mp (P)

Chon D.

Duong thang A duge goi 1a vudng goc véi mit phiang (P) néu A vudng goc véi moi dudng
thang trong mit phing (P) . (PN dwong thang vudng géc véi mdt phang).

Cau 171. Cho a,b,cla cac duong thang trong khong gian. Tim ménh d¢ sai trong cac ménh

désag
A Néualbvablcthiallc

B. Néu a vudng goc véi mit phang (a) va b//(a) thi a Lb.
C.Néua//bvablcthicla.
D.Néu a Lb,b Lc va a cit ¢ thi b vudng goc voi mit phang (a,c).

. falb q
Chon A. Néu {Zl thi @ va ¢ co thé trang nhau
C

Cau 172. Cho hinh chép S.4BC ¢6 S4 L (ABC) va AB L BC. S6 cac mit ciia tir dién S.4BC
la tam giac vudng la

Al B.2 C.3 D. 4
Chon D.
Co6 AB 1 BC = AABC latam giac vudng tai B.
. SA 1 AB . . A .
Taco S4 L (4BC)= = ASAB,ASAC 1a céc tam giac vuong tai A.
S41 4C

5 AB 1 BC : A .
Mt khac = BC L SB = ASBC la tam giac vudng tai B.
SA 1 BC

Vay bbn mit cua tt dién déu 1a tam giac vudng.

Cau 173. Cho hinh chép S.ABC c6 day ABC latam giac vudngtai B, canhbén SA L (ABC).
Mit phéang (P) di qua trung diém M ciua AB va vudng goc voi SB cat AC,SC,SB lan lugt
tai N, P,Q. Tt gidc MNPQ la hinh gi

A. Hinh thang vudng. B. Hinh thang can. C. Hinh binh hanh. D. Hinh chir nhat.
Chon A. s
(4B LBC
Ta co: = BC 1L SB.
S41 BC
BC 1L SB
a = (P)//BC(1). Ma (P)n(ABC)=MN(2). &
5 oy = (P)/BC0). M (P)(as) (). C
Tu (1);(2)=MN//BC. Tuongtytacd PQ//BC;PN//SA b
Ma SA 1L BC= PN L NM.
Vay thiét di¢n la hinh thang MNPQ vudng tai N. B

Cau 174. Trong cac ménh dé sau, ménh dé nao sai
A. Hai duong thang phan biét cung vudng goc voi mot duong thang tha ba thi song song voi
nhau.
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B. Mit phang (P) va duong thang a khong thudc (P) cing vudng goc voi duong thang b thi
song song voi nhau.

C. Hai mit phang phan biét ciing vudng goc voi mot duong thang thi song song véi nhau.

D. Hai duong thiang phan biét ciing vuéng goc véi mot mat phang thi song song véi nhau.
Chon A.

Hai dudng thang phan biét ciing vudng goc véi mot dudng thang thir ba thi chiing c6 thé chéo
nhau hodc song song vdi nhau. Vi vay dap an A sai.

Cau 175. Cho hinh chép S.ABCD c6 day ABCD la hinh chit nhat, S4 | (4BCD). Goi

AE; AF lan luot 1a cac dudng cao ctia tam giac SAB va tam gidc SAD. Chon khang dinh dting
trong cac khang dinh sau

A. SC L(AFB). B. SC L(A4EC). C. SC L(A4ED). D. SC L(AEF).
Chon D.

AB 1L BC AE 1 SB
Ta c: { = BC 1 (S4B)= BC L AE. Viy: { = AE 1 SC(1)

SA L BC AE 1 BC

Tuong ty : AF L SC(2). Tu (1);(2)= SC L(A4EF).

Cau 176. Cho hinh chop déu, chgn ménh dé sai trong cac ménh dé sau:

A. Chén duong cao cua hinh chdp déu tring voi tam cia da giac day do.

B. Tat cd nhimg canh cta hinh chop déu bang nhau.

C. Day ctia hinh chop déu la mién da gidc déu.

D. Cac mat bén ctia hinh chop déu la nhiing tam giac can.

Chon B. i .

Hinh chop déu c6 thé c¢6 canh bén va canh day KHONG bang nhau nén dap an B sai.

Cau 177. Cho hinh hdp ABCD.A'B'C'D'. C6 day 1a hinh thoi BAD=60" va
A'A=A'B=A'D. Goi O=ACNBD. Hinh chiéu cia 4" trén (4BCD) 1a

A. trung diém cta AO. B. trong tam AABD.
C. giao cua hai doan AC va BD. D. trong tam ABCD.
Chon B.

Vi A'A=A'B= A'D = hinh chiéu cia 4" trén (ABCD)
trung v6i H 1a tim dudng tron ngoai tiép A4BD (1)

Ma tir gidc ABCD 1a hinh thoi va BAD = 60°nén ABAD
1a tam giac déu (2)

Tu (1) & (2) = H latrong tdm AABD.

Cau 178. Cho hai duong thang phan biét a, b va mit phing (P), trong d6 a L (P) Chon
ménh dé sai trong cac ménh dé sau
A.Néu b L (P)thi al/b. B. Néu b//a thi b L (P).

C.Néu bC(P) thi b La. D.Néu a L b thi b/(P).
ChonD. Néu bC(P)thia lb
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Cau 179. Cho hinh chép S.ABC c6 day ABCla tam gidc déu canh 2a, SAJ_(ABC),

B3

SA4 = aT. Goi (P) 1a mat phang di qua 4 va vuong goc voi BC. Thiét dién ciia hinh chop

S.ABC dugc cit boi (P)c6 dién tich bang

2 2
A3 L c. 2a p. 2¢
8 2 4 3
Chon C.

Goi M la trung diém cia BC thi BC L AM (1).
Hién nhién AM = a+/3.

Ma SA4 L (ABC)= BC L S4(2).

Tu (1) va (2) suy ra BC L (SAM )= (P)=(S4AM)
Khi d6 thiét dién ctia hinh chép S.ABC duoc cit boi
(P) chinh1a ASAM. ASAM Vuéng tai 4 nén

1 la\f \/—

S =—SAAM = ———
Asam = 5

Cau 180. Trong cac ménh dé sau, ménh dé nao sai
A. Néu duong thing a song song véi mit phing (P) va duong thing b vudng goc véi a thi
b vudng goc véi mit phang (P)
B. Néu dudng thang a song song voi duong thang b va b song song voi mit phang (P) thi a
song song hodc nam trén mat phang (P)
C. Néu duong thing a song song voi mit phiang (P) va duong thing b vudng goc v4i mit
phing (P) thi avudng goc voi b.
D. Mot duong t}léng vudng goc v4i hai dudng thang cit nhau trong mot mat phang thi né vuéng
gbc voi mat phang do.
Chon A.

Gia st xét hinh 1ap phuong ABCD.A'B'C'D' nhu hinh

A'B'//(ABCD)

Ve co nhung B'C'//(ABCD).
B'C'L A'B'

Cau 181. Cho hinh chép S.4BCD, day ABCD la hinh vudéng canh bang a va S4 | (ABCD).
Biét S4 = g. Tinh goc gitta SC va (4BCD).

A. 30° B. 60°. C. 75" D. 45°.
Chon A.
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Tt gidc ABCD 1a hinh vuéng canh a nén AC = a2.
SA L (ABCD) = AC 1a hinh chiéu vudng goc ciia SC 1én
(ABCD)= SCA 1a goc gitta SC va (ABCD).
Tam giac SAC vudng tai 4 nén
— S84 _aJ6 1 1

oy 0
tan SCA = ic 3 'aﬁ:ﬁ:>SCA:3O .
Cau 182. Cho tir dién ABCD c6 AB= AC va DB = DC. Khang dinh nio sau day ding
A. AB L( ABC). B. BC L AD. C. CD L( 4BD). D. AC L BD.
Chon B.

Goi M 1a trung diém cia BC.
AB = AC N BC 1 AM
DB=DC |BCLDM

= BC L (ADM )= BC 1 AD.

Cau 183. Cho hinh lap phuvong ABCD.A'B'C'D"'. Goi « 1a géc gitta AC"' va mp (A'BCD').
Chon khang dinh diing trong cac khing dinh sau

A a = 30" B. tana = ——. C.a = 45" D. tana =~/2.
NE)
Chon D.
[Aa'cnac' =1
1
C'DNCD'=H
[c'DLcD o
ma = C'D 1L (4'BCD')= IH lahinh
C'DLA'D'

chiéu vudng géc cia AC"' 1én (4'BCD") = C'IH 1a goc
gitta AC' va (4'BCD"). Ma

tanC’IH:C—H:L.TZ = \/5
IH

N

Cau 184. Cho tir dién SABC thod man S4 =SB =SC. Goi H la hinh chiéu cia S 1én mp
(ABC). DPbi v6i AABC taco diem H la

A. Truc tim  B. Tam dudng tron ndi tiép  C. Trong tdim  D. TAm dudng tron ngoai tiép
Chon D.

SH 1 AH
SH 1 (ABC)={SH L BH
SH L CH
Xét ba tam giac vuong ASHA, ASHB,ASHC c6
S4=SB=SC
{SH chung
= HA=HB=HCmaH c(ABC)= H
chinh 14 tim dudng tron ngoai tiép AABC.

= ASHA = ASHB = ASHC
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Cau 185. Cho tir dién OABC c6 ba canh 04, OB, OC d6i mét vudng go6C. Goi H 1a hinh
chiéu cta O 1én (ABC ) Khang dinh nao sau day sai
. P_1 + ! + ! .
OH®> 04’ 0B> 0cC’
C. H latryc tam AA4BC. D. 30H? = AB*> + AC* + BC".
Chon D.
OA 1 OB
{OA lLocC
ding.
Tuong tu chiing minh dugec OC 1 AB.
Ol 1 BC
} {OH L Ar
Ta co:
Ol 1 BC
{BC 104

A. OA L BC.

= 04 L (OBC)=>04 L BC = dap an A

= BC 1 (0AI)= BC 1. OH = OH 1 (A4BC).

L _ 1 + L + ! + ! = Pap an B dung
OH?> 04> 0I* 04> O0B* 0cC*? '
AB L OC

AB 1 OH
Tu (1) va (2)= H la truc tim A4BC = DPap an C dung.
Cau 186. Cho tir dién SABC c6 hai mit (4BC) va (SBC) la hai tam gidc déu canh a,

3

SA4 :aT, M 1a diém trén 4B sao cho AM =b (0<b<a). (P) 1a mat phang qua M va

Ta co: { = AB 1 (OCH)=- AB 1. HC(1). Tuong ty BC L OH (2).

vudng goc véi BC. Thiét dién ciia (P) va tir dién SABC c6 dién tich bing

2 2 2 2
NEACYERA p. Y3 (a=b) c. 33 “‘bj . p, 23 “‘b) .
4 a 4 a 16 a 8 a

Chon C. i
Goi N 1a trung diém cua BC.

SB=SC BC L SN

= = BC L (SAN).
AB=AC |BC L AN
| Me(p)
Theo baira BC L (P) = .
(P)//(S4N)

Ké MI//AN,MK //SA = Thiét dién cua (P) va ti dién SABC 1a AKMI.

AABC . s a3 e

la hai tam giac déu canh a = AN = SM = =84 =- ASAN latam giac déu canh
ASBC 2
2

a3 = AKMI 1atam giac déu canh ﬁ azb = Saxr = ﬁ azb .

2 2 a 16 a

Cau 187. Cho hinh chép S.4BC théa mian SA=SB=SC.Goi H la hinh chiéu vudng goc
cua S lén mp(ABC ) . Chon khang dinh dung trong cac khang dinh sau
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A. H latryc tam tam giac ABC.

B. H la trong tam tam giac ABC'.

C. H la tam duong tron ngoai tiép tam gidc ABC.

D. H 1atam dudng tron ndi tiép tam gidc ABC.

Chon C.

Do hinh chop S.ABC c6 SA=SB=SCva SH L (ABC)

nén SH la tryc cda hinh chép S.ABC = HA=HB=HC.

Nén H la tim duong tron ngoai tiép tam gidc ABC.

Cau 188. Cho hai duong thang a,b va mp(P). Chi ra ménh d¢ dang trong cic ménh dé sau:

A.Néu a//(P) va b La thi b//(P). B.Néu a//(P) va b L(P) thi a Lb.
C.Néu a//(P) va b La thi b L(P). D.Néu a L(P) va b La thi b//(P).
Chon B.

Cau A sai vi b c6 thé vudng goc véi a.

Cau B dang boi a//(P)=>3a’ = (P) sao cho a/la’, b L(P)=b La'.Khidd =a Lb.

Cau C sai vi b c6 thé nam trong (P)

Cau D sai vi b 6 thé ndm trong (P).

Céu 189. Cho hinh chop S.ABC co diy ABC latam gidc vudng canh huyén BC =g . Hinh chiéu
vudng goc cua S 1én (ABC ) triung voi trung diém BC . Biét SB = a . Tinh s6 do ciia goc giira SA4
va (ABC )

A. 30°. B. 45°. C. 60°. D. 75°.

Chon C. S

AM = BM =%,SB=a
C6 SM L (ABC) nén AM la hinh chiéu ciia SA lén
mp(ABC). = (S4,(ABC))=(54,4M )= SAM .

a3
2

Ap dung dinh 1y Pytago SM =+/SB*> — AM* =

Xét tam giac SAM cod tanmz%zﬁ — SAM =60".

Cau 190. Cho hinh chép S.4BC ¢6 SA L(ABC) va AABC vudng & B. AH la duong cao
cia ASAB . Khang dinh nao sau day sai

A. S4 1 BC. B. AH 1 BC. C. AH 1 AC. D. AH 1 SC.
Chon C.
Do S4 1 (A4BC) nén S4 L BC . Nén Phuong 4n A dung. s
AH 1 SB
Co = AH 1 (SBC). Phuong an
AH 1 BC(BC L1 (S4B))
D dung. 3
Suyra AH L BC, AH 1 SC . Phuong an B, D dung.
Phuong an C sai. That vay v6i AH 1L AC, tacod A ¢
AH 1 AC 3>
= AC L AB (vo ly). B
S41 AC
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Céu 191. Trong cac ménh dé sau ménh dé‘ nao dung 7 )

A. Goc gilra duong thang va mat phang bang goc gitra duong thang d6 va hinh chiéu cua nd
trén mat phang da cho.

B. Goc giira duong thang a va mat phang (P) bang goc giita duong thang b va mit phing (P)
khi a va b song song (hodc a trung voi b).

C. Goc giira duong thang a va mat phang (P) bang goc gitra dudong thang @ va mit phang (Q)
thi mat phang (P) song song voi mit phang (Q) .

D. Géc giita duong thang a va mit phang (P) bang goc gitra dudng thang b va mit phang (P)
thi a song song vdi b.

Chon B.

CAu 192. Cho géc tam dién Sxyz véi xSy =120°, 1Sz =60°, zSx =90". Trén céc tia Sx, Sy, Sz
lan luot ldy cac diém A, B,C sao cho SA=SB=SC =a. Tam gidc ABC co dic diém nao trong
cac s cac dic diém sau_

A. Vuong can B. béu C. Can nhung khong vuéng D. Vuong nhung khong can
Chon D.

Xét ASAB ¢6 AB® = SA*> + SB> —2SA.SB.cos ASB =3a*> = AB =a-/3 .

ASBC ddu = BC =a. ASAC ¢6 AB=~/SA>+SC* =aN2. Tirddé AABC vudng tai C.
Cau 193. Cho hinh chop S.ABCD c6 SA L (ABCD) va day ABCD 1a hinh chit nhat. Goi O
1a tim ctia ABCD va I 1a trung diém cia SC . Khing dinh ndo sau day sai

A. 10 1 (ABCD). B. BC L SB.
C. (SAC ) 1a mit phang trung truc ctia doan BD. D. Tam gidc SCD vudng & D.
Chon C.

Co6 10 1a duong trung binh tam giac SAC nén
10//SA nén 10 L (ABCD). Phuong 4n A ding.
BC 1 4B

Co = BC L SB. Phuong 4n B dung
BC 1 .54

CD 1 AD . , ,
Va = CD 1 SD nén phuong an D dung.
CD 1 54

Phuong 4n C sai. That vay néu (SA C ) 1a mit phing

trung truc cia BD = BD 1 AC (vd 1y).

Cau 194. Trong cac ménh dé sau day, ménh dé nao
la ding

A. Néu hai mat phang vudng goc véi nhau thi moi
duong thang thudc mit phing niy s& vudng goc véi mit phang kia.

B. Hai mit phang phan biét cing vudng goc v6i mot mit phang thir ba thi song song véi nhau.
C. Véimdi diém A e (a) vamdi diém B e ( y/j ) thi ta c6 dudng thing 4B vudng goc véi giao

tuyén d cia (a) va (B).

D. Néu hai mit phang (a) va ( /3) déu vudng goc véi mit phang ( }/) thi giao tuyén d cua
(a) va (/3) néu cé s& vudng goc véi (7/)
Chon D.
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Phuong an A sai vi néu hai mat phang vudng goc voi nhau thi moi dudng thang thudc mat
phang nay vudng goc véi giao tuyén sé vudng goc voi mat phang kia.

Phuong an B sai vi con truong hop hai mét phang cét nhau.

Phuong an C sai.

Céu 195. Cho hinh chép S.ABCD c6 déy ABCD la hinh vuéng canh a, SA L (A4BCD),
SA=a6.Goi a l1a goc gitta SC va mp(SAB) . Chon khing dinh dung trong cac khang dinh

sau

A. tanaz%. B. tanaz%. C. a =30". D. tanaz%.
Chon B.
Do BC L1 (SAB) nén SB 1a hinh chiéu cia SC 1én (SAB) = (SC,(S4B))=(SC,SB) = BSC

BC a 1

SB a1 N7
Cau 196. Tinh chat nao sau day khong phai 1a tinh chét cia hinh lang try ding
A. Cac mat bén cua hinh lang tru ding la nhiing hinh binh hanh.
B. Cac mat bén cta hinh lang tru dang la nhitng hinh chit nhat.
C. Céc canh bén cta hinh lang tru ding bang nhau va song song voi nhau.
D. Hai d4y cuia hinh lang try ding c6 cac canh d6i mot song song va bang nhau.
Chon A.
Cau 197. Chi ra ménh dé sai trong cac ménh dé sau
A. Cho hai duong thang vudéng goc voi nhau, mit phang ndo vudng goc véi dudng thang nay
thi ciing vudng goc voi duong thang kia.
B. Hai duong thang phan biét ciing vuéng goc véi mot mp thi song song véi nhau.
C. Cho hai mp song song, dudng thing nio vudng gbc v6i mit mp nay thi ciing vudng goc voi
mp kia.
D. Cho hai dudng thing song song, mit phang nao vudng goc v6i duong thing nay thi ciing
vudng gbc v6i duong thang kia.
Chon A. Vi qua mot duong thang dung dugc vo sé mit phang
Cau 198. Cho hinh chop S.ABDC, v6i day ABDC 1a hinh binh hanh tam O; AD, SA4, AB doi
mot vudng goc AD =8,5S4=6. (P)la mit phang qua trung diém ciia AB va vudng goc véi
AB . Thiét dién ctia (P) va hinh chodp c6 dién tich bang
A. 20. B. 16. C.17. D. 36.
Chon D.
Thiét dién 1a hinh thang vudng di qua trung diém cic canh 4B;CD;CS;SB, nén dién
tich thiét dién 1a

Xét tam giac SBC c6 tan BSC =

1 1
(BC+EBC)ESA (8+4)6
2 2

Cau 199. Cho hinh chop S.ABC c6 day ABC latam giac déu canh a va SA=SB=SC=5b.
Goi G latrong tam AABC. Do dai SG 1a
A \Ob® +3a’ B b’ -3a’ C \ob® —3a’ D Vb +3a’

Se— e Sar— T
Chon C. i 7
Theo bai ra hinh chop S.4BC1a hinh chop tam giac déu. Goi H la trung diém cua BC, ta co
SG L (ABC),G € AH .

dt = =36
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Ma AH =

a3
2

Cau 200. Cho hinh chop S.ABC co da’gy ABC 1a tam giac déu canh a va SA=SB=SC=b.
Goi G la trong tdim A4BC. Xét mat phang (P) diqua A va vudng goc voi SC. Tim hé thirc
lién h¢ gifta a va b d@é (P)cit SC tai diém C,nam giira S va C
A b>a2. B.b<a2. C.a<b2. D. a>b\2.
Chon C.

2 2
2b % 506 2>a

2b 9 \

Cau 201. Cho tir dién ABCDc6 AB,BC,CD d61 mdt vudng goc. Diém cach déu cac dinh
A4,B,C,D la
A. Trung diém BC. B. Trung dié}n AD. C. Trung diém AC.  D. Trung diém AB.
Chon B. Su dung tinh chat trung diém cta tam giac vuéng )
Cau 202. Cho hinh chop S.ABCD c6 ddéy ABCD 1a hinh thoi tam O. Bi¢t S4 = SC,SB = SD
. Khing dinh nao sau day ding
A. AB 1 (S4C). B. CD 1 AC. C. SO L (4BCD). D. CD 1 (SBD).
Chon C. Do hinh chop S.ABCD c6 day ABCD la hinh thoi tam O, S4=SC,SB =SD nén
SO 1 (ABCD)
Cau 203. Cho hinh chép S.4BCD c6 ddy ABCD1a hinh vudng. Mit bén SAB 1a tam giac déu
c6 duong cao AH vudng goc voi mp(ABCD) . Goi a 1a goc gita BDva mp(SAD) . Chon

V3

A. a=60°. B. o =30°. C.cosa=——. D. sinazﬁ.

202 N2
Chon D. Goi I 1a trung diém AS,suyra Bl L (SAD) > a = IDB.

_AB\3 Bl 3

,BD=AB~2 . Suyra sing = —

BD 22

Cau 204. Trong cac ménh dé sau ddy, ménh dé nao 1a dung

A. Hai mit phang phan biét ciing vudéng goc véi mot mit phing thi song song.

B. Hai duong thang phan biét cing vudng goc voi mot mat phang thi song song.

C. Mot mit phing (o) va mot duong thang a khong thudc () cing vudng goc véi duong thang

Dé C, nam gitra S va Cthi ASC <90° — cos ASC >0 <>

khang dinh dting trong cac khang dinh sau

Ta co: Bl

b thi () song song véi a.

D. Hai dudng thing phén biét ciing vudng goc véi mot duong thang thi vudng goc véi nhau.
Cau 205. Cho hinh chép S.ABCD c6 ddy ABCD la hinh vuéng va S4 L (ABCD).Goi 1,J,K
lan luogt 14 trung diém ciia 4B, BC,SB . Khang dinh nao sau day sai

A. (JK) e(SAC). B. Géc gitta SC va BD ¢ s6 do 60°.
C. BD L (IJK). D. BD 1 (SAC).

Chon B. Goi M latrung diém S4, suy ra @ = m =90°

Cau 206. Cho hinh chép S.ABCD c6 cac canh bén bang nhau. Goi H 14 hinh chiéu cta S 1én
(ABCD) . Khang dinh nao sau day sai

A. HA=HB=HC=HD.

B. Tt giac ABCD noi tiép duoc trong dudng tron.

C. Céc canh S4,SB,SC,SD hop véi ddy ABCD nhiing goc bang nhau.
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D. Tt giac ABCD 1a hinh binh hanh.
Chon D.

Tacod: HA=~/SA*> —SH? ,HB =~/SB* —SH* ; HC =/SC* —SH*; HD =~/SD* — SH* , nén cac
dap an A, B, C déu dung

Cau 207. Cho hinh chép S.ABCD véi day ABCD 1;‘1 hinh thang vudng tai A va D ,cod
AD=CD=a, AB=2a, SA L (ABCD) , E latrung diém ciia 4B . Chi ra ménh d¢ dung trong
cac ménh dé sau

A. CE 1 (S4B). B. CB 1 (S4B). C. ASDC vuodng tai C. D. CE 1L (SDC).
o . CE L AE
Chon A. ABCD 1la hinh vuéng = = CE 1 (S4B)
CE 1 54

Cau 208. Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh tdm O, tam giac SAB
vuong tai A4, tam giac SCD vudng tai D . Cac khang dinh sau, khang dinh nao sai

A. AC=BD. B. SO 1L (ABCD). C. AB1(S4D). D. ABCD la hinh chit nhat.
e 0 CD 1 54 . A
Chon B. (CD,SA)=(AB,S4)=90" = CD L SD = CD 1 AD = ABCD 1a hinh chit nhat.

Suy ra dap an A, C, D dung . 7
Cau 209. Cho ta dién ABCD déu. Goi « 1a goc gitta AB va mp(BCD) . Chon khang dinh
dung trong cac khang dinh sau

A. cosa:TS. B. cosa:%. C. cosa=0. D. cosa =—

Chon A.
Goi H 1a hinh chiéu cua 4 1én mp(BCD), a 1a d) dai canh cua tir dién ABCD.
a3 BH 3
—. cosQ@=——=—

3 AB 3 ’ )
Ciau 210. Cho tir dién ABCD. V& AH 1 (BCD).Biét H la truc tam tam gidac BCD. Khang
dinh nao sau day ding

Tacd a = ABH , BH =

A.CDLBD. B. AC=BD. C. AB=CD. D. ABLCD.
CD L AH

Chon D. — CD 1 (ABH)= CD 1 AB
CD 1 BH

Cau 211. Tim ménh dé ding trong cac mit phang sau

A. Hai duong thiang phan biét ciing vudéng goc véi mot dudong thang thi song song.
B. Hai mat phéng phan biét ciing vudng goc véi mot mat phang thi song song.

C. Hai duong thang cing vudéng goc véi mot mat phang thi song song.

D. Hai mit phang phan biét ciing vudng goc véi mot duong thang thi song song.
Chon D.

Dap an A sai vi hai dudng thang d6 c¢6 thé chéo nhau.

Dap an B sai vi hai mit phang d6 co thé cit nhau.

Pap an C sai vi hai dudng thiang d6 c6 thé tring nhau.

Céu 212. Cho hinh chép S.ABC c¢6 SA=SB=SC.Goi O 1a hinh chiéu cua S 1én mat day
(ABC). Khing dinh nao sau day ding

A. O latrong tam tam giac ABC'. B. O 1a tryc tam tam gidc ABC.
C. O latam duong tron noi tiep AABC. D. O latam duong tron ngoai tiép AABC.
Chon D.

Ta c6 ASOA=ASOB = ASOC = 04 = 0B =0C = O 1a tam duong tron ngoai tiép AABC

H 152



Tuyén chon va giéi thiéu: Nguyén Qudc Hoan 0913 661 886

Cau 213. Cho hinh chop S.ABC c6 SA 1 (ABC) vatam giac ABC khong vudng, goi H,K
lan Iuogt 14 tryc tim cac AABC va ASBC . Sb do goc tao boi HK va mp(SBC) la

A. 65°. B. 90°. C. 45°. D. 120°.
Chon B.
, . |BC LS4 .
Goi [ =4AH NBC.Taco = BC L (S41)= (SBC) L (SAI) va K e SI .
BC 1 Al

, SB 1L CK

Ta lai co = SB 1 (CHK)= (SBC) L (CHK).
SB 1L CH

Ma HK = (SAI)N(SHK) ,suy ra HK 1 (SBC)

Cau 214. Cho hinh chop S.ABC c6 canh SA 1 (ABC) vaday ABC latam giac can & C. Goi
H va K lan luot 1a trung diém cia 4B va SB. Khang dinh nio sau diy c6 thé sai

A. CH 1 AK . B. CH L SB. C.CH L S54. D. AK L SB.

Chon D.

CH LS4
Tudosuyra CH 1 AK,CH 1 SB,CH 1 SA nén A, B, C dung.
Pap an D sai trong truong hop S4 va 4B khong bang nhau
Cau 215. Cho ta dién OABC c6 0A4,0B,0C d6i mdt vudng goc voi nhau. Goi H 1a hinh
chiéu ctia O trén mp(ABC) . Ménh dé nao sai trong cac ménh dé sau

 (CH L 4B
Ta c6 — CH L (S4B).

A. H latruc tam AABC. B. H la tim dudng tron ngoai tiép A4BC.
. 12= 12+ 12+ 12. D. CH 1a dudng cao cua A4BC.
OH" 04 OB OC
Chon B.

Tacd 04 L (OBC)= 0OA 1L BC va OH 1L BC = BC 1 (OAH)= BC 1 AH .

Tuong tu, tacd AB L CH , suy radap an A, D dung.

Ta co 011{2 = 01142 + 01[2 = 01142 + 0}32 + 016’2 ,voi [ = AH N BC , suy ra dap an C dung.
Cau 216. Cho tr dién ABCD c¢6 AB L CD va AC L BD. Goi H la hinh chiéu vuéng goc
cia A4 lén mp(BCD) . Céac khang dinh sau, khang dinh nao sai

A. H latryc tdm tam giac BCD. B. CD 1 (ABH).

C. AD L BC. D. Cac khang dinh trén déu sai.
Chon D.

CD 1 AB
Ta co — CD 1 (ABH)= CD L BH . Tuong ty BD L CH
CD 1 AH

Suy ra H la truc tim ABCD. Suy ra dap an A, B dung.

 (BC L AH ,
Ta co - = BC 1L AD , suy ra C dlng.

Céu 217. Trong khéng gian tap hop cac diém M cach déu hai diém c6 dinh 4 va B la:

A. Mit phang trung truc ctia doan thang 4B B. Pudng trung tryc cua doan thang AB .

C. Mit phang vudng goc véi AB tai A D. Puong thang qua A4 va vudng goc v6i AB
Chon A.

Cau 218. Cho hinh tir dién ABCD c¢6 AB,BC,CD d6i mot vudng goc nhau. Hay chi ra diém
O céch déu bon diém 4,B,C,D .

A. O la trung diém canh BD B. O la tam dudng tron ngoai tiép AABC
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C. O la trung diém canh 4D D. O la trong tdm tam giac ACD
Chon C.
Tacdé: CD L AB,CD 1 BC=CD L (SAB) = CD 1 AC = AACD vuong tai C

Tuong tu : AB L BC,AB L CD = AB 1 (BCD)= AB L BD = AABD vudng tai B

Goi O la trung diém 4D = OA=0B=0C =0D
Cau 219. Cho tam gidc ABC vuong can tai 4 va BC =a . Trén duong thang qua 4 vuong

goc véi (ABC) lay diém S sao cho SA= a\z/g. Tinh s6 do goc giita duong thing SB va
(4BC).
A.75° B.30° C.45° D. 60°
a6
Chon D. m)zﬁza = tana:%:%:ﬁ:a:w"
V2

Cau 220. Cho tir dién déu ABCD canh a=12, AP la dudng cao cua tam giac ACD . Mt
phing (P) qua B vudng goc véi AP cit mp(ACD) theo doan giao tuyén c6 do dai bang

A 6 B. 7 C. 8 D. 9
Chon C.

Taco: CDJ_AP,CDLBP:>CDJ_(APB):>BGJ_CD
Tuong tu : ADJ_CM,ADJ_BM:>ADJ_(BCM):>ADJ_BG
Suyra: BGJ_(ABC):>BGJ_AP

Ké KL di quatrong tdim G cua AACD va song song vdi CD
= AP L KL = (P) chinh la mit phang ( BKL)

= (ACD)N(BKL)=KL =%CD=8

C6 thé ndi nhanh theo tinh chit tiv dién déu:

Goi G latrong tdim AACD thi G latam AACD va BG 1 (ACD)
Trong mp(ACD) ké qua G dudng thang song song v6i CD cit AC, AD lan luot tai K, L
Taco (BKL) L (ACD),AP 1L KL = AP 1 (BKL).Vay (P)=(BKL)

= (ACD)N(BKL)=KL =§CD=8.

Cau 221. Cho hinh l1ap phuong ABCD.A B,C,D,. Goi « la goc gitta AC, va mp(ABCD).
Chon khang dinh dung trong cac khang dinh sau

A.a =45° B. tanozzL C. tana =

2
— D. a =30°
V2 V3
Chon B. Taco AC,,(ABCD)=CAC, =a = tana="ct=—4__ L
AC a2 2

CAau 222. Chi ra ménh dé sai trong cac ménh dé sau

A. Hai duong thang chéo nhau va vudng goéc v6i nhau. Khi d6 c6 mot va chi mot mp chira
dudng thang ndy va vudng goc voi duong thang kia.

B. Qua mét diém O cho trudc c6 mot mit phang duy nhét vudng goc véi mot dudng thang A
cho trudc.
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C. Quamot diém O cho trude c6 mot va chi mot duong thang vudng goc voi mot duong thang
cho trude.

D. Qua mét diém O cho trude c6 mot va chi mot dudng thang vudng goc véi mot mit phang
cho trudc.

Chon C.

Cau 223. Tap hop cac diém cach déu cac dinh ctia mot tam giac 1a duong thang vudng goc voi
mit phang chira tam giac d6 va di qua:

A. Tam dudng tron ngoai tiép tam giac do. B. Trong tam tam giac do.
C. Tam dudng tron ndi tiép tam giac do. D. Tryc tam tam giac do.
Chon A.

Cau 224. Cho hinh chép S.4ABC c6 day ABC la tam giac déu canh a, SA L (ABC ) ,SA=a
. Goi (P) 1a mit phing di qua S va vudng goc voi BC. Thiét dién cua (P) va hinh chop
S.ABC c6 dién tich bang
a’\3
4
Chon A.
Ké AE L BC,S4 L BC = BC L(SAE)=(P)

Thiét dién ctia mat phang (P) va hinh chop S.4ABCla tam
giac SAE co6 dién tich :

1 N CRENE)
ASAE:ESA.AEZEG.CZT: 4

A.

a a
B. — C. — D. a’
6 2

S

CAu 225. Chon ménh dé dang trong cac ménh dé sau

A.Néu a L(P)vabLlathibe(P). B.Néu ae(P) va aeb thi be(P).
C.Néu ae(P) va b Lathi b1 (P). D.Néu ae(P)vabL(P)thibLla.
Cau 226. Tam giac ABC ¢6 BC =2a , duong cao AD = a2 . Trén duong thing vudng goc
voi (ABC) tai 4, 1§y diém S sao cho S4 = a\/i. Goi E, F lan luot 1a trung diém cua SB va

SC . Dién tich tam giac AEF bang s
A. ﬁaz B. ﬁaz C. la2 D. ﬁaz
4 6 2 2

Chon C.
Do AD 1 BC,S4 L BC = BC 1 (SAD)

1 EF.AH
2

a2

=>BC1lAH=EF 1 AH = §

AAEF =

Ma EF=%BC=a.D0 H 1a trung diém SD = AH =a

1
= Spqer = 5“2

Cau 227. Cho hinh chép S.ABCD , v6iday ABCD lahinh thang vuong tai 4, day lén AD =8
, BC=6, 84 vuéng gbc véi mit phing (ABCD), SA=6.Goi M la trung diém AB. (P) la
mit phang qua M va vudng goc v6i AB . Thiét dién cua (P) va hinh chop c6 dién tich bang?

A. 10. B. 20. C.15. D. 16.
Chon C.

s
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Do (P) L AB=(P)e sS4
Goi I 1a trung diém cua SB=> MI € SA=> MI < (P)
Goi N la trung diém cia CD=> MN L AB=> MN = (P)

Goi K létmngdiémcﬁa SC = IK € BC,ma MN € BC = MN € IK
=IKc (P)

Vay thiét dién cta (P) va hinh chop 1a hinh thang MNKI vuodng tai M
Ta co:

MI 1a dudng trung binh cua tam giac SAB = MI = %SA =3

IK 1a dudng trung binh cua tam gidc SBC = IK = %BC =3

MN 1a duong trung binh cta hinh thang ABCD = MN = %(AD + BC ) =7
K +2 MN Ml
Cau 228. Cho hinh lap phuong ABCD.A'B'C'D' . Puong thang AC' vudng goc voi mit phang
nao sau day

347

Khi dé S, = 3=15

A. (4'BD). B. (4'DC'). C. (4'CD"). D. (A'B'CD).
Chon A. A o _ B'
Ta ¢0: R
A'D 1L AD! (t/c HV) R
A'DLC'D' (C'D'L(4'D'DA)) OO e
= A'D L(AC'D)= A'D L AC" (1) Ry
A'BLB'C' (B'C'L(4'D'DA)) L

:>A'BJ_(AB'C'):>A'BJ_AC' (2)
Tir (1).(2) = AC' L (4'BD)

Cau 229. Cho hinh chép S.4BCD c6 day 1a hinh vudng canh a. Pudng thang SA vudng goc
v6i miat phang day, SA=a. Goc giita dudng thang SC va mit phang (SAB) la a, khi do

tan @ nhan gia tri nao trong cac gia tri sau

A. tana =+2. B. tana =+/3. C. tanazi. D. tana =1.
2
Chon C.
Taco: Se (SAB) = S 14 hinh chiéu cta S trén (SAB) (1)
BC 1 4B (t/c HY)
= BC 1 (S4B)
BC 1S4 (SAL(A4BCD))

= B 1a hinh chiéu cia C trén (S4B) (2)

Tir (1),(2) = [ SC,(54B)]=(SC,SB) = BSC =

Xét tam giac SAB vudng tai 4 tacod: SB=+/SA’ + AB> = a2
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BC_ a1
SB a2 2

Cau 230. Cho tr dién ABCD c6 AB,BC,CD d6i mot vuong goc va AB=a,BC=b,CD=c.
b6 dai 4D

A. Na*+b +c*. B. Va’+b*—¢" . C.Na’-b+c" . D. V-a>+b* +c*.

Chon A.

Ta c6: BC 1 CD=> BD =+/BC*+CD* =/b* +¢*

AB 1 BC
AB 1 CD
Cau 231. Trqng cac ménh d?f sau, ménh dé nép sai i
A. C6 duy nhat mdt duong thang di qua mot diém cho trudc va vuong goc voi mot duong thang
cho truge. 7 i

B. C6 duy nhat mdt mat phang di qua mot duong thang cho trude va vudng goc v6i mot mat
phang cho trude. i ) ,

C. C6 duy nhat mot mat phang di qua mot diém cho trudc va vudng goc voi mot duong thang
cho truge. i i i

D. C6 duy nhat mot mat phang di qua mét diém cho trudc va vudng goc voi mot mat phang cho
trude.

Chon D. ) ) i i

Qua mét diém cho trude c6 thé ké duge v6 s6 mat phang vudng goc v6i mat phang cho trude.
Cau 232. Cho hinh chép S.ABCD c6 day ABCD la hinh thoi, O la giao diém cua 2 duong
chéo va S4=SC. Cac khang dinh sau, khang dinh nao ding

A. SAJ_(ABCD). B. BDJ_(SAC). C. ACJ_(SBD). D. ABJ_(SAC).

Chon C.

Ta co: S4=SC = SAC la tam giac can

Mit khac: O 1a trung diém ctia AC (tinh chét hinh thoi)
AC L BD (t/c hinh thoi)
AC 1L SO

Céu 233. Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh vuéng, S4 L (ABCD). Mt phing

qua A va vudng goc v6i SC cit SB,SC,SD theo tht tu tai H,M,K . Chon khing dinh sai
trong cac khang dinh sau

Xét tam giac SBC vudng tai B taco: tana =

Miit khac: { = AB 1 (BCD)=> AB 1 BD, AD=~4B*+BD* =Ja* +b*+¢* .

Khi d6 ta c6: AC 1 SO :>{ = AC L (SBD)

A. AK L HK . B. HK L AM . C. BDE HK . D. AH 1L SB.
Chon A.
Ta co:
BD 1 AC (t/ ¢ HV)
:>BDJ_(SAC):>BDJ_AM
BD 1S4 (gt)

Goi 0= ACBD,I=SONHK , (P) lamitphang 4 vavuong g
Qua / k¢ Ae BD=A 1L AM = Ac(P). Khidé: K =ANSD,H
Taco: AK L(SDC), ma HK N(SDC)=K = AK khong vudng goc véi HK .

Cau 234. Cho hinh chop S.4ABC c6 S4 J_(ABC) va AB 1 BC. Goi O la tam duong tron
ngoai tiép tam giac SBC. H 14 hinh chiéu vuéng goc ctia O 1én (ABC). Khang dinh nao sau

D C

day dung i ]
A. H latrung diém canh 4B . B. H latrung diém canh AC.
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C. H 1atam duodng tron ngoai tiép tam giac ABC . D. H latrong tam tam giac ABC.
BCL1 4B ( gt)
BC 184 (gt)
O 1a tam dudng tron ngoai tiép tam giac SBC nén ta co O 1a trung diém cia SC

H 1 hinh chiéu vudng goc cta O 1én (ABC ) =O0H 1 (ABC )

Ma S4 L (ABC) = S4€OH = OH c (SAC)

Vay ta c6 OH 1a duong trung binh ciia ASAC = H 1a trung diém cua AC .

Cau 235. Cho hinh thoi ABCD c6 tam O, BD =4a, AC =2a. Lay diém § khong thudc

(ABCD) sao cho SO L (ABCD). Biét tan SBO = % Tinh s6 do ctia goc gitra SC va (ABCD).

Chon B. Ta co: ( = BC 1 (S4B)= BC L SB= ASBC vubng tai B

A. 30°. B. 45°. C. 60°. D. 75°.
Chon B.

Cau 236. Cho hinh chop S.ABC c6 S4 L (ABC ) va tam gidc ABC khong vuong. Goi H,K
lan lugt 1a tryc tim AABC va ASBC. S6 do géc tao bdi SC va (BHK) la

A. 45°. B. 120°. C. 90°. D. 65°.
Chon C. $
BH 1 AC  (gt)
Taco: |BH LS4  (S4 L(ABCD))
= BH 1 (SAC)= BH 1 SC
Ma BK 1 SC = SC L (BHK) , c

%

B
Cau 237. Cho hinh vudng ABCD c¢6 tdm O va canh bang 2a . Trén duong thang qua O vudng
goc véi (ABCD) lay diém S . Biét goc gilta S4 va (ABCD) c6 sb do bang 45°. Tinh do dai
SO.

A. SO=a3. B. SO=av2. C. SO = D. SO=

a3 a2
2 2

Chon B. ABCD 1a hinh vudng canh 2a = AC =2a\2 = A0 = a2

Ta ¢6: SO L (ABCD)=> 04 1a hinh chiéu ctia SA. Goc gitta SA va (4BCD) 1a SAO = 45°

Xét tam giac SAO ta cd: tan SAO = % = SO =a2

Cau 238. Cho hinh chop S.ABCD trong d6 ABCD 1a hinh chit nhat, S4 L (ABCD). Trong

cac tam gidc sau tam giac nao khong phai 1a tam giac vudng. s
A. ASBC. B. ASCD. C. AS4B. D. ASBD. ‘
Chon D.

Taco:

AB1 AD  (tc HV
( (re HV) = AB 1 (SAD)= AB 1 SD

AB 1S4 (S84 L(ABCD))
Gid st SB L SD=>SD L(S4B) (vo1y)
Hay ASBD khong thé 1a tam giac vuong.
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Cau 239. Cho t& dién ABCD, M 1a mét diém nim trong to dién. Cac dudng théng
AM ,BM,CM ,DM cit cac mit (BCD),(CDA),(DAB),(ABC) lan luot tai 4',B',C",D". Mit
phang (a) di qua M va song song vdi (BCD) lan lugt cat A'B',A'C',A'D" tai cac diém
B,,C,,D, Khing dinh nao sau day 1a ding nhat. Chimg minh M 1a trong tim ctia tam giac
B.C/D,.

A. M 13 tim duong tron ngoai tiép tam giac BCD,.

B. M 1atryc tdm cua tam giac B,C,D,.

C. M 14 tam dudng tron ndi tiép tam gidc B,C,D, .

D. M la trong tdm cua tam giac B,C,D,.

Chon C.
Vi M nam trong tor dién ABCD nén ton tai x, y,z,z >0 sao cho

xm+ym+zm+t]\TD=6 (1)

Goi (a’) 1a mit phing di qua M va song song v&i mit phang (BCD) .
(@)1 (BCD)

Taco <(BB'A")n(a)=MB, = MB, || BA".
(BB'A')(\(BCD):BA'

Do do MBL _MB'_ g MB 5 (2)
BA' BB' BB'

Trong (1) , chiéu cac vec to 1én duong thang BB' theo phuong (ACD) ta dugc:

xm+ym+zm+tmz(3:>(x+y+z)m+ym26

3(x+y+z+t)M—B'=yB—B':>MB = 24
BB' x+y+z+t

Tur (2 MB =—2Y  BA (3).

i (2) suy ra MB, X+ y+z+t (3)

Tuong tu ta c6 MC,=————CA' (4)  MD,=———DA" (5)
X+ y+z+t X+y+z+t

Mat khac chiéu cic vecto trong (1) lén mat phang (BCD) theo phuong A4A4' thi thu duoc
yA'B+zA'C+tA'D=0.

Vay tir (3),(4).(5) tacé MB, + MC, + MD, = YBA'+zCA"+tDA") =0, hay M 1a

X+y+z+t (
trong tdm cua tam giac B,C,D,.
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§4. HAI MAT PHANG VUONG GOC

LY THUYET
1. Géc giira hai mit phing
. JaL(P (5
{b 1= Pr@)=(ap)
e Gidsit (P) N (Q)=c. Tl e c,vé {Zzgggiig = ((P1(@)=(ab)

Chiy: 0°<((P),(Q))<90°
2. Dién tich hinh chiéu ctia mot da giic
Goi S 1a dién tich cua da giac (H) trong (P), S’ 1a dién tich cta hinh chiéu (H') ctia (H) trén

Q), 9= ((P),(Q)) Khi d6: S'=S.cosp
3. Hai mit phing vudng géc

.« @ L@ ((PLQ)-°
e Diéu kién dé hai mat phang vudéng goc voi nhau: {(P) Iy Q) =(P)L(Q)

4. Tinh chit
(P)L(Q)

« JPLQLPIN@)=c_, 5 (q) « {Ac(P)  =ac(P)
{ac(P),aJ_c a>Aal(Q)
(Pn(Q)=a
« {PL(R =al(R
(QL(R)

5. Phwong phap tim goc gitra hai mit phing
Dé tinh goc giira hai mat phang (a) va ( p ) ta c6 thé thuc hién theo mot trong cic cach sau

Cdch 1. Tim hai duong thang a,b 1an lugt vudng goc véi hai mat phang () va (B). Khi dé

goc giita hai duong thang chinh 1a goc giira hai mit phang.

Cich 2. Tim hai vecto c6 gia lan luot vudng goc voi hai mat phang khi d6 goc gitra hai mat

phang bang hodc bu vai goc giita hai vecto do.

Cich 3. St dung cong thirc hinh chiéu.

Cich 4. Xéac dinh cu thé goc gitra hai mat phang roi sir dung hé thirc luong trong tam giac dé

tinh. Ta thuong xac dinh goc giita hai mat phang theo mot trong hai phuong phap sau
Phwong phap 1. Xem hinh bén Phwong phap 2. Xem hinh bén

6. Phwong phap chimg minh cac yéu t6 vudng géc
a. Pé chirng minh (P) 1 (Q), ta co thé chirng minh béi mgt trong cac cach sau:
e Chung minh trong (P) c6 mét duong thangamaa L (Q).

e Chirng minh ((F),(\Q)) =90°

H 160



Tuyén chon va gidi thiéu: Nguyén Qubc Hoan 0913 661 886

b. Dé chirng minh d 1 (P), ta co thé chirng minh béi mot trong cac cach sau:
e Chung minh d < (Q) v6i (Q) L (P) va d vudng goc véi giao tuyén ¢ cia (P) va (Q).
e Ching minh d = (Q) N (R) vdi (Q) L (P) va (R) L (P).
e Str dung céac cach chimg minh d biét & phan trudc.
7. Phwong phap tim thiét dién chira mot dwong thing va vudng géc véi mot mit phing
Cho mit phang (a) va duong thang @ khong vudng goc véi (a) . Xac dinh mit phang

() chira a va vudng goc véi (). B/ a
, A
Dé gidai bai toan nay ta lam theo cdc buéc sau:
e Chon mét diém A ea
e V& dudng thang b diqua A va vudng goc véi (a). //_ b d
Khi d6 mp(a,b) chinh 1a m3t phang (). A H

CAU HOI TNKQ

Cau 1. Trong cac ménh dé sau, ménh d& nao ding
A. Hai mit phang cung vudng goc voi mot mat phang tht ba thi vudng goc véi nhau.
B. Qua mdt dudng thang cho trudc cd duy nhat mot mat phang vudng goc véi mot mét phang cho
trudc.
C. Cic mit phang cung di qua mot diém cho trudc va vudng goc véi mot mit phang cho
trude thi luén di qua mot duong thang cb dinh.
D. Hai mit phiang cliing song song v6i mot mat phang thir ba thi song song voi nhau.
Huwdng din gidi: Chon C
Cau 2. Chon ménh d& diing trong cac ménh dé sau day
A. Cho hai dudng thing a va b vudng goc v6i nhau, mit phang nao vudng goc véi dudng
nay thi song song voi duong kia.
B. Cho dudng thang a 1 (@), moi mit phang () chia a thi (8) L (a).
C. Cho hai duong thang chéo nhau a va b, ludn luén c6 miat phang chira duong nay va
vudng goc voi duong thang kia.
D. Cho hai duong thang ¢ va b vudng goc voi nhau, néu mit phang (&) chira ¢ va mit
phang () chia b thi (o) L(A).
Huwéng din gidi: Chon B
Cau 3. Cho hinh chop ttr gidc S.ABCD c6 day la hinh vudng va c6 mdt canh bén vuong goc
v6i ddy. Xét bon mit phiang chira bdn mit bén va mit phang chira mat day. Trong cac ménh dé
sau ménh dé nao dung
A. C6 ba cap mat phang vuong goc voi nhau  B. C6 hai cdp mat phang vuong goc voi nhau
C. C6 niam cip mit phang vudng goc véi nhau D. C bdn cap mit phing vudng goc véi nhau
Huéng dén gidi: Chon C
Cau 4. Trong cac ménh dé sau, ménh dé nao dang
A. Hai dudng thang phéan biét cing vudng goc voi mot dudng thing thi vudng goc véi nhau.
B. Hai duong thang phan biét cting song song véi mot mit phang thi song song véi nhau.
C. Hai mit phing phan biét ciing vudng goc véi mot mit phang thi cit nhau.
D. M6t mit phing (P) va mot dudng thiang a khong thudc (P) cing vudng goc véi dudng
thang b thi (P)//a.
Huwéng din gidi: Chon D
Cau 5. Trong cac ménh dé sau, ménh dé nao ding
A. Néu hinh hop c6 bdn mat bén 13 hinh chir nhat thi n6 1a hinh hop chit nhat.
B. Néu hinh hop c6 ba mat bén 1a hinh chit nhét thi n6 1a hinh hdp chir nhat.
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C. Néu hinh hop c6 hai mat bén 1a hinh chit nhat thi no6 1a hinh hop chit nhét.
D. Néu hinh hop c6 ndm mat bén 1a hinh chit nhat thi n6 1a hinh hdp chit nhat.
Huwéng din gidi: Chon D
Cau 6. Trong cac ménh dé sau day, hay tim ménh dé ding
A. Hai mit phang phan biét ciing vudng goc véi mot mat phang thi ba thi song song voi
nhau.
B. Néu hai mit vudng goc véi nhau thi moi dudng thang thudc mit phang nay s& vudng goc
v6i mit phang kia.
C. Hai mt phing () va () vudng géc véi nhau va cit nhau theo giao tuyén d . Véi mdi

diém 4 thudc (o) va mdi diém B thude () thi ta c6 duong thing 4B vudng goc véi d .
D. Néu hai mat phang (a) va ( ﬂ) déu vudng goc véi mat phang ( 7/) thi giao tuyén d cia

(a) va (ﬂ)néu c6 s€ vuong goc voi (}/)

Huwéng din gidi: Chon D
Céu 7. Cho hai mit phing () va () vudng goc véi nhau va goi d =(a )N (p).
LNéuac(a)vaald thial(p). I.Néu d' L(a) thid' Ld.
III. Néu b 1 dthib < (a) hodc b < (B). IV. Néu (y) L d thi (y) L (o) va (y) L (B).
Cac ménh de dung la

A. L I vaIll B. I valVv. C. I valll. D. L IIvalVv.
Huwong dan gidi: Chon D.

Céu 8. Cho hai mit phing (P) va(Q) cét nhau va mot di€ém M khong thude (P) va (Q).
Qua M c6 bao nhiéu mit phing vudng goc véi (P) va (Q)

Al B.2. C.3. D. V6 s0.
Huong din gidi: Chon A.
Céu 9. Cho hai mit phang (P) va (Q), a 1a mt dudng thdng ndm trén (P). Ménh dé nao sau
day sai

A.Néu al//b véi b=(P)(Q) thi a//(Q). B.Néu (P)L(Q) thi a L(Q).

C.Néu a cit (Q) thi (P) cat(Q). D.Néu (P)//(Q) thi a//(Q).

Huéng din gigi: ~ Goi b=(P)(Q) néu a//b thi a//(Q). ChenB.

Céu 10. Chon ménh dé dung trong cac ménh dé sau day i
A. Qua mot diem c6 duy nhat mdt mat phang vuong goc véi mot mat phang cho trudce.
B. Cho hai dudng thang chéo nhau « va b dong thoi a L b. Ludn c6 mit phang (a) chira
a va (a) Lb.
C. Cho hai duong thing a va b vudng goc v6i nhau. Néu mit phang () chira ¢ va mat
phang () chtra b thi (a) L(A).
D. Qua mot dudng thang c6 duy nhat mot mit phang vudng goc voi mot duong thang
khac.

Huwong dan gidi: Chon B.

Céu 11. Cho hai mit phing (P) va (Q) song song véi nhau va mt diém M khéng thude

(P) va (Q).Qua M c6 bao nhiéu mit phing vudng goc véi (P) va (Q)

A. 2. B. 3. C.1. D. V6 sd.
Huwong dan gidi: Chon D.
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Qua M dung duong thing d vudng coc véi (P) va (Q). Khi d6 c6 vo s6 mit phiang xoay

quanh d thoa yéu cau bai toan.
Cau 12. Trong cac ménh dé sau, ménh dé nao ding
A. Hai mat phang cing vudng goc véi mot mat phang thi ba thi vuéng goc voi nhau.
B. Hai mit phang vudng goc voi nhau thi moi duong thang nam trong mit phang nay sé&
vudng goc voi mit phang kia.
C. Hai mat phang cung vudng goc voi mot mat phang thi song song véi nhau.
D. Ca ba ménh dé trén déu sai.
Huwdng din gidi: Chon D.
Cau 13. Trong cac ménh dé sau ddy, ménh dé nao la ding
A. Mot mit phang () va mot duong thang a khong thude («) cung vudng goc véi dudng

thang b thi (o) song song voi a.

B. Hai duong thang phan biét cing vudng goc vi mot duong thang thi vuéng goc véi nhau.
C. Hai mat phang cling vudng gbc véi mot mat phang thi cat nhau.

D. Hai duong thang phan biét ciing song song v4i mot mat phang thi song song voi nhau

Huwong dan gidi: Chon A.
L'-_/

Pap an B sai.

e —

L/

1 T I
T
/‘J o Pap an D sai.
bap an C sai.
Cau 14. Trong cac ménh dé sau, ménh dé nao sai
A. Hai mat phang phan biét ciing vudéng goc voi mot mit phing thi song song véi nhau.
B. Qua mot duong thang c6 duy nhit mot mat phing vudng goc voi mot dudng thang cho trudc.
C. Hai mat phang phén biét cung vudng goc voi mot duong thang thi song song voi nhau.
D. Qua mét diém c6 duy nhat mot mét phang vudéng goc véi mot mét phang cho trude.
Huéng din gidi:
4

'

{

.‘,J /'J Qua mot dudng thing c6 v sé mit
‘- hl A 7 7. /\t wt hfL B
Dép an A ding phang vuong goc (;S; ;Q mat phang
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[
L "/

I Qua mdt diém c6 vo so mat phang

o ) vuong goc voi mot mat phang cho
bap dn C ding. trudc. Pap 4n D sai.

Cau 15. Trong cac m¢nh dé sau, ménh dé nao sai
A. Cho duong thang a vudng goc véi duong thang b va b nam trong mit phang (P) Moi

mit phang (Q) chtra @ va vudng goc véi b thi (P) vuong goc voi (Q)

B. Néu dudng thang a vudng goc voi duong thang b va mit phang (P) chira ¢, mit phang
(Q) chira b thi (P) vudng goc véi (Q).

C. Cho duong thang a vudng goc voi mit phing (P), moi mit phang (Q) chua a thi (P)
vudng goc voi (Q).

D. Qua mot diém c6 duy nhat mot mit phing vudéng goc voi mot dudng thang cho trudc.
Huwdng din gidi:

bap an C dung. Béap dn D ding.

Cau 16. Trong cac ménh dé sau, ménh dé nao ding
A. Hai mit phang cung song song voi mot mat phang thir ba thi song song v6i nhau.
B. Qua mot dudng thang cho trude c6 duy nhat mot mat phang vudng goc véi mot mat phiang
cho trudc.
C. C6 duy nhit mot mat phang di qua mot diém cho trude va vudng goc voi hai mat phang
ct nhau cho trudc.
D. Hai mit phang cing vudng goc véi mot mit phang thi ba thi vudng goc véi nhau.
Huéng din gidi:
Qua mét diém c6 duy nhat mot mat phang vudng goc véi mot duong thang cho trude, dudng
thang do 1a giao tuyén ciia hai mat phang cit nhau da cho. Chon C.
Cau 17. Cho a,b,c 1a cac duong thang. Ménh dé nao sau day la dung

A. Choa L b. Moi mit phang chira b déu vudng goc véi a.
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B.Néu a 1 bva mit phing (a)chtta a ; mit phang () chirab thi (B) L(«).
C. Cho a L b nam trong mat phang (a). Moi mit phang ( p ) chtta a va vuong goc voi b
thi (8)L(«).
D. Cho a//b, moi mit phing (&) chira ctrong d6 ¢ La va ¢ Lb thi déu vudng goc véi
mit phang (a,b).

Huwong dan gidi: Chon C.

Cau 18. Cho hai dudng thing chéo nhau a va b dong thoi a L b. Chi ra ménh dé ding trong
cac ménh de€ sau

A. mit phang (Q) chtta b va duong vudng goc chung ctia a va b thi mp(Q) La.

B. mit phang (R) chtta b va chira duong thang b' L a thi mp(R) la.

C. mit phing () chira a, mp(B) chira b thi (o) L ().

D. mit phang (P) chira b thi mat phang (P) la.
Hwong ddan gidi: Chon A
Gia st AB 1a doan vudng géc chung cia a va b thi mp(Q)=(4B,b) ma
al AB, alb, a J_(AB,b) =a J_mp(Q)

Céu 19. Cho cac ménh dé sau v6i (@) va () la hai mit phang vudng géc véi nhau véi giao
tuyén m=(a)(B) va a,b,c d la cic dudng thing. Cdc ménh dé sau, ménh dé nao ding
A.Néu b Lm thi b<(a) hodc b= (p). B.NéubLlmthidLl(a).
C.Néuac(a)vaalmthial(p). D. Néu c//m thi ¢//(a) hodc c//(f).
Huéng din gidi: Chon C Do ac(a), alm, (a)L(PB)nén aJ_(ﬂ)

Cau 20. Chi ra m¢nh d?e dung trong cac ménh dé sau i
A. Cho hai duong thang song song a va b va duong thang ¢ saocho ¢ L a,c L b.Moimat

phing () chira ¢ thi déu vudng goc véi mit phang (a,b).

B. Cho a L (), moi mit phing () chira a thi (B)L(a).
C. Cho a 1 b, moi mit phing chira b déu vudng goc véi a.
D.Cho a Lb,néu ac(a) va b () thi (a) L(B).

Huéng dén gidi: Chon B.
Cau A sai vi a,b c6 the trung nhau.

Céau C sai vi khi a,b cdtnhau, mit phang (a,b) khong vuéng goc véi a.
Cau D sai vi khi a,b chéo nhau va vudng goc véi nhau, ta goi (a) 1a mat phang chira a,
song song v&i b va () 1a mit phang chira b va song song véi a thi (a)/(B)
Cau 21. M¢énh déﬂ nao sau day la dung 7 i 7
A. Hai mat phang vudng goc v6i nhau thi moi duong thang nam trong mat phang nay s&
vudng goc voi mat phang kia. i
B. Hai mat phang phén biét cung vudng goc voi mot mat phang thi vudng goc voi nhau.
C. Hai mat phang phan biét cung vudng goc voi mot mat phang thi song song vdi nhau.
D. Hai miat phang vudng goc voi nhau thi moi dudng thang nam trong mat phang nay va

vudng goc voi giao tuyén ctia hai mit phang s& vudéng goc voi mat phang kia.
Huwéng din gidi: Chon D.
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Ménh d¢ A sai vi c6 thé xay ra truong hop hai mit phang vudng goéc voi nhau nhung dudng
thang thudc mat phang nay song song véi mat phang kia.
Ménh dé B sai vi xdy ra truong hop hai mat phang song song.
Ménh dé C sai vi xdy ra truong hop hai mat phang vudng goc.
Cau 22. Trong cac ménh dé sau, ménh dé nao ding
A. Hai duong thiang khong cét nhau, khong song song thi chéo nhau.
B. Hai duong thing phan biét cing vudng géc v6i mot mat phang thi song song.
C. Hai dudng thang phan biét ciing vudng goc véi mot duong thang thi song song.
D. Hai mit phang phéan biét ciing vudéng goc voi mot mit phing thi song song.
Huéng dén gidi: Chon B.
Ménh dé sai vi con trudng hop chéo nhau hodc tring nhau.
Ménh dé C sai vi con truong hop hai duong thang chéo nhau.
Ménh dé D sai vi con trudng hop hai mit phiang vudéng goc voi nhau.
Cau 23. Trong cac ménh dé sau, ménh dé nao ding
A. C6 duy nhit mot duong thang di qua mot diém cho trude va vudng goc voi mot dudng
thang cho trude.
B. C6 duy nhat mot mit phang di qua mot duong thang cho trudc va vudng goc voi mot mat
phang cho trude.
C. C6 duy nhat mot mat phang di qua mot diém cho trude va vudng goc vai mot mat
phang cho trude.
D. C6 duy nhat mot mat phang di qua mot diém cho trude va vudng goc voi mot duong
thang cho trudc.
Huong dc;n gidi: Chon D
* Co vo sO duong thang di qua mot diém cho trudc va vudng goc vdi mot duong thang cho
trude, chiing nam trong mat phang di qua diém d6 va vudng goc vi mot duong thang cho trude
= “C6 duy nhat mot dudng thing di qua mot diém cho trude va vudng goc véi mot duong
théng cho trudc™: SAI
* C6 vO s6 mit phiang di qua mot dudng thang cho trudc va vudng goc véi mot mit phing cho
trudc, trong trudng hop: duong thang cho trudc vudng goc véi mit phang cho trude =:C6 duy
nhit mot mit phang di qua mot duong thing cho trude va vudng goc voi mot mit phang cho
trude”: SAIL
* C6 vo sb mit phang di qua mot diém cho trude va vudng goc voi mot mit phang cho trude
=”C6 duy nhat mot mit phang di qua mot diém cho trude va vudng goc véi mot mit phang
cho trude”: SAI
Céu 24. Cho hinh chép S.4ABC c6 duong cao SH . Xét cac ménh dé sau:
(D) SA=SB=S5C.
(Il) H tring véi tam dudng tron ngoai tiép tam giac ABC.
(1) Tam gidc ABC la tam giac déu.
(IV) H la tryc tdm tam giac ABC.
Céc yéu t6 nao chua du dé két luan S.4BC 1a hinh chép déu

A. (IIT) va (IV). B. (1) va (IID). C. (I) va (1ID). D. (IV) va (I).
Huwong dan gidi: Chon C i . .
Cau 25. Cho hinh chép S.ABC c6 day ABC la tam gidc deéu. Trong cac m¢nh d¢ sau, m¢nh de
nao dung

A. S.4ABC 1a hinh ch6p déu néu cac mat bén cua no 1a tam giac can dinh S.
B. S.4BC 1a hinh chép déu néu goc giira cac mit phang chira cac mat bén va miat phang day
bang nhau.
C. S.ABC 1a hinh chép déu néu cic mit bén cua né 1a tam giac can.
D. S.4ABC 1a hinh chdp déu néu cic mit bén co dién tich bang nhau.
Huwéng din gigi: ~ Chon A
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Cau 26. Trong ling tru déu, khang dinh nao sau day sai
A. Pay la da giac déu.
B. Cac mat bén 1a nhimng hinh chit nhat ndm trong mit phang vudng goc véi day.
C. Cac canh bén 1a nhiing duong cao.
D. Cac mét bén 1a nhitng hinh binh hanh.
Huwong din gidi: Chon D.
A. Vi lang try déu nén cac canh bang nhau. Do d6 day 1a da giac déu.
B. Vi lang try déu 14 lang tru dmg nén cic mat bén vudng goc voi day.
C. Vi lang try déu 1a lang try dimg nén cac canh bén vudng goc vai day.
D. Vi lang try déu 14 lang try dimg nén cic canh bén bang nhau va cling vudng goc véi day.
Do d6 cac mat bén la nhitng hinh vudng.
Cau 27. Trong cac ménh dé sau, ménh dé nao ding
A. Néu hinh hop c6 hai mit 14 hinh vudng thi n6 14 hinh 1ap phuong.
B. Néu hinh hop c6 ba mit chung mot dinh 1a hinh vudng thi n6 1a hinh 1ap phuong.
C. Néu hinh hop c6 bén dudng chéo bang nhau thi né 1a hinh lap phuong.
D. Néu hinh hop ¢ sau mat bang nhau thi n6 1 hinh 1ap phuong.
Huwéng din gidi: Chon B
Cau 28. Trong cac mé¢nh dé sau, ménh dé nao dang
A. Néu hinh hop c6 hai mat 1a hinh chit nhat thi n6 1a hinh hop chit nhét.
B. Néu hinh hp c6 ndm mat 1a hinh chit nhat thi n6 1a hinh hdp chit nhat.
C. Néu hinh hop c6 bén mit 1a hinh chir nhat thi n6 1a hinh hop chir nhat.
D. Néu hinh hop c6 ba mat 1a hinh chit nhat thi n6 1a hinh hdp chit nhat.
Huwéng din gidi: Chon B

A sai vi ddy c6 thé 12 hinh binh hanh. B ding
C sai vi day c6 thé 13 hinh binh hanh. D sai vi day c6 thé 1a hinh binh hanh.
Cau 29. Hinh hop ABCD.A'B'C'D' 1a hinh hop gi néu tir dién AB'C'D’ déu

A. Hinh lap phuong  B. Hinh hdp chit nhat C. Hinh hép thoi D. Pép sb khac
Huwéng din gidi: Chon A

Cau 30. Hinh hop ABCD.A'B'C'D' tré thanh hinh lang tru tir gidc déu khi phai thém cac diéu
kién nao sau day

A. Tit ca cac canh day bang nhau va canh bén vudng goc v6i mit day.

B. C6 mdt mat bén vudng goc véi mat day va day 1a hinh vuong.

C. Céac mat bén la hinh chit nhat va mat day la hinh vuong.

D. Canh bén bang canh ddy va canh bén vudng goc v6i mat day.

Hudng din giii: Chon C , ,
Cau 31. Hinh hop ABCD.A’B’C’D’ 1a hinh hop gi néu ta dién 4A4’B’D’ c6 cac canh doi vuong
goc.

A. Hinh lap phuong  B. Hinh hdp tam giac C. Hinh hop thoi  D. Hinh hdp tur giac
Huwéng dén gidi:

Tacd AA' L B'D', A'D' 1 AB', A'B’ 1. AD’" suy ra Hinh hop ABCD.A’B’C’D’ 1a hinh lap
phuong.
Cau 32. Trong cac ménh dé sau, ménh dé nao diang

A. Goc giita mit phing (P) va mit phang (Q) bang géc nhon gifta mét phang (P) va mat

phang (R) khi mét phing (Q) song song véi mit phing (R).

B. Goc giita mat phang (P) va mat phang (Q) bang goc nhon giita mit phang (P) va mat
phang (R) khi mit phang (Q) song song véi mit phang (R) (hodc (Q)=(R)).

C. Goc gitra hai mat phflpg ludn 1a géc nhon.
D. Ca ba ménh d¢ trén déu dang.
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Huwéng déin gidi: Chon D . .
Cau 33. Cho hinh chop tam giac S.ABC véi duong cao SH . Trong cac ménh dé sau ménh de
nao dung

A. H tring véi tim dudng tron ngoai tiép tam gidc ABC khi va chi khi céc canh bén bang
nhau
B. H la trung diém ctia mot canh day khi hinh hop d6 c6 mot mit bén vudng goc véi mat
day.
C. H trung v6i tam duong tron ndi tiép tam giac ABC khi cac goc gitra cac mit phing chira
céc mit bén va mat phiang day bang nhau.
D. H thudc canh day thi hinh chép d6 c6 mot mat bén vudng goc vaoi day
Huwéng din gidi: Chon A
Cau 34. Trong cac m¢nh dé sau, ménh dé nao sai
A. Hinh lang tru tam giac c6 hai mat bén Ia hinh chi nhat 1a hinh lang tru dtng.
B. Hinh chép c6 day 1a da gidc déu va c6 cac canh bén bang nhau 13 hinh chop déu.
C. Hinh ling tru dimg co day 1a da giac déu Ia hinh lang try déu.
D. Hinh lidng try c6 day 1a da giac déu 1a hinh lang tru déu.

Huwéng din gidi: Chon D
Giasu lang tru 4pc 4'B' ' €O cac mat bén (AA'B’B),(AA’C'C) 1a hinh chit nhat, khi

AA' L AB
do tacod {AA'J_AC .Vayla 4pc 4'p' ¢ lang tru ding.
Theo dinh nghia hinh chép déu va hinh ling tru déu ta cé dap an B, C dung.
Cau 35. Cho (P) va (Q) 1a hai mit phang vudng goc v6i nhau va giao tuyén ctia ching 1a duong

= AA4' L (4BC)

thang m. Goi a,b,c,d 1a cac dudng thing. Trong cac ménh dé sau, ménh dé nao dung

A. Néu ac(P)Vé aJ_mthiaJ_(Q). B. Néu cJ_mthicJ_(Q).
C.Néu b Lmthi b= (P)hodc b<(0Q). D.Néu d Lm thi d L(P).
Hudng déin gidi: Chon A.

Ap dung h¢ qua: Néu hai mit phang vudng goc voi nhau thi bét cir dudng thang nao nam
trong mit phiang ndy va vudng goc véi giao tuyén thi vudng goc véi mit phang kia.
Cau 36. Cho tir dién ABCD c¢6 AC = AD va BC =BD.Goi I latrung diém cua CD.Khing
dinh nao sau day sai

A. Géc gifta hai mt phing (4BC) va (4BD) 1a CBD. B. (BCD) L(A4IB).
C. Géc giita hai mit phing (ACD) va (BCD) 1a AIB. D. (4CD) L(AIB).
Huwéng din gidi: Chon A 7
Tam giac BCD can tai B c6 [ trung diém day CD
=CD 1L BI (1)

Tam giac ACD can tai 4 c6 [ trung diém day CD
=CD 1 Al (2)
(1) va (2) =CD 1 (A4BI) . Vay A: sai

Cau 37. Cho hinh chép tir gidc S.ABCD , c6 ddy ABCD 1a hinh thoi tim / canh bang 4 va
goc A=60, canh SC = a\z/g (ABCD). Trong tam giac SAC

ké IK L SA tai K . Tinh s do goc BKD
A. 60°. B. 45°. C. 90°. D. 30°.
Huong dan gidi: Chon C.
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Ta ¢6 CHzﬂza;(CA:ull:a\/g) :

CS* +CA’
IK:lCH:la:IB:]D.
2 2 )
v61 H 13 hinh chiéu cua C 1én SA4, K 1a hinh chiéu cia 7 1én
SA4.

Cau 38. Cho tir dién déu 4BCD. Géc gitta (ABC) va (ABD)
bang « . Chon khiang dinh dang trong cac khang dinh sau

A. cosa:l. B. cosa:l. C. a=60". D. cosa:l.
3 4 5
Huong din gidi: Ch(.)l} A.
bat AB=a.Goi I latrung diém cia 4B .
Tam gidc ABC d&u canh a nén CI L AB va CI =§.
Tam gidc ABD ddunén DI L AB va DI = “23 .

Do d6, ((4BC),(4BD))=(CI,DI)=CID=a.
IC+ID’-CD* 4 T4 T 5 1
2.IC.ID ,av3 a3 3@ 3
1 r ' 2 ' 2\ N 2
Cau 39. Cho hinh chop tr giac déu co tat ca cac canh déu bang a . Tinh cosincua goc gitra
mot mat bén va mot mat day

A.l. B C.L. D.

1
2 . g . \/g
Hudng din gidi: ChonC. o

Gia st goi hinh chop tir gidc déu co tat ca cac canh déu bang a 1a
S.ABCD c6 duong cao SH .

Ta c6: (SCD)N(ABCD)=CD. Goi M 1a trung diém CD.

Dé ching minh dwge SM L CD va HM 1 CD

= ((SCD),(4BCD))=(SM,HM )= SMH =« .

Tir gia thiét suy ra ASCD 1a tam giac déu canh a c6 SM 1a

Tam giac CID c6 cosa =

5i-

a
du’c‘mgtmngtuyén:SM:& :cosazﬂz 2 =L.
2 S a\/g \/g

2

Cau 40. Cho hinh chop S.ABC c6 hai mat bén (SAB) va (SAC ) vudng goc v6i mit phang
(ABC), tam giac ABC vudng can & A va co duong cao AH (H € BC) . Goi O 1a hinh chiéu
vuong goc cua A4 1én (SBC ) Khang dinh nao sau day sai

A.SCL(ABC) ~ B.OeSH  C.(SAH)L(SBC)  D.((SBC),(4BC))=SBA

Huwdéng dén gidi: Chon D.
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(SAB) L (ABC) Fy.

Taco (SAC) L (4ABC) =S4 1 (ABC)= SA L BC. e
LI

(SAB) N (SAC) =S4 R T

BC L AH Vo e
= BC 1 (SAH)= BC L SH . Voo™

BC 1 54 PR UL .
Mait khac, AH 1 BC RN ~--..f},,f
nén ((SBC),(A4BC))=(SH,AH )= SHA. S T

Céu 41. Cho hinh chép S.ABCD c6 day la hinh thoi tdm O
canh @ va co goc BAD =60°. Puong thing SO vudng goc véi mat phing day (ABCD) va
SO = %. Goi E la trung diém BC va F la trung diém BE . Goc giita hai mat phang (SOF )
va (SBC) la

A. 90°. B. 60°. C. 30°. D. 45°.

Huéng dén gia"i:‘
. ABCD déu nén DE 1 BC. Mat khac
OF/IDE = BC 1 OF (1).

* Do SO L (4BCD)=>BC 1 SO (2).
* Tir (1) va (2), suy ra BC L (SOF)=>(SBC) L (SOF).
Vay, goc gitta(SOF) va (SBC) bang 90°.

Cau 42. Cho hinh chop S.ABCD c¢6 day ABCD 1a hinh thoi canh a vacdé SA=SB=SC=a
. Goc giita hai mat phang (SBD) va (ABCD) bang

A. 30°. B. 90°. C. 60°. D. 45°.
Huong din gidi: Chon B
Goi H 1a chan duong vudng goc ciia S xudng mit phang day (ABCD) (SH 1 (ABCD))
SA=SB=SC =a = cac hinh chiéu: H4 = HB = HC
= H la tam duong tron (ABC)
Ma tam giac ABC cantai B (vi BA=BC=a)
= tdm H phai nam trén BD = SH —(SBD)

SH 1 (ABCD)

SH < (SBD)
[($BD),(4BCD)]=90°.

Vay ¢6 }:(SBD)L(ABCD) nén goc
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Cau 43. Cho hinh chép tir giac déu S.ABCD , cb day ABCD 1a hinh vuéng tam O. Céc canh
bén va cac canh day déu bang a. Goi M la trung diém SC.
Goc giita hai mat phang (MBD) va (ABCD) bang:

A. 90° _ B 60’ C. 45 D. 30’
Huong din gigi: ~ Chon C.

Goi M'la trung diem OC'.

. 1 a a*\2
Co Symp = MOBD—EEa 2=
Sumn =~ M08D =L L arayz -~

AnMD 2°4 4
Do do cosa:SAB—MD:%:a:%()

ABMD

Ciu 44. Cho tam giac ABC vuodng tai 4. Canh AB=a nam trong mit phang (P), canh
AC = a\/z , AC tao voi (P) mot goc 60°. Chon khing dinh dung trong cac khang dinh sau?

A. (4BC) tao véi (P) goc 45°. B. BC tao véi (P) goc 30°.
C. BC tao voi (P) goc 45°. D. BC tao voi (P) goc 60°.
Huwéng din gidi: Chon C.

Goi H 1a hinh chiéu vuong goc cua C 1én mit phing (P) .
Khi d6, (4C,(P))=(AC, AH)=CAH = 60" va
(BC,(P))=(BC,AH)=CBH =a .

Tam giac AHC vudng tai H nén

smc/A?l_%:CH AC.sin CAH = a~J2.sin 60° = a6
a6

CH _ > _a2
BC \/a2 +(a \/5)2 2
Cau 45. Cho hinh chop S.ABC c6 S4 J_(ABC) va ddy ABC vudng ¢ 4. Khiang dinh nao
sau day sai

A. (SAB) 1 (ABC) .

B. (S4B) L (S4C).

C.Vé AH 1 BC, H € BC = gboc AHS la gbc giita hai mit phing (SBC) va (ABC).

D. Goc giira hai mat phang (SBC) va (SAC) la goc SCB.

Tam giac CHB vuong tai H nén sina = = a=45".
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Huwéng déin gidi: Chon D. -
Taco: S4L (ABC) = (SAB) 1 (ABC) nén dap an A dung. ..
AB 1 AC,AB 1 SA= AB 1 (SAC) = (SAB) L(SAC). ﬁ':“'a T
Nén dap an B ding L‘r, I"‘. EH\
AH 1 BC;BC 1. SA= BC 1 (SAH) [ I
el k e . "f'...
= SH 1 BC = ((SBC),(4BC)) = SHA. B § T L
LR Eu;!_,r"
Nén dap an C ding. "x;r_- i
i

Ta co: (SBC)m(SAC) =S8C nén dap an D sai.
Cau 46. Cho tir dién ABCD cb6 AC = AD va BC =BD.Goi I la trung diém cia CD . Khing
dinh nao sau day sai

A. Géc gitta hai mit phing (ACD) va (BCD) 1 géc AIB B. (BCD) L (AIB)
C. Géc giita hai mat phang (ABC ) va (ABD) la goc CBD .
. r.\-'._

D. (4CD) L (4IB) __,.:;[ .

Hudng din gigi:  Chon C. R -
(ABC)N(ABD)= AB S
— — | A i 3 e =
Ta cé: BC X AB = ((4BD),(A4BC))# CBD. AN IR
BD X AB A

Nén dap an C sai

Céu 47. Cho hinh chép S.ABC c6 SAL(ABC) va AB L BC, goi I 1a trung diém BC. Géc
giita hai mat phang (SBC ) va (ABC ) la goc nao sau day
A. Goc SBA. B. Goc SCA. C. Goc SCB. D. Goc SIA.

Huong din gidi: Chon A.
Tacé: BC L. SA,BC L AB=> BC L SB

(SBC)N(A4BC)=BC -
=1 AB L BC,AB < (4BC) =((SBC),(ABC))=SBA.

SB 1 BC,SB < (SBC)

Cau 48. Cho hinh chop S.ABCD c¢6 day ABCD 1a hinh vuéng va S4 L (ABCD) ,g01 O la
tam hinh vudng 4ABCD . Khang dinh nao sau day sai

A. Géc giita hai mit phing (SBC) va (4BCD) 1a goc 4BS.

B. Goc giira hai mit phing (SBD) va (ABCD) la goc SOA .

C. Géc giita hai mit phing (SAD) va (ABCD) 1a géc SDA.
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D. (SAC) L(SBD).
Huwdéng dén gidi: Chon C.
(SAD)N(ABCD) = AD
Taco: { AB L AD, AB < (ABCD)
SA L AD,S4 = (SAD)

= ((84D),(A4BCD))=54B.

Nén dap an C sai.

Cau 49. Cho hinh chép S.ABCD c6 day ABCD 1a hinh vuéng tim O. Biét SO L (ABCD) ,
SO=a3 va duong tron ngoai tiép ABCD c6 ban kinh bang a. Goi « 1a goc hop boi mat
bén (SCD) véi day. Khi d6 tana bing

AV B.ﬁ. c. Y6, D. V6.
2 V2 6
Hudng din gigi: ~ Chen D, §
Goi M la trung diém cta CD. K o
... [cD LoM FARA AN
Khi d6 Fooa s
CD J_ SO I-" ; ! I'i ]ﬂ1 l"'-'l
- 2 L T
= CD L SM = ((SCD),(4BCD))=SMO=a. AT
T e 1
Taco: R=0A=a=> AC=2a=> AB=AD=av2. J;r"--..f- R J--j.‘}'
L Fpe T )
—om=12 2:>tana:£=\/g. £ et An L T
2 oM ‘ Ao A
Cau 50. Cho hinh chép tam giac déu S.ABC véi T4 s

S4=24B . Goc gitra (SAB) va (ABC ) bang « . Chon khing dinh diing trong cac khing dinh
sau

1 1 1
A. a =60" B. cosa =—— C.cosq=—= D. cosa =——
35 45 25

Huwéng din gidi: Chon B
Goi O 1a tam cia tam gidc déu ABC ‘ 3
Goi CON AB = H suy ra H 1a trung diém AB (vi AABC deu) l..ﬂ*'-..
PN
= OH 1 ABva OHleHzl.AB\EzAB\/5 A \
3 372 6 't .
Tim goc gitra (SAB) va (ABC) ! f II| "-h
(SAB)(A4BC)= 4B f,rf i
OH | 4B = SH 1 AB (1) o i BL
SO L AB (SO L(4BC)) SN / e
(SAB)(ABC)= 4B - | 2
Tacé {OH L AB, OH c (4BC) "
SH 1| AB,SH c (SAB)

:((W))z(@)z@za
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2
Tu (1) suy ra SH =~/SA> — AH’ :\/(2AB)2 _(%j :EAB

2
ﬁAB
e . OH ¢ 1
T dotacd:cosa = = =
SH 15 35
o

Cau 51. Cho tam giac can ABC c6 dudng cao AH = a3, BC =3a, BC chua trong mat
phang (P) Goi A' 1a hinh chiéu vuéng goc ciia 4 1én mit phing (P) Biét tam giac A'BC
vuong tai A'. Goi ¢ la goc gitra (P) va (ABC ) Chon khang dinh diing trong cic khang dinh

sau
A. 9=60°. B. p=45". C. cosgo:g. D. ¢ =30°".
Huwéng dén gidi: Chon D.
BC 1 44"
Ta co :>BCJ_(A'AH):>BCJ_A'H.
BC 1 AH
Do d6:

{(ABC)m(A'BC) =BC:> ((4BC),(4'BC))=(4H,A'H)= AHA"

BC 1L AH,BC 1 A'H

Mat khac, tam giac 4'BC vuodng tai 4' nén A'H =%BC=37G.
3a
A'H - 1
Tacod cosp=——= 2___.
AH a3 2

Cau 52. Trong khong gian cho tam giac déu S4B va hinh vuéng ABCD canh ¢ nam trén hai
mat phang vudng goc. Goi H, K lan lugt 1a trung diém cua AB, CD. Ta co6 tan cua goc tao
boi hai mit phang (S4B) va (SCD) béng :

NES B. 25 ¥ p. Y3
3 3 3 2
Huong din gidi: Chon B.

Ta co: S €(SAB)N(SCD). Goi d =(SAB)N(SCD) véi d € S;d || AB|| CD
Do d6: d =(SAB)N(SCD)
Mat khac: (SAB) L (ABCD); ma HK L AB(hv)= HK 1 (SAB)
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Vi H latrung diém cia AB = SH 1 AB=SH 1 d
(vi d|| AB)

=d 1 SK (theo dinh li ba duong vudng goc)

Do d6: KSH = 1a gbc giita (SAB) va (SCD)

Ma SH la duong cao trong ASAB déu canh a = SH = #
Xét ASHK vudng tai H co: tana = HEK =4__ 23 .
H a3 3

2
Cau 53. Cho hinh chép S.ABCD c6 day ABCD 1a hinh chir nhat tam O va khoang cach tur

A dén BD bang 2—\/% Biét S4 L (ABCD) va SA=2a. Goi & la géc giita hai mat phang
(ABCD) va (SBD). Khang dinh nao sau déy sai

A. (S4B) 1(84D) B. (SAC) L(4BCD)  C.tana=+5 D. a =504
Huwdng din gidi: Chon D.

Goi AK 1akhoang cach tir 4 dén BD
Khi d6 AK =22 va BD L AK, BD 1 54

75
(W)zﬁza:mna=%=ﬁ.

Cau 54. Cho hinh lang try ABCD.A’Q'C 'D' ¢6 day ABCD 1a hinh thoi, AC =2a. Cac canh
bén vuodng goc voi day va AA' = a. Khang dinh nao sau day sai
A. Cac mat bén cuia hinh lang tru la cac hinh chit nhat.
B. Géc gira hai mat phing (A44'C'C) va (BB'D'D) c6 s6 do bang 60°.
C. Hai mit bén (AA'C) va (BB'D) vudng goc voi hai day.
D. Hai hai mit bén (A44'B'B) va (AA'D'D) béing nhau.
Huwdng dén gigi:  Chon B.
Ta c6 cac canh bén vudng goc vdi day, day 1a hinh thoi
Cac mat bén cua hinh lang tru 1a cac hinh chit nhét.
Hai mit bén (44'C) va (BB'D) vudng goc voi hai déy.
Hai hai mt bén (A44'B'B) va (AA'D'D) bang nhau. Suy ra
dap an A,C,D dung.
Mit khéc hai ddy ABCD va A'B'C'D’ 1a céc hinh thoi nén (A44'C'C) L(BB'D'D). Suy ra dap
an B sai.
Céu 55. Cho hinh 1ap phuong ABCD.4,B,C\D,. Goi a la goc giita hai mit phing (4,D,CB)
va (ABCD) . Chon khing dinh dung trong céc khang dinh sau
A. a=45". B. ¢ =30". C. a=60". D. a=90°.
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Huwéng déin gidi: Chon A.
a la géc gitra hai mat phiang (4,D,CB) va (4BCD) la
a = MNP

Ta co tana:M—§=1:a=450

Cau 56. Cho hinh chop S.ABCD c6 day ABCD la hinh vuong c6 tam O va S4 L (ABCD).
Khéng dinh nao sau day sai
A. Géc giita hai mat phang (SBC ) va (ABCD) la goc ABS .
B. (SAC) L (SBD).
C. Goc gifta hai mat phing (SBD) va (ABCD) 1a goc SOA .
D. Goc giira hai mat phang (SAD) va (ABCD) la goc SDA .
Huong din gidi:
Ta c6: (SBC)N(ABCD)=CD
AB 1 BC,AB < (ABCD)
{SB 1 BC,SB <= (SBC)

BC):(AB D*)zfﬂ?
3(“ C:(ABCD)|=ABS s a ding

= BD 1 (S4C)
BD 1S4

Ma BD <(SBD)=>(SAC) L(SBD) 4y B diing
Ta c6: (SBD)N(ABCD)=BD

AO 1 BD,AB < (ABCD)

{SO L BD,SOc(SBD) = ((W)) =504 . Vay C dung
Ta co: (SAD)N(ABCD)=BD

AB 1 AD,AB = (ABCD)

{SA 1 AD,SA < (84D)

{BD 1 4C
Ta co:

= ((S4D);(4BCD)) = S4B = 90"

Vay D sai. i
Cau 57. Tinh cosin cua goc giira hai mat cia mot tr dién deu
Al B. L .32, p. Y3
3 2 3 2
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Hudng din gidi: i
Goi H latrung diém ctia AC khiddé BH 1 AC;DH 1 AC
Goc giita hai mit cia ttr dién bang BHD

Tacd BH = DH =2

3
2
Trong tam giac BHD ¢6 :

BD* = BH? + HD* —2 BH.HD.cos BHD
3> 3a° 3a’

=ad’ =—+——2—.c0sl§-]7)
4 4 4
:cosﬁ):% L

Céu 58. Cho hinh chép tir gidc déu S.ABCD ¢6SA =SB . Géc gitra (S4B) va (SAD) bang
a . Chon khing dinh dung trong cac khang dinh sau
A. cosa =——. B. cosar=2. C.a= 60°. D. cosa =2
} 3 5 3
Huong dan gidi: i
Goi d¢ dai canh cta hinh chop déu S.ABCD 1a a. Goi [ la trung

diém ciia SB ta coé DI L SB (vi tam giac SBD déu) va Al L SB
(vi tam giac SAB déu). Vay, goc gilta hai mat phang (SAB) va

(SAD) chinh la géc AID.

Ta c6: AD=a 2 (duong chéo hinh vuong), Al =DI = a\2/§
(dudng cao tam gidc déu)
Ap dung dinh 1y cosin cho goc / trong tam giac AID taco:

2 2

2
— AP’ +DI’ - AD? [axz/?] +[afj (a2 1 1
cos(A4ID) = = = -3 Vay cosa = -3

24D.DI 2(aﬁj (a\EJ

2 2
Cau 59. Cho hinh chép S.ABCD c¢6 day ABCD 1a hinh thoi canh a va goc ABC =60° .
Cac canh SA,SB,SC déu bang a?. Goi ¢ 1a goc cta hai mit phing (SAC) va (ABCD)

. Gi4 tri tan¢ bang bao nhiéu

A. 245 B. 3.5 C. 53 D. 3

Huwéng din gidi:
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Do AB=BC va ABC = 60" nén tam giac ABC déu.
Goi H 1a hinh chiéu ctia 4 lén (ABCD).
Do SA=SB=SC nén H 1atam duong tron ngoai tiép
tam giac ABC .
(SAC)N(ABCD) = AC
Taco: |SO L AC,HO L AC
= ((84C),(4BCD)) = (S0,HO) = SOH

1 la\/g_a\/g

Mat khac, HO =—BO =—. ,

3 3 2 6
3a’ 2 5
SH =~SB"—BH" = |22 - L _ a/s
4 3 23
Cau 60. Cho hinh chop S.ABCD c6 day ABCD la hinh thang vudng taid va D.AB =2a,
AD=DC=a Canh bén SA vudng goc voi day va SA = a2 . Chon khang dinh
sai trong cac khang dinh sau
A. (SBC) 1 (SAC) . B. Giao tuyén cia (SAB) va (SCD) song song voi AB .
C. (SDC) tao v6i (BCD) mét goc 60°. D. (SBC) tao v6i day mot goc 45°.
Huéng dén gidi: Chon C.

BC 1 4B
Ma BC < (SBC) = (SBC) L (SAC) (A diing)
(S4D)(S4B) =S
AB//CD
AB (S4B)
CDc(SCD)

BC 1 54
, { = BC L (SAB)
Ta co:

=>(S4D) ~(SAB)=Sx//AB

B diang

(SCD)N(BCD)=CD
_— AD 1. CD, AD < (BCD)
e SD 1 CD,SD < (SCD)

54 —
Suy ra goc gitta (SDC)va (BCD) 1a oy, @SDA=——=V2=SDA=54'44" o)
Cau 61. Cho hinh hop chit nhat ABCD.A'B'C'D' ¢6 AB=AA"=a,AD=2a.Goi o la gboc
gitra duong chéo A'C va day ABCD. Tinh
A o z~20°45' . B. o ~24°5'. C. a~30°18". D. a ~25°48".
Huong din gidi: Chon B.

H 178



Tuyén chon va giéi thiéu: Nguyén Qubc Hoan 0913 661 886

Tir gia thiét ta suy ra: 44’ L (ABCD) = AC la hinh
chiéu vudng goc ciia 4'C 1én mit phang (ABCD)
= (A'C,(4BCD))=(4'C,AC)=ACA=a.
Ap dung dinh 1y Pytago trong tam gidc ABC vudng
tai B ta co:
AC? = AB* + BC* = a* +4d* =5a°> = AC = a5
Ap dung hé thirc luong trong tam gidc AA'C vudng
tai 4 taco:
‘[ana:ﬂzizL = a=24°5.
AC a5 5

Cau 62. Cho hinh 1ap phuong ABCD.A'B'C'D'. Xét mit phang (A'BD). Trong cac ménh
dé sau ménh dé nao dung

A. Géc giita mat phang (A'BD) va cac mit phang chira cac canh ciia hinh 1ap phuong bang

. 1
a matano =—.
2
B. Goc giita mit phing (A 'BD) va cic mit phang chita cac canh cua hinh 1ap phuong bang
. 1
o ma sing =—.
NE)
C. Géc giita mit phang (A 'BD) va cac mit phang chira cac canh ctia hinh 1ap phuong phu
thudc vao kich thudce cta hinh 1ap phuong.

D. Géc giita mit phang (A'BD) va cac mit phang chira cac canh ciia hinh 1ap phuong bang

nhau.
Huwéng dén gigi:  Chon D.
ABCD.A'B'C'D' 1a hinh lip phuong nén hinh chiéu cta tam giac
A'BD 1én cac mat chua cac canh cua hinh lap phuong la cac tam
giac bang nhau. Goi S, 1a dién tich cac tam gidc nay

Laico S, =S8 ,,,.cosx.

Cau 63. Cho hinh chép tam giac déu S.4BC c6 canh day bang a va dudng cao SH bang canh
day. Tinh so do goc hop bdi canh bén va mat day

A. 30°. B. 45°. C. 60°. D. 75°.
Huong din gigi: Chon C.
+Vi SH L(ABC) va AN c(ABC) = SH L AN hay
= SH 1 AH = AH 1a hinh chiéu vuéng goc ctia S4 lén
(ABC) = (S4,(4BC))=(S4,AH)=SAH .
+Goi M, N lan luot 13 trung diém cia AC, BC.
Vi A4BC 1a tam giac déu canh a nén dé tinh duoc :

a3

AN = .
2

Tir gia thiét suy ra H 1a trong tim AABC
2 2 a3 a3

= AH =— AN =—. 3 = .
3 3 2 3
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+ Ap dung hé thirc luong trong tam gidc SHA vudng tai H ta co:

tan@zﬁz 4 =\/§ :@=60°.

AH a3

3

Céu 64. Cho hinh chép tir giac déu c6 canh day bang a2 va chidu cao béng %. Tinh sb
do cua gdc gitra mat bén va mat day
A. 30°. B. 45°. C. 60°. D. 75°.
Huong dan gidi: Chon B.
Gia str hinh chop da cho 1a S.ABCD c6 duong cao SH .
Ta c6: (ABCD)(SCD)=CD.
Goi M 1a trung diém ciia CD = d& ching minh duoc
SM 1. CD va HM L CD.
= ((ABCD),(SCD))=(HM,SM)=SMH .

1 a\/z

Mat khac: HM = EAD =

2
Ap dung hé thirc luong trong tam giac SHM vudng tai H , ta
co
tan SMH = SH = a2 2 = 1= SMH =45°.

HM 2 ‘a2
Cau 65. Tinh cosin cua goc giira hai mat cia mot tr dién déu

A.ﬁ. B.ﬁ. C.l. D.l.
2 3 2 3
Huwong dan gidi: Chon D.

Gia s tir dién déu dd cho 1a ABCD c6 canh a.

Ta co: (ABC) m(BCD) =BC.

Goi E l1a trung diém BC . Khi d6 d& dang ching minh dugc AE 1 BC va DE 1 BC.
= ((4BC),(BCD))=(AE,DE) = AED .

a3

Ta dé tinh dugc: AE = DE = S

Ap dung hé qua cia dinh 1y 6 sin trong tam giac AED ta cé:
2

o 2 2 _ 2 ——+ a -
cosAEDzAE +DE”" - AD _ 4 4 2 1

2 2
3a> 3a , a

2.AE.DE , a3 a3 T3d7 3

22 2
Cau 66. Cho hinh chép S.ABCD c6 day ABCD la hinh vuéng canh a. Canh bén S4 vuéng
goc voi day va SA4 = a3 . Goi @ la goc giita hai mit phang (SBC) va (SCD). Chon khang

dinh diing trong cac khing dinh sau

A. cosﬂzﬂ. B. cosle. C. sinﬂzﬂ. D. singzl.
2 4 2 4 2 4 2 4
Huong dan gidi: Chon C.

Taco SB=SD=2a
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Vi ASCD = ASCB (c.c.c) nén chan duong cao hatlr B va D dén SC cilia hai tam giac d6 tring
nhau va d6 dai duong cao bang nhau = BH = DH
Do d6 ((SBC),(SCD))= DHB = ¢

B
Ta c6 03:01):%:"*2/5

1 1 1 1 1 5

= + = —
BH?> SB* BC* 4a4* a4 4a°

25

:>BH:DH=T5a

Lai c6 BH = DH va O la trung diém BD
HO 1 BD hay AHOB vuong tai O.

OH =~/ BH? - OB* =\/£2\B“j2—(“ﬁ]2 - ma
5

2 10
J30 N
Tac()sinEZO—H:&zﬁ;sinQ:OB: 2 _VIo
2 BH 2J5 4 2 BH 25 4
5

5
Cau 67. Cho hinh chép S.ABCD c6 day ABCD la hinh vuéng canh a. Canh bén S4 vudng
goc voi day va S4 = a . Goc giita hai mat phang (SBC) va (SCD) bang bao nhiéu?

A. 30° B. 45° C. 90° D. 60°
Huéng din gidi:
Taco: SC LBD (vi BD 1L AC,BD 1 S4)
Trong mit phang (SAC), ké OI L SC thitacod SC L (BID)

Khi do ((Em)) — BID

a2
NG

Trong tam giac SAC, ké duong cao AH thi AH =

Ma O la trung diém AC va OI'|| AH nén OI =2

S

Tam giac /OD vudng tai O c6 tan OID = V3= OID = 60"
Vay hai mit phang (SBC) va (SCD) hop véi nhau mot goc 60°.
Cau 68. Lang tru tam giac déu ABC.A'B'C’ c6 canh day bang a. Goi M 1a diém trén canh

AA' sao cho AM = %Ta . Tang ctia goc hop boi hai mit phang (MBC) va (ABC) la

A. % B.2 C. D. ?

N | —
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Hudng din gigi: ChenD.
Goi O la tam duodng tron ngoai ti€p tam giac ABC'.
Khi d6 4'O L (ABC).

Trong mit phang (ABC), dung AH 1 BC. Vi tam giac
ABC ddunén AH = "23 :
_ BC 1 AH ,
Taco = BC L (A'HA)= BC L MH .
BC 1 A0
Do d6, ((MBC),(4BC))=(MH,AH)=MHA=a.
3a
AM 4 3
Tam giac MAH vubdngtai 4 nén tana =——= 4 :£.
A a3 2
2

Céu 69. Cho hinh chop S.ABCD c¢6 day ABCD la hinh vudéng canh a. SA 1. (ABCD), SA = x
. Xéc dinh x d& hai mit phang (SBC) va (SCD) tao véi nhau géc 60°

A.x=3—a B. x=2 C.x=a D. x=2a
2 2
Huong din gidi: Chon C

* Trong (SAB) dung AI 1 SB ta ching minh dugc 4/ L (SBC) (1)

Trong (SAD) dung AJ L SD ta chimg minh dwoc 4J L (SCD) (2)

Tir (1) va (2) =géc ((SBC),(SCD)) = (AI, AT) = IAT

* Ta chimg minh dugc AI = AJ . Do do, néu goc I4J =60° thi AALJ déu=> Al = AJ =1J
ASAB vudngtai A c6 Al 1a dudng cao

— AI.SB=SA.AB = Al = S/;;B 3)

2
Vacé SA® =SI.SB = SI = SSiB (4)

Ta chung minh dugc 1J//BD
) §42
jizﬂ :>U:SI.BD Y 54 .fD (5)
BD SB SB SB

Thé (3)&(5) vao Al =1J = AB = S4.BD

< ABSB=SA.BD <a~Nx’+a’ = x.a\/z ox’+a’=2x ©ox=a
Cau 70. Cho hinh chop S.ABCD c6 dayABCD 1a hinh thoi tdm O. Biét
SO L (ABCD),SO = a3 va dudng tron ndi ti€p ABCD c6 ban kinh bang a. Tinh géc hop
boi mdi mat bén voi day

A. 30" B. 45°. C. 60°. D. 75°.
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Huéng déin gigi: ~ Chen C ‘

Tacé SO 1L (ABCD) va OM,ON,OP,0Q lan lugt vuéng goc
voi AB,BC,CD, DA

Theo dinh li ba dudong vuong goc ta co

SM 1 AB,SN 1 BC,SP 1 CD,SQ 1 DA

— e~ e~ -

Tur d6 suy ra SMO = SNO = SPO =SQ0O

Xét tam giac SMO vuodng tai O ta co

‘[anAS'/M\O:\/§:>S/M\0:600

Vay mdi mit bén hop véi day cac goc bang nhau va bang 60°

Cau 71. Cho hinh chép S.ABC c6 ddy ABC la tam giac vuong tai B, SA L (ABC). Goi E,F
1an Iuot 14 trung diém ciia cic canh 4B va AC . Goc giita hai mit phang (SEF ) va (SBC ) la

A. CSE. B. BSF. C. BSE. D. CSE.
Huwong dan gidi: Chon C.
Ta co: (SEF) m(SBC) =Sx//EF//BC
BC 1 AB
:BCJ_(SAB)
BC 154

= BC L SE,BC L SB
= SB 1 Sx,SE L Sx
= Géc giita hai mat phang (SEF ) va (SBC ) la: BSE
Cau 72. Cho gbc tam dién Sxyz véi xSy =120°, ySz=60°, zSx =90°. Trén cac tia Sx, Sy,
Sz lan luot lay cac diém 4, B,C sao cho SA=SB=SC =a. Goc giita hai mit phing (SAB)
va (4BC) bang
A 15" B. 90’ C. 45° D. 60°

Huong din gidi: Chon B
Ap dung dinh 1i Cosin trong tam giac S4B, taco AB= a3
Tam giac SAC vudng can tai S nén AC = a2 ; tam
giac SBC déunén BC=a.
Vi AC® + BC* = AB’ nén tam gidc ABC vuong tai C
Goi H latrung diem A4B thi ta cod

HA=HB=HC

S4=SB=SC
Ma SH c (SAB) nén (SAB) L (ABC)

Viy ((S4B),(4BC))=90°

— SH 1 (ABC)

Cau 73. Cho tam gidc déu ABC c6 canh bang a va nam trong mat phang (P) Trén cac
duong thang vudng goc véi (P) tai B,C lan luot iy D, E nam trén cung mot phia ddi véi

(P) sao cho BD = a%,CE = a3 . Géc gitra (P) va (ADE) bang bao nhiéu

A. 30" B. 60° C. 90° D. 45°
Huwong dan gidi: Chon B.
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Goi ¢ =((4BC),(ADE)).

2
Taco: S, :&.
4
Mit khac, ta c6: AD =~ AB* + BD’ =,|a’ +T = a\2/7 ,

AE =\ AC* +CE* =’ +3a* =2a.
Goi F 1atrung diém EC,tacé DF =BC =a.

Do d6 DE =~/ DF* + FE* = 3Z “*/7.

2

Suy ra tam giac ADE cantai D .

Goi H latrung diém AE,taco DH = NAD?* — AH? =

2
Suyra S, =1DH.AE=l.a\/§.2a: aV3
2 2 2 2
e
Vaycosgo—S S = 1:>(p 60°.
= 2\/» >

Cau 74. Cho tam giac deu ABC canh a. Goi d,d, lan luot 1a duong thing di qua B,C va
vuong goc voi (ABC). (P) 1a mat phang qua 4 va hop véi (ABC) gbc 60°. (P) cat dy.d.

J6

lan luot tai D va E . biét AD = aT, AFE = a\/g. dat DAE = . Chon khéng dinh dung trong

cac khang dinh sau
2 3
A. sinp=—. B. p=60". C.sinp=—. D. p=30°.
J6 J6
Hudng dan gidi: Chon A. r
Tacd: S50 =S,pp-c08a V6i a=((4BC),(ADE))=60".
a*\3 A
S V3 -
Do d6 S, =—c =4 __2N7 o
cosa cos60 2 //:J_,r'
Mit khac, f;-f .

a2\/§ 1 a6 a\3.sing =sing = 2
2 22 J6
Céu 75. Cho tr dién ABCD c6 AB L (BCD). Trong ABCD vé& cic dudng cao BE va DF cit
nhau & O. Trong (ADC) v& DK 1 AC tai K . Khang dinh nao sau day sai
A. (ADC) L(4BE)  B.(4DC) L(DFK)  C.(4ADC) L(4BC)  D.(BDC) L(A4BE)

S pe :%AD.AE.sian =
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Huwéng dén gigi: ~ Chon C
CD | BE
Ta co = CD 1 (A4BE) .
CD 1 AB = (ADC) L (ABE)
CD c(4DC)

Vay “(ADC) 1 (4BE)”: PUNG.
DF 1 BC| DF 1L(4BC)| DF 1A4C| AC L(DFK)
DF 1 AB} T scc (4BC) } ~ DK L AC} ~ 4cc (4DC)
Vay “(4DC) L (DFK)”: BUNG.
_CD L BE} CD L (4BE)
0 =

CD 1 AB| ~ ¢D <= (BDC)
“(ADC) L (ABC)”: SAI
Cau 76. Cho tir dién ABCD c6 hai mat phing (ABC ) va (ABD) cung vuong goc voi (DBC )

. Goi BE va DF la hai duong cao cua tam giac BCD, DK la dudng cao cua tam giac ACD .
Chon khang dinh sai trong cac khang dinh sau?

}:» (4DC) L (DFK)

Tac } = (BDC) L (4BE). Vay “(BDC) L(A4BE)”: DUNG.

A. (ABE) 1 (ADC) B. (4BD) 1 (4DC)
C. (4BC) L (DFK) D. (DFK) L (ADC)
Huwdéng déin gigi: ~ Chon B.
(ABC) L(BCD)

Ta c6: (4BD) L (BCD) = AB L (BCD).
(ABC)N(ABD)= AB
_ ... |CDLBE A ,
Miit khac: { = CD 1 (ABE) nén cau A ding.
CD 1 4B
(ABC) L(BCD)
(ABC)m(BCD) =BC=DF 1 (ABC) nén cau C dung.
DF 1 BC

Theo trén ta c6 DF L (ABC) nén DF 1 AC.
1 DF
1 DK
Cau 77. Cho hinh hop chit nhat ABCD.A'B'C'D’ . Khang dinh nao sau diy khéng diing

A. Ton tai diém O cach déu tam dinh cua hinh hop.

B. Hinh hdp ¢6 6 mat 1a 6 hinh chit nhat.

C. Hai mat ACC'A" va BDD'B' vudng goc nhau. ﬂ

D. Hinh h¢p c6 4 duong chéo bang nhau va dong qui tai trung diém cua moi duong.
Huong din gidi: Chon C
Chu 78. Cho hinh chép S.4BC ¢6 hai mit bén (SBC) va (SAC) vuéng goc véi day (ABC)

. Khang dinh nao sau day sai
A. Pay la da giac déu.
B. Cac mit bén 13 nhitng hinh chit nhat ndm trong mit phang vudng goc véi day.
C. Cac canh bén l1a nhitng duong cao.

AC
Vay ta co {AC = AC L(DKF)=(ACD) L (DKF). Do d6 cau D dung.
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D. Céc mét bén 1a nhiing hinh binh hanh.

Huong dan gidi: Chon D
(SBC) L (4BC)

Ta co: {(SAC) L(ABC) = SC L(A4BC). Do d6 cau
SC =(SBC)N(SAC)

A va B dung

C. Sai. vinéu A4'e SB thi hai mt phang (SAB) va (SBC)

phai vudng goc véi nhau theo giao tuyén SB

SC 1(A4BC)

SC < (S4C)

D. Ta co: { = (8AC) L(A4BC) theo giao

tuyén AC

Ma BK 1a duong cao cuia AABC = BK | AC = BK J_(SAC). Vay D. dung

Céu 79. Cho hinh ling tru 4BCD.4’B’C’D’. Hinh chiéu vudéng goc ciia 4’ 1én (ABC ) trung
véi tryc tam A cua tam gidc ABC . Khang dinh nao sau ddy khong ding

A. BB'C’C 1a hinh chi¥ nhat. B. (A4H)L(4BC).
C. (BBCC)L(A4H). D. (44B'B) L(BBCC).
Huwéng din gidi: Chgn D

BC L (A AH) nénBC L BB’ ,néu (AAB’B) L (BB C’C) thi BC L AB voly vi H tring 4.
Cau 80. Cho hinh chop S.4BC c6 hai mét bén (SBC ) va (SAC ) vuong goc voi day (ABC )
. Khang dinh nao sau day sai

A. SC L (ABC) .

B. Néu A4’ 1a hinh chiéu vudng goc cia 4 1én (SBC ) thi 4A'eSB.

C. (S4C) L(4BC). s

D. BK 1a duong cao cta tam giac ABC thi BK L (SAC ) .
Huong din gidi: Chon B.

(SAC)N(SBC)=SC
Taco: ¢ (SAC)L(4ABC) = SC L(A4BC). ok B
(SBC) L (4BC)

Goi A’ 1a hinh chiéu vuoéng goc cia 4 1én (SBC ) ,
khi d6 AA' J_(SBC) = AA' L BC= A'e BC.

Suy ra dap an B sai
Cau 81. Cho hinh chép S.ABC ¢6 SA L(ABC) vaday ABC latam gidc can & 4. Goi H la

hinh chiéu vuéng goc ciia A 1én (SBC ) . Khing dinh nao sau day ding
A. HeSB. B. H trung véi trong tdm tam giac SBC.
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C. HeSC. D. H €SI (I 1a trung diém cia BC).
Huwdng dén gigi: Chon D.
Goi I 1a trung diém cia BC = Al L BC ma BC LS4
= BC L(S4I).

Khidé H lahinh chiéu vuéng goc ciia 4 1én (SBC). Suyra H € SI

Cau 82. Cho hinh chép S.ABC c6 hai mat bén (SAB) va (SAC ) vudng goc voi day (ABC ),
tam giac ABC vudng can & A va c6 duong cao AH, (H € BC). Goi O 1a hinh chiéu vudng
goc cua A4 lén (SBC ) Khang dinh nao sau day ding

A. SC 1 (4BC) B. (SAH) L (SBC)
C. 0esSC D. Géc giita (SBC) va (4BC) 1a géc SBA
Huwéng din gigi: ~ Chon B

(SAB)N(SAC) =54
Taco:  (S4C)L(ABC) = SAL(ABC).
(S4B) L (4BC)
Goi H la trung diém cua BC = AH 1 BC
ma BC LS4 = BC L(SAH )= (SBC) L (S4H).
Khi d6 O 14 hinh chiéu vudng goc ciia 4 1én (SBC )

Thi suy ra O e SI va ((SBC),(4BC))=SHA.
Vay déap an B dung.
Cau 83. Cho hinh lang try ding ABC.A'B'C" c6 ddy ABC la tam gidc vuéng can & A.H la
trung diém BC . Khang dinh nao sau day sai
A. Cac mit bén cia ABC.A'B'C’ 14 cac hinh chit nhét bang nhau.
B. (AA4'H) 1a mit phang trung truc cta BC .
C.Néu O la hinh chiéu vuéng géc cta 4 1én (4'BC) thi Oe A'H .
D. Hai mat phang (AA'B'B) va (AA'C'C) vuéng gbc nhau.
Huwdng dén gidgi: Chon A.
Vi ABC la tam giac vuéng cdn 6 A = AB=AC # BC nén cac mit bén cua lang try khong
bang nhau.
Céu 84. Cho hinh hdp chir nhat ABCD.A'B'C’'D' . Khang dinh nao sau day khong diung
A. Hinh hop c6 6 mit l1a 6 hinh chir nhat.
B. Hai mat (ACC'4") va (BDD'B') vudng gbc nhau.
C. Ton tai diém O cach déu tam dinh cua hinh hop.
D. Hinh hop c6 4 duong chéo bang nhau va dong qui tai trung diém ctia mdi duong.
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Huwdng dén gigi: Chon B.

Ta c6: ABCD la hinh chit nhat nén 4C khong vudng goc
voi BD

Suy ra hai mit (4CC'4") va (BDD'B’) khong vudng

g6c véi nhau.

Cau 85. Cho hinh 1ap phuwong ABCD.A B,C,D, . Mt phing (AIBD) khong vudng goc voi mét
phang nao dudi day

A. (ABlD) . B. (ACCIAI) . C. (ABD1 ) . D. (AIBC1 )
Huwéng din gidi: Chon D.
*Goi [ =AB NAB.
Tam gidc 4,BD déu co DI 1a duong trung tuyén
nén DI 1 AB.
DA 1 (AAlBlB) = DAL AB.
AB 1 DI
AB 1 AD

* Taco

} = 4B 1 (A4BD) nén A ding.

BD 1 AC
BD 1 44
*Goi J=AD NAD.

Tam giac 4,BD déu c6 BJ la dudng trung tuyén nén BJ L AD.
BA 1 (AAIDID) =BAL1AD.

AD L BJ
AD 1 BA

Cau 86. Cho hinh 1ap phuong ABCD.A'B'C'D’ c6 canh banga . Khang dinh nao sau déy sai
A. Tam giac AB'C la tam giac déu.

} = BD 1 (ACC,4,) = (4,BD) L (ACC 4,) nén B ding.

} = AB 1 (ABD,) nén C dung.

B. Néu « 1a goc giita AC' va (ABCD) thi cosa:\/g.

C. ACC'A’ 14 hinh chit nhat c6 dién tich bang 24°.
D. Hai mit (A44'C'C) va (BB'D'D) & trong hai mat phang vudng goc véi nhau.
Huwdng din gidi: Chen C.
+ Cach 1: Chung minh tryc tiep chira C la dap an sai.
Tir gia thiét dé dang tinh duge AC = a2
Mit khac vi ABCD.A'B'C'D' 1a hinh 14p phuong nén suy ra AA4'C'=90°.
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A4'1/cC’

Xét tir gidge ACC'A' ¢6 { A4'=CC'=a = ACC'A" 1a hinh chit
AA'C' =90°

nhat ¢6 cac canh a va a\/i .

Dién tich hinh chit nhat ACC'A’ 1a: S =a.a2 =a’~/2 (dvdt)

= dép an C sai.
+ Cach 2: Chung minh 3 dap én 4, B, D déu dung va suy ra

dap an C sai.
Cau 87. Cho hinh chép S.4BC c6 dudong cao SH . Xét cac ménh dé sau
I) SA=SB=SC.

1) H tring v6i tim dudng tron ngoai tiép tam giac ABC.
III) Tam gidc ABC la tam giac déu.
IV) H la truc tm tam gidc ABC.
Cac yeu t0 nao chua du dé ket luan S.ABC 1a hinh chop déu
A. (1) va (II) B. (1) va (1) C.(H)va(1v)  D.(Iv)va(l)
Huwdng din gidi: Chon A. ‘ ‘
Céu 88. Hinh hop ABCD.A'B'C'D’ tr¢ thanh hinh lang try tir giac déu khi phai thém cac diéu
kién nao sau day .
A. Tat ca cac canh day bang nhau va canh bén vudng goc voi mat day.
B. Canh bén bang canh day va canh bén vudng goc vdi mat day.
C. C6 mot mat bén vuong goc voi mét day va day 1a hinh vudng.
D. Cac mat bén 1a hinh chit nhat va mat day 1a hinh vuong.
Huong din gidi: Chon D. . i
Céu 89. Cho hinh 1ap phuong ABCD.A'B'C'D'’ canh bang a . Khang dinh nao sau day sai
A. Hai mat ACC'A’ va BDD'B' vudng gbc nhau.
B. Bbn duong chéo AC', A'C, BD', B'D bang nhau va bang a3
C. Hai mat ACC'A’ va BDD'B’ 1 hai hinh vudng bang nhau.
D. AC L BD'".
Huong din gt:a"i:. Chon C.
Vi theo gia thiét ABCD.A'B'C'D' ta dé dang chi ra dugc:
N AC L BD
AC L BB’
= AC L (BB’D’D). Ma BD' c (BB’D'D) = AC 1 BD' = dap
an D dung.
AC c(ACC'A")
AC L(BB'D'D)
+ Ap dung dinh Iy Pytago trong tam giac B'A’D’ vudng tai 4’ ta co:
B'D”? =B'A?+A'D” =a’+a’ =2d".
Ap dung dinh 1y Pytago trong tam gidc BB'D' vudng tai B’ ta cé:
BD” =BB”? +B'D"” =a’ +24* =3a> = BD' = a3 ,
Hoan toan tuong ty ta tinh dugc d6 dai cac duong chéo con lai cta hinh 1ap phuong déu bang

va BD cit BB’ cung nam trong (BB'D'D)

= (ACC'4") L (BB'D'D) = dap an A ding.

nhau va bing a3 = dép an B dung.
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AC//A4'C’
gy o |AC=AC =a\3 VR
+ Xét tir giac ACC'A" c6 = ACC'A’ 1a hinh chir nhat. hoan toan tuong ty
AA'=CC'=a
ACC' =90°

ta cling chi ra BDD'B’ ciing la hinh chit nhat c¢6 cac canh la a va a3
= Hai mit ACC'A’ va BDD'B’ 14 hai hinh vudéng bang nhau = dap an C sai.
Céu 90. Cho hinh ling tru ABCD.A'B'C'D’ . Hinh chiéu vudng géc ctia 4’ 1én (ABC) tring
v4i truc tAm H cia tam gidc ABC . Khang dinh nao sau day khong diing

A. (AA'B'B) L(BB'C'C). B. (44H) L(A'B'C').

C. BB'C'C l1a hinh ch@r nhat. D. (BB'C'C)L(AA'H).
Hudng din gigi: ~ Chon A.
Goi K 1a hinh chiéu vuéng géc cia A 1én BC
= H e AK,BC L AK,BC L A'H = BC L (AA'H)

(A4H) L(4'B'C")
= {(BB'C'C) L(AA'H) nén dap an B,C,D dung.
BC 1 BB’

Cau 91. Cho hinh lang try tir gidc déu ABCD.A'B'C'D’ c6 canh day bang a , goc giita hai mat
phang (ABCD) va (ABC ') ¢6 s6 do bang 60°. Canh bén cua hinh ling tru bang:

A. 3a. B. a\3. C. 2a. D. a2.
Huwéng dén gidi: Chon B.
Ta c6: (ABCD)N(ABC')= 4B.
Tir gia thiét ta dé dang chting minh duoc: 4B L (BB'C'C)
ma C'B < (BB'C'C) = AB L C'B. Mit khac: CB L 4B.
= ((4BCD),(4BC"))=(CB,C'B) = CBC' = 60° .
Ap dung hé thirc lugng trong tam giac BCC’ vuodng tai C ta
co:

’

tan CBC' = Cc_f; — CC' = CB.tan CBC' = a.tan 60° = a~/3 .

Cau 92. Cho hai mit phang vudng goc (P) va (Q) c6 giao tuyén A.Ldy A, B cung thudc
Avaldy C trén (P), D trén (Q) sao cho AC L AB, BD 1 AB va AB= AC = BD. Thiét dién
ctia tr dién ABCD khi cat boi mat phang (a) di qua A4 va vudng goc voi CD 1a hinh gi

A. Tam giac can B. Hinh vubng C. Tam gi4c déu D. Tam giac vudng
Huong din gidi: Chon D.

Goi I 1a trung diém cua BC. Vi tam gidc 4BC vudng cantai 4 nén Al L BC.
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(P)L(Q)

(P)n(Q)=d {=BD L(P)=BD L Al .
(0)>BD Ld

AI 1. BC
Al L BD
Trong (ACD), dung dudng thing di qua 4 va vudng

goc v6i CD cit CD tai H .

Thiét dién cua t& dién 4BCD khi cit béi mit phang («) 1a tam gide AHI .

Vi Al L (BCD) = Al | HI néntam giac AHI la tam giac vudng tai / .

Cau 93. Cho hai tam gidc ACD va BCD nam trén hai mit phang vudng goc véi nhau va
AC=AD =BC =BD = a;CD =2x . v6i gié trj ndo cta x thi hai mit phang (4BC) va (ABD)

vudng goc

A“\/g

Ta co

}:AIJ_(BCD):AIJ_CD.

B. D.

a @2 a
_ 2 2 3
Huong din gidi: Chon A.

YCBT < ACJD vudng can tai J

2
@IJ:IC:ID:%@Mz:zA]Z:z(a a _xz)ﬁx:a\f
(Véi I l1atrung diém CD; J 1a trung diém AB)

Cau 94. Cho hinh hép ABCD.AB'C'D' ¢6 AB=a, BC=b, CC'=c. Néu

AC'=BD'=B'D =+a* +b* +¢* thi hinh hop 1a

A. Hinh 1ap phuong B. Hinh hdp chit nhat C. Hinh hop thoi D. Hinh h¢p dung
Huong din gidi: Chon B

AC'=BD' =hinh binh hanh ABC'D’ 1a hinh chit nhat

BD' = B'D =>hinh binh hanh BDD'B’ 14 hinh chit nhat

AC" = B'D =>hinh binh hanh ADC'B’ 13 hinh chit nhat

Cau 95. Cho batiaOx, Oy, Oz vuodng goc nhau tung déi mot. Trén Ox, Oy, Oz lan luot
ly cac diém 4, B, C sao choOA=OB = OC = a. Khang dinh nao sau day sai

A. O.4BC 1a hinh chop déu.
2
B. Tam giac ABC c¢6 dién tich S = a 2\/5 .

3a\/§
S

C. Tam giac ABC c6échuvi 2p=
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D. Ba mit phiang (O4B), (OBC), (OCA) vudng géc véi nhau timg doi mot.
Hudng dén gidi: Chon C.
+ Ap dung dinh ly Pytago trong tam giac OAB vuong tai O ta co:
AB* =04 +OB* =d* +d* =2a*> = AB=av2 .
Hoan toan tuong tu ta tinh dugc BC = AC = a\/z .
= AABC 1a tam giac déu. Mat khac theo gia thict
0O4=0B=0C =a = céac mat bén cta hinh chop O.4BC la céac
tam giac can tai O = 0.4BC 1a hinh chép déu = dép 4n A dung.
+Chu vi AABC 1a: 2p = AB+ AC + BC = a2 + a2 + a2 =342 = dép an C sai.

3\/_

+ Nura chu vi Dién tich AABC la: p =——— . Dién tich AABC la:

3a2 [ 3a2 Y Ba2 (a2 3a\/_ 2a3\/_ 3a
-MMM (H SEas

= dép an B dung.

04 1 (OBC)
+ D@ chitng minh dugc < 04 = (O4B) =

{(OAB) 1 (0BC)
04 c (0AC) (

OAC) L (0BC)’

OB 1 (04AC
{ ( ):>(OAB)J_(OAC) = dap an D dung.

OB = (04B)
Cau 96. Cho hai mit phang (P) va (Q) vudng goc v6i nhau. Nguoi ta lay trén giao tuyén d
ctia hai mit phang d6 hai diém A4 va B sao cho AB=8.Goi C 1a mét diém trén (P), D la
mét diém trén (Q) sao cho AC, BD clng vudng géc véi giao tuyén d va AC=6, BD=24
.bo dai CD la

A. 20.~ B. 22. C. 30. D. 26.
Huong din gidi: Chon D
Tam giac ABC vuéng tai A nén BC =~/ AB> + AC> =/ +6> =10.
(P)L(0)
Taco (P)n(Q)=d } = BD L(P)=BD LBC. T
(0)>BD Ld TN T
Tam  gidc BCD vudng  tai B nén L *n,'s ;} ?,—:
CD =/BD* + BC* =\[24* +10* = 26. i e i* e

Cau 97. Cho hinh thoi 4BCD cé canh bang a vaA=60°. Trén duong thing vudng goc vai
mit phang (ABCD) tai O (O la tam ciia ABCD), liy diém S sao cho tam giac SAC 1a tam
gidc déu. Khang dinh nao sau day ding

A. S.ABCD 1a hinh chop déu B. Hinh chop S.ABCD c6 cac mat bén la cac tam giac can

C. S0=3?a D. S4 va SB hop véi mit phiang (ABCD) nhitng goc bang nhau
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Huwéng dén gidi: Chon C.

Xét AABD ¢c6 A=60°, AB=AD=a = AABD latam
giac déu canh «a. Vi O latam cia ABCD nén suy ra AO
la duong trung tuyén trong AABD déu canh a nén dé tinh

a

duoc A0 = = AC=240=a/3.

3
2 r 2\
Mat khac theo gia thiét SAC la tam giac deu
= S4=SC=AC=a\3 :>S0=a\/§.§=37a.
Cau 98. Cho hinh chop cut déu ABC.A'B'C’ véi day 16n
ABC c6 canh bang a . Day nho A'B'C’ ¢6 canh bang %, chiéu cao 00’ = %. Khang dinh nao

sau day sai ‘
A. Ba duong cao 44", BB', CC' dong qui taiS'.

B. AA’:BB’:CC’:%.

C. Géc giita mat bén mat day 1a goc SIO (I 1a trung diém BC).
D. Pay 16n ABC c6 dién tich gap 4 lan dién tich day nho 4'B'C’.
Huwdng dén gigi:  Chon B.
+Pap an A4 dlang.
+ Goi I 14 trung diém cta BC.

, . ' ' 1
Tur gia thiet dé dang chi ra dugc —= o0 =—
sS4 SO 2
= SO =200'"=a . Mat khac AABC la tam giac déu canh a
,cO0 AI 1a dudng trung tuyén = Al = a23
oap-2a03 V3
3 2 3

Ap dung dinh 1y Pytago trong ASOA vuéng tai O ta co:

2 2
SA* =SO* + AO* =a’* + a3 _12a =S4 = 2a\3
3 9 3
y_4a 3 B (35172 PR ) ’ A A ’ ' ’ Cl\/g ,
= AA' = 3 . Vi ABC.A'B'C’ 1a hinh chop cut deu nén A4'= BB'=CC' = 3 = dép an
B sai.

+ Ta co: (SBC)ﬁ(ABC) =BC.Vi ASBC cantai S va I latrung diém ctia BC nén suy ra
SI 1 BC . Mit khac AABC 1a tam gic déu co 7 1a trung diém cia BC = AI | BC.
= ((SBC),(ABC))=(81,41)=(51,01)=SIO => dap an C dung.

| .
+ Ta oo Susc _ L ABACSInA g gc 24B2AC

SAA'B'C' ;.A!B!.AICI‘SinAr A B A C A B A C

=4 = dap an D dung.

Cau 99. Cho hinh lang tru ti giac déu ABCD.A'B'C'D' ¢6 ACC'A’ 14 hinh vudng, canh bang
a . Canh day cua hinh ldng tru bang
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A. “*2/5. B. av/2. C. "‘f. D. a3
Hudng din gidi: Chon A. " "
Tu gia thiet ta sauy ra AABC vudng cén tai B _._F_j'_._____,-:"'

. BAC - BCA— 45°. ==
Ap dung hé thirc lugng trong A4BC vudng can tai B ¢ ! "
BAC =45° va canh AC =a,taco: r E
cos BAC = A8 \
AC ittt b
- - oy = =
:>AB=AC.COSB/A\C=CI.COS45°=CI.%= af. --& o

Cau 100. Cho hinh chép cut tir giac déu ABCD.A'B'C'D' canh cua diy nhé ABCD bing %

va canh cua day 1on A'B'C'D’ bang a . Goc giita canh bén va miat day bang 60°. Tinh chiéu

2a\/g
3

cao OO’ cua hinh chép cut di cho.

als

A. 00" = B. 00' = C. 00 =

a3
. 2
Huwong dan gidi: Chon A.
Taco SO' L(A'B'C'D')>B'D'= SO LB'D' = 0D 1a
hinh chiéu vudng goc ctia SD' 1én (4'B'C'D')
= (SD',(ABCD))=(SD',0'D')=SD'0" = 60°.
Tir gia thiét dé dang chi ra duoc A4 = oo = l
S4" SO 3
Vi AA'D'C’ 1a tam giac vudéng can tai D' ¢c6 D'O’ 1a
duong cao nén ta co:
1 1 1 1
)

12
+ =5+—5=— =>D0"=—
D'0” A4D? DC? & 4 o

a2
5

= D'0'=

Ap dung hé thic lugng trong ASD'O’ vuodng tai O' ta cé:

an60° =22 = §0' = 0'D".tan 60° = “*/_ B = a\/_ oo =Lsoolade_ale
O'D 3 372 6

Cau 101. Cho hai tam giac ACD va BCD nam tren hai mat phang vuong goc voi nhau va

AC=AD=BC=BD=a, CD=2x.Tinh AB theo a va x

A. AB=[2(a’+x’) B. AB=Na’'—x*  C.AB=2(a’-x*) D.AB=+a’+x’
Huwéng déin gidi: Chon C.
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Goi H la trung diém ctia CD. Vi tam giac ACD can tai 4 va tam giac BCD cin tai B nén

AH LCD, BH 1 CD. +
(ACD) L (BCD) th
Tac6 (ACD)N(BCD)=CD} = AH L (BCD)= AH 1 BH RN
(ACD)> AH L CD A
e AR R
s, /. e

AACD = ABCD(c.c¢)= AH = BH =\/BC* ~CH* =~la* —x* .

Tam gidc AHB vudng tai H nén AB =~ AH* + BH> :\/2((12 —x?).

Cau 102. Cho hinh ling try tam giac déu ABC.A'B'C’ c6 canh day bang 2a+/3 va canh bén
bang2a.Goi G va G’ 1an luogt 14 trong tdm ctia hai ddy ABC va A'B'C’. Khang dinh nio sau
day dung khi néi vé 44'G'G?

A. AA'G'G 1a hinh chir nhét ¢6 hai kich thude 1a 2a va3a.

B. AA'G'G 1a hinh vudng c¢6 canh bang 2a.

C. AA'G'G 1a hinh chit nhét ¢6 dién tich bang 6a”.

D. AA'G'G 1a hinh vudng c6 dién tich bang8a” .

Huwéng din gidi:.
Chon B.
Goi M 1a trung diém BC . Khi d6 ta d& dang tinh duoc :

AM = 2a\/§.§ =3a.

Vi G 1a trong tdm tam giac ABC nén:

AG :§AM :§.3a =2a=AA4".

= AA'G'G 1a hinh vudng c6 canh bang 2a.

Cau 103. Cho hinh lang tru luc gidc déu ABCDEF.A'B'C'D'E'F' c¢6 canh bén bang a va
ADD'A’ 1a hinh vudng. Canh day cua lang tru bang

a3 a2

A a B. 2 C. D.
i 2 3 2
Hm?ng din gidi: Chon B.
Tong s6 do cac goc cua hinh luc gidc 1a 4.180°=720°.
Vi ABCDEF 1a hinh lyc giac déu nén moi goc cua hinh luc
gidc ddu ABCDEF 1a 120° = FAB =120°.
Vi ABCDEF 1a hinh luc giac déu nén ta suy ra
+ AD 1la tia phan giac ciia goc FAB va EDC

:@:#:600.

+ Tam giac AFD vudng tai F .
Xét tam gidc AFD vudngtai F c6 FAD=60° va AD=a

ta suy ra: cos FAD = j—g — AF = AD.cos FAD = a.cos 60° = a.

a
>

1
2
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Cau 104. Cho hai tam gidc ACD va BCD nam trén hai mat phér}g vuong goc voi nhau va
AC=AD=BC=BD=a, CD=2x. Goi [,J lan luot 1a trung di€m cia 4B va CD. Tinh

1J theo a va x
4/ a +x
A. IJ=
2
22
¢y Y], DUJ

Huwéng dén gigi:  Chon C.

Ta co:
CD 1 AJ
(ACD) L(BCD) = AJ L(BCD)= AJ LBJ.
(ACD)~(BCD)=CD

Vay tam gidc ABJ vuong tai J

Tacd: AJ =BJ =+a* —x*.

Do d6 tam giac ABJ vudng cantai J.Suyra [J =

AJ\/E _ Z(az—xz)
2

Cau 105. Cho hinh chop déu S.4BC c6 canh day bang a, goc giita mot mit bén va mat day
bang 60°. Tinh d6 dai duong cao SH .
a3 o o
S .

C. SH = D. SH =

A. SH:%. B. SH =

3 3

Huwdng din gidi: Chon A.

Ta c6: (SBC)N(ABC)=BC.Goi M, N lan lugt la trung
diNém cua cac canh BC va AC.

D¢ ching minh duwgc SM 1 BC va AM 1 BC.

= ((SBC),(ABC))=(SM, AM )= SMA = SMH = 60°.

Ta dé tinh duoc: AM = a;ﬁ )
hinh chop déu S.4BC nén H trung véi trong tim ciia tam gidc
ABC = i =Ly~ L a3 a3
’ 3 372 6
Ap dung h¢ thirc lugng trong tam giac SHM vudng tai H ta co:
_—— SH —
tan SMH = —— = SH = MH .tan SMH = a\/g.tan60° = a\/?\/— =—=—,
MH 6 6 2

Céu 106. Cho hinh lang try dtng ABC.A'B'C' c6 AB=AA'=a, BC=2a, CA= a5 . Khing
dinh nao sau day sai
A.Pay ABC la tam giac vudng B. Hai mit (A44'B'B) va (BB'C') vudng gbc nhau

C. Géc gira hai mat phang (ABC) va (A'BC) c6 sb do bang 45° D. AC'=2a\2
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Hudng din giii: Chon D.
+ Cach 1: Chimg minh tryc tiép chira D la dap an sai.
Tur gia thiét dé dang suy ra CC'= A4 =a.
Ap dung dinh 1y Pytago trong tam gidac ACC’ vuéng tai C ta
co:
AC? = AC* +CC"? =5a° +a* = 6a° = AC' = a6 = dap
an D sai. .
+ Cach 2: Chiing minh 3 dap an 4, B, C déu dung
suy radap an D sai.
Cau 107. Cho tam giac ABC va mat phéng(P). Biét goc giita mat phang (P) va mit phang
(4BC) 1a ¢. Hinh chiéu cua tam giac 4BC trén mit phing (P) 1a tam gidc A'B'C'. Tim hé
thirc lién hé gitra dién tich tam giac 4ABC va dién tich tam giac A'B'C".

A. S pe = Supe-coto. B. S, zc =Sypc-Sing.

C. S ipe =S pe-tang.

D. S, pc =Syupc-COSQ.

Huwéng din gidi:

Qua B ké mit phang (Q) //(P) cit AA';CC' 1an luot tai
A4;C khido S
Goc gitra mat phang (P) va mit phang (ABC ) béng

ABC T SA,BC,

gbc gifta mit phang (4BC)va (BAC,) vabang ¢
Ké AH | BF = AH | BF

1 1
S 4¢, =EA1H.BF=EAH.COS¢.BF =S 5c-COSQ

Vay S,z =Saupc-COS Q.
Cau 108. Cho hinh chop tir gidc S.ABCD , c6 ddy ABCD 1a hinh thoi tim / canh bang a va

goc A= 60", canh SC = a26 va SC vudng goc v6i miat phang (ABCD). Trong tam giac SCA
ké IK 1 S4 tai K. Tinh d¢ dai /K dugc
A2 B, o3 c.2 p, 42
2 3 3 2
Huong din gidi: Chon A.

Tam giac AKI ddng dang tam giac ACS =
IK Al IK = SC.AI

—=—=
SC §4 S4

ABCD va AABD déucanh a = I4=IC =

a3
2

U
S

WE

AC=a\3

ASAC vudng tai C = SA=+SC>+ AC* =
2

\/[afj +(aV3) SELR Viy IK:%

2

.
.
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Cau 109. Cho hinh chép S.ABCD , day ABCD 1a hinh vuong, SA L (ABCD) . Goi () la mat
phang chira AB va vudng goc véi (SCD), (a) cit chop S.ABCD theo thiét dién 13 hinh gi
A. hinh binh hanh  B. hinh thang vuéng C. hinh thang khong vuéng  D. hinh chit nhét
Huong dan gidi: Chon B
Ve AH 1L CD

. CD 154

0

CD 1 AD

ma AH c (SCD) suyra AH c(a). Do d6 (a)=(AHB)
Vi ()//CD nén (a)n(SAD) = HK//CD(K € SC).
Tir d6 thiét dién 1a hinh thang ABKH .
Mait khac AB L (SAD) nén AB L AH
Vay thiét dién 1a hinh thang vuéng tai 4 va H .
Cau 110. Cho hinh chép S.ABCD véi ABCD 1a hinh chit nhat tim O c¢o
AB =a, AD =2a. SA vudng goc voiday va SA=a. GQi(P) 1a mat phing qua SO va vudng
goc véi (SAD). Dién tich thiét dién ciia (P) va hinh chép S.4BCD biang bao nhiéu

V3 22

2
A X2 B. .2 Y% c. L. D. &,
2 2 2

}:» CD L (SAD). Suyra CD L AH

Huwdng dén gigi:  Chon B.
Goi MN 1a doan thing qua O vudng goc AD (M, N thudéc AD, BC)tacd MN J_(SAD)

SMMN _ ,\2
suv T Ty a >
Cau 111. Cho hai mat phang vudng goc (P) va (Q) co giao tuyén A.Lay A, B cung thudc
A valay C trén (P), D trén (Q) saocho AC L AB, BD 1 AB va AB= AC = BD =a.Dién
tich thiét dién cua tir dién ABCD khi cat boi mat phang («) di qua 4 va vudng goc véi CD

nén SMN 1a thiét dién can tim. A SMN vuong tai M nén S

la
2 2 2 2
A 2 B, V2 c. @3 p, ©3
12 8 12 8
Huong din gidi: Chon C. v
(P)L(Q) v
Taco {(P)N(Q)=A = BD L (P) W e
BD = (Q),BD L A \ Y
oo o [AH L BC K, Y
Goi H latrung diém BC,taco = AH L CD AT .,
AH 1L BD oy ' ‘-._ﬂ'
, i A T}
Trong mat phang (BCD),ké HI L CD thitaco CD L (AHI) ! R _,,L____'_"'.-_--' e
Khi d6 miat phiang (a) cat tir dién ABCD theo thiét dién 1a tam R b
gide AHI e
Mat khac tam giac ABC vudng cén tai 4 nén BC = a2 . '
Trong tam giac vudng BCD, ké duong cao BK thi BK = & va HI =L
N NG

Vay thiét dién can tim 1a tam giac AHI vuong tai H vacd diéntich S =

a’\3
12
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Cau 112. Cho hinh lang tru ding ABC.A’B’C’ c6 day ABC la tam giac vudng tai 4, voi
AB=c,AC =b, canh bén A4’ =h. Mat phang (P) di qua A’ va vudng goc v6i B’C .Thiét

dién cta lang try cit boi mit phang (P) c6 hinh

A. hlva h2. B. h.2va h3. C. h2. D. A.l.
Huong dan gidi: Chon A.

Goi (P) 1a miat phang di qua A' va vudng goc voi BC. TuA' ta dung A'K' L B'C', Vi
(ABC) L(BCC'B")Y nén A'K'LB'C'=> A'K'L(BCC'B"Y= A'K'LBC"' (1).
Mit khac trong miat phang (BCC'B") dung K'x L B'Cvacat B'B tai 1 diém N (2) (diém gi
dé chwa ¢ cho nén cho tam diém N ).
. . ) {BC' 1LA'K'
Tu (1) va (2)taco: = BC'L(A'K'N)
BC'LK'N
Cau 113. Cho hinh 13p phwong 4BCD.4'B'C'D' c6 canh bang a . Cit hinh 1dp phuong boi
mat phang trung truc cia AC'. Thiét di‘én 1a hinh gi . i
A. Hinh vudng B. Luc giac deu C. Ngii giac déu D. Tam giac déu
Hudng dan gigi:  Chon B.
Tacd AC la hinh chiéu cia AC' Ién (ABCD) .
ma AC L BD nén AC'L BD, (1)
. AD 1 (AA'B'B)
© A'Bc(AA'B'B
Laico A'B L AB' suyra
A'B L (AB'C'D)
AC'c (AB'C'D)
Tu (1) va (2) suyra AC'L(A'BD), (3)
Mit phang trung truc AC' 1a mat phang (@) di qua trung diém 7 ctua AC' va L AC' (4)

Tac }:A'BJ_AD

}:>AC'LA’B, )

mp(a) qua [

(a)//(A'BD)

Do d6 qua I dung MQ//BD

Dung MN//A'D, NP//B'D'//BD, QK//B'C//AD, KH//BD

Tur (3) va (4) suyra {

a

Ma MN =NP=PQ=0K =KM = Suy ra thiét dién 1a luc giac déu.

2
5
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Cau 114. Cho hinh lap phuong ABCD.A'B'C'D’ c6 canh bang a. Cit hinh lap phuwong boi
mat phang trung truc cia AC'. Dién tich thiét dién la

2 2 2
A.S:a\/g. B. S=d. c.s:‘“/g. D. 5= \/5.

2 4 4
Huwong dan gidi:

Ta c6 mit phing trung truc cia AC’cat hinh lap
phuong ABCD.A'B'C'D' theo thiét dién la luc giac

déu MNPQRDS canh % B'C = "\25
Khi d6 S=6.la\/§ "*/5.£=0ﬂ—3\/g
22 272 4

Cau 115. Cho hinh chép S.4BC ¢6 hai mat bén (SBC) va (SAC) vudng goc véi day (ABC)
. Khang dinh nao sau déy sai
A. SC L (A4BC)

B. (SAC) L (4BC)
C.Néu A' 14 hinh chiéu vudng goc ciia 4 1én (SBC) thi 4'e SB
D. BK la duong cao cua tam giac ABC thi BK 1 (SAC). *

Chon ddp dn C W
SBC) L(ABC A
(SBO)LLABC) o) (ABC) = (SAC) L (4BC) N e
(SAC) L (4BC) A
Dung AA'L BC. laico AA'LSC= A4'=(SBC) khids e +ayyre=ssug- 5 p-
A" thudc canh BC. ﬁ'“‘mn:}::fff
Dung BK 1 AC,laic6 BK | SC= BK 1 (SAC). S 4

Cau 116. Cho hinh lang tru dimg ABC.A'B'C' ¢6 AB=AA'=a,BC =2a, AC=a/5.
Khang dinh nao sau day sai

A. AC'=2a\2

B. Goc giira hai mit phing (ABC) va (A'BC) ¢6 s6 do bang 45°

C. Hai mit phang AA4'B'B va BB'C' vudng goc nhau
D. bay ABC la tam giac vuong
Chon dap dan A

Tacé: AC'=JAC* +CC? =~/54> +a* = a6

Mit khac AC* = AB* + BC* = ABC 1a tam giac vudng tai
B suyra

AB 1 BC.Dodé (ABC,(A'BC))=A'BA=45°.
Laico: ABLBB'= AB | (ABB'A')

Do d6 (BB'C') L (ABB'A') )

Cau 117. Trong cic ménh dé sau, ménh d& nao dung
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A. Géc gitra mt phang (P) va mit phang (Q) bang goc nhon giira mit phang (P) va
mit phang (R) khi va chi khi mit phang ( Q) song song v4i mat phang (R)

B. Goc giira mit phing (P) va mit phang ( Q) bang goc nhon gitra mit phing (P) va
mit phing (R) khi va chi khi mat phing (Q) song song voi mit phing (R) (hoac (Q) = (R)
).

C. Goc gitra hai mat phang ludn 1a goc nhon

D. Ca ba m¢nh dé trén déu ding
Chon dap an B
A sai vi dung trong truong hop (Q) = (R)
C sai vi goc gilra 2 mat phéng c6 thé bang 0 hodc 90°.
Cau 118. Trong cac ménh de sau, ménh dé nao ding

A. Hai mat phang cung vudng goc véi mot mat phang thir ba thi vuéng goc v6i nhau.

B. Hai mat phang vudng goc voi nhau thi moi dudng thang nam trong mit phang nay
s€ vudng gbéc voi mat phang kia.

C. Hai mat phang cung vudng goc véi mot mat phang thi song song v&i nhau

D. Ca ba ménh dé trén déu sai
Chon dap 4n D ] )
A sai vi 2 mat phang cung vudng goéc v6i mot mat phang thu ba thi giao tuyén cta n6 vudng
g6c voi mat phang tha 3. Tu do suy ra C sai.
B sai vi hai mit phang vudng goc voi nhau thi moi duong thang nam trong mat phang nay ma
vuodng goc véi giao tuyén s& vudng goc voi mat phang kia.
Cau 119. Trong cic ménh dé sau ddy, ménh dé nao 1a dung?
A. Mot mit phing (a) va mot duong thang a khong thude (Oc) cung vudng goc voi duong
thang b thi (a) song song vdi a
B. Hai duong Ehéng phén biét cung vudng goc véi mot duong thang thi vuéng goc vdi nhau
C. Hai mat phang cung vudng goc véi mot mat phang thi cat nhau
D. Hai duong thang phan biét cung song song vdi mt mat phang thi song song véi nhau
Chon dip an 4 i
B sai vi 2 duong thang d6 c6 thé cheéo nhau hodc song song voi nhau
C sai vi 2 mét phang d6 c6 thé song song vdi nhau
D sai vi 2 duong thang phan biét d6 c6 the song song vdi nhau. 7 i
Cau 120. Cho tt di¢n ABCD c6 AC = AD va BC = BD . Goi I 1a trung diém cua CD. Khang
dinh nao sau day sai

A. Géc giita hai mit phing (ABC) va (ABD) la CBD B. (BCD) L (AIB)

C. Géc gitta hai mit phing (4ACD) va (BCD) 1a AIB D. (ACD) L (AIB)
Chon dap dn A

Do 4B khong vudng goc voi (B CD) nén goc giita hai mit phang (ABC ) va (ABD)
khong thé 14 CBD .
Ciu 121. Cho hinh 1ap phuong ABCD.A'B'C'D" canh bang a. Tim khing dinh sai

A. AC L BD'

B. Hai mit ACC'A"' va BDD'B' 14 hai hinh vuéng bang nhau

C. Hai mat ACC'A"' va BDD'B' vudng goc nhau

D. Bén duong chéo AC', A'C,BD', B' D bang nhau va bang a\/g
Chon dap an B
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Kiém tra ting khang dinh ta co:
A démgvi AC L(BB'D'D)> BD'= AC L BD' x

C ding, /'/??"u
(BB'D'D) L AC>(AA'C'A)=(AA'C'A) L(BB'D'D) ~ fe—t™>
D dang vi ACC'A' va BDD'B" 1a 2 hinh chit nhat bang nhau L]
va AC',A'C,BD',B'D la cac dudng chéo cua chiing. AN
Bsaivi ACC'A' va BDD'B' 1a hinh chit nhit ¢6 2 canh la a *':f .-
va a\/E. .

Cau 122. Cho hai mit phang (a) va (ﬂ) vuong goc véi nhau va goi d = (a)ﬂ(ﬂ)
LNéuac(a)vaald thial(pB)
ILNéud'L(a)thid'Ld.
IIL. Néu b L d thi b (a) hodc b= (f)
IV.Néu () Ld thi (y) L(a) va () L(B).

Céc ménh dé dung 1a

A. L T valll B. Il va IV C.IIvalll D.LIIvalVv
Chon dap an D
Ta c6 cac nhan xét sau:

*Néuac(a)vaald thial(p).

*Néud'L(a)thid' Ld.
«Néu b L d thi bc(a) hodc bc(ﬂ) hodc bcz(a),(ﬁ).

*Néu (y)Ld thi (y)L(a) va(r)L(B).
Cau 123. Trong cic ménh dé sau, ménh dé nao dung
A. Hai mit phang phan biét cting vudéng goc voi mot mit phing thi song song véi nhau.
B. Qua mot dudng thing c6 duy nhét c6 mot mit phang vudng goc voi mot duong thang cho
trudc.
C. Hai mat phang phén biét cung vudng goc voi mot duong thang thi song song voi nhau.
D. Qua mot diém c6 duy nhat mot mit phang vudéng goc véi mot mét phang cho trude.
Chon dap dan C
A sai vi hai mit phiang phan biét ciing vudng goc voi mot mit phang thi giao tuyén cta chiing
vudng goc voi mit phang thir 3.
B sai vi qua mét duong thang ¢6 vO s mit phang vudng goc vai mot dudng thang cho trude.
D sai qua mot diém c6 v6 s6 mat phang vudng goc voi mot mat phang cho trude.
Cau 124. Trong cac ménh dé sau, ménh dé nao sai

A. Cho dudng thang a vudéng goc véi duong thang b va b nam trong mit phiang (P) Moi mat

phang ( Q) chtra a va vudng goc véi b thi (P) vudng goc voi ( Q) .

B. Néu duong thang a vudng goc véi dudng thang b va mit phang (P) chtra g, mit phang (Q)
chuia b thi (P) vudng goc voi (Q)

C. Cho duong thang a vudng goc voi mit phing (P), moi mit phang (Q) chira a thi (P)
vuodng goc véi (Q)

D. Qua mot diém c6 duy nhat mot mit phang vudng goc véi mot duong thang cho trudc.
Chon dap an B
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Néu duong thiang a vudng goc voi duong thang b va mit phang (P) chtra @, mat phang ( Q)
chira b thi chua thé khing dinh duge (P) L(Q).

Cau 125. Trong ciac ménh dé sau, ménh dé nao ding

A. Hai mit phing cung song song v6i mot mat phang thi ba thi song song vi nhau.

B. Qua mot dudng thang cho trudc cd duy nhat mot mit phang vudng goc voi mot mit
phang cho trude.

C. C6 duy nhat mot mat phang di qua mot diém cho trude va vudng goc voi hai mit
phang cat nhau cho trude.

D. Hai mit phang cing vudng goc véi mot mat phang thir ba thi vudng goc voi nhau.
Chon dap dan C
A sai vi hai mit phiang d6 c6 thé tring nhau.
B sai vi qua mot duong thang cho trudc co vo sé mat phang vuéng goc véi mot mit phang cho
trude.
D sai vi hai mit phang ciing vuong goc voi mot mit phang thir ba thi giao tuyén ctia né vudéng
goc voi mit phang thir 3.
Cau 126. Cho hinh ling try ABCD.4'B'C'D" . Hinh chiéu vuong goc cua A" 1én (ABC)

trang voi tryc tim H ciia tam giac ABC. Khang dinh nao sau ddy khong diing

A. BB'C'C la hinh chit nht B.(44'H) L (A'B'C")
C.(BB'C'C) L(44'H) D. (44'B'B) L(BB'C'C)
Chon dap an D

BC 1 AH
a co: = BC L (A'AH)= BC 1 A4'

BClA'H
Mat khac 44"/ BB'= BC L BB' suyra BB'C'C la
hinh chir nhat.
Do BC//B'C'L(AA'H) nén (4A'H) L(A4'B'C").
Lai c6 BC L(AA'H)=(BCC'B') L(A'AH)
Cau 127. Cho tir dién ABCD c6 hai méat ABC, ABD cung vudng goc v6i day BCD. V& cac
duong cao BE, DF cia ABCD , duong cao DK cia AACD . Khang dinh nao sai

A. AB L (BCD) B. (DFK) L (ACD)
C. (ABE)J_(ACD) D. (ACD)J_(ABC)

Chon dap an D
(ABC) L(BCD)
{(ABD) 1 (BCD)
DF 1 BC
{DF 1 4B
Do d6 AC L (DKF) suy ra B ding.

Lai co
{AB 1L CD

= AB 1 (BCD) nén A dung.

= DF 1 AC ,matkhac DK 1 AC

= (ABE) L CD = (ABE) L (ACD).
BE 1. CD
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Cau 128. Cho hinh chép tir giac déu S.ABCD, O 1a tim hinh vuéng ABCD, AB = a,SO =2a
. Goi (P) 1a mat phang qua 4B va vudng goc voi mit phang (SCD) . Thiét dién cta (P) va
hinh choép S.4ABCD 1a hinh gi

A. Hinh thang vuéng B. Hinh thang cén C. Hinh binh hanh D. Tam gidc can
Chon dap an B

Goi MN 1a giao tuyén cila (SCD) va (a)

Khid6taco: AB//MN //CD = ABMN 1la hinh

thang.

Dé thay ASAC = ASBD = AM = BN nén ABMN

1a hinh thang can.

Cau 129. Cho cic ménh dé sau véi (a ) va ( p ) 1a hai mt phing vudng goc v6i nhau véi giao
tuyén m = (a) ﬂ( p ) vaa, b, ¢, d1a cac duong thang. Cac ménh dé sau, ménh d& nao ding
A.Néu b L m thi b (a) hodc b (f) B.Néud Lm thi d L(a)

C. Néu ac(a) va a Ll m thia L(ﬂ) D.Néu ¢/ /m thi c//(a) hodc

cl/ ( p )
Chon dap dan C
. a)l(p ml(a
e @ i)
m=(a)n(p)  [mL(B)
Néu a c (a) va vudng goc voi giao tuyén m thi a L (ﬂ)
Céu 130. Ménh dé nao sau day 1a dung ] ‘ 7
A. Hai mat phang vudng goc v6i nhau thi moi duong thang nam trong mat phang nay s€ vuong
goc voi mat phang kia. i
B. Hai mat phang phén biét cung vudng goc v6i mot mat phang thi vuéng goc véi nhau
C. Hai mat phang phan biét cung vudéng goéc voi mot mat phang thi song song véi nhau
D. Ba ménh d¢ trén déu sai
Chon dap an D 7 )
A sai vi 2 mét phang cung vudng goc v6i mot mét phang thir ba thi giao tuyén ciia né vudng
g6c voi mat phang tha 3. Tu d6 suy ra C sai.

B sai vi hai mat phang vudng gbc v6i nhau thi moi duong thang nam trong mit phang nay ma
vudng goc véi giao tuyén s& vudng goc voi mat phang kia.

Cau 131. Cho hinh chop S.ABCD, day ABCD la hinh vuong, S4 1 (ABCD) . Goi (a) la mat
phing chira 4B va vudng goc véi (SCD) , (a ) cit chop SABCD theo thiét dién 1a hinh gi
A. hinh binh hanh ~ B. hinh thang vuéng  C. hinh thang khong vuéng  D. hinh chit nhat
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Chon dap an B
Goi MN la giao tuyén cila (SCD) va (a)
Khi d6 ta c6: AB//MN //CD = ABMN 1a hinh thang.
CD 1L AD
Mat khac
CD 1 84

Do d6 MN L (SAD) = MN L AN suy ra ABMN la hinh
thang vudng.
Cau 132. Trong cac ménh dé sau, ménh dé nao ding
A. Hai dudng thing khong cit nhau, khong song song thi chéo nhau.
B. Hai duong thang phan biét cing vudng goc voi mot mat phang thi song song.
C. Hai duong thang phan biét ciing vudng goc vdi mot dudng thang thi song song.
D. Hai mit phang phan biét ciing vuéng goc véi mot mat phang thi song song.
Chon dap an B
A sai vi 2 dudng thang phai phéan biét.
C sai vi 2 duong thiang da cho c¢6 thé chéo nhau.
D sai vi hai mit phiang phan biét ciing vuéng goc véi mot mat phang thi giao tuyén cua
n6 vudng goc véi mit phang thir 3.
Cau 133. Cho hinh chép S.ABCD ¢6 day ABCD 14 hinh vudng; S4 L (ABCD). Khang dinh

nao sau day sai

A. Goc giira hai mat phang (SBC ) va (ABCD) la goc ABS.

B. (SAC) L (SBD)

C. Goc giira hai mat phang (SBD) va (ABCD) la goc SOA (v6i O la tam hinh vudng
ABCD).

D. Goc giira hai mat phang (SAD) va (ABCD) la goc SDA.
Chon dap an D

Qua M c6 1 dudng thang d vudng goc (P) va (Q) Khi d6 qua M c6 v6 s6 mit phang

= CD 1 (S4D)

vudng goc voi (P) va (Q) cac mit phang nay déu chira dudng thing d.
Cau 134. Cho hinh chép S.ABCD c6 day ABCD la hinh thang vuong tai 4 va D.
AB =2a,AD = DC = a. Canh bén S4 vudng goc véi day va S4 = a2 . Chon khang dinh
sai trong cac khang dinh sau

A. (SBC) L(84C)

B. Giao tuyén cta (SAB ) va (SCD) song song voi AB

C. (SDC) tao véi (BCD) gée 60°

D. (SBC) tao voi day goc 45°.
Chon dap an C
Géc gitta (SCD) va (BCD) 1a ADS . Taco tan ADS = % =2 = ADS =54,73°.
Cau 135. Chi ra ménh dé dung trong cac ménh dé sau q

A. Cho hai duong thang song song a va b va duong thang ¢ sao cho ¢ 1 a,c 1. b. Moi
mp(a) chtra ¢ thi déu vuong goc voi mp (a,b)

B.Cho a L (a) , moi mit phang (ﬂ) chira a thi (ﬂ) 1 (a).
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C. Cho a L b, moi mat phang chira b déu vudng goc véi a.
D. Cho a L b, néu ac(a) va bc(ﬁ) thi (a)L(,B)
Chon dap an B
Cau 136. Cho tir dién ABCD c6 hai mit phang (ABC ) va (ABD) cung vudng goc véi
(DBC ) . Goi BE va DF la hai duong cao cua tam giac BCD, DK la duong cao cua tam giac
ACD. Chon khang dinh sai trong cac khang dinh sau
A. (ABE)L1(4DC) B.(4BD)1(4DC) cC.(ABC)L(DFK) D.
(DFK) L (4DC)
Chon ddp égn B Hai mit phing (ABD) va (ADC ) khong vudng goc vGi nhau
Cau 137. Cho hinh lang try dimg ABC.4'B'C" c6 day ABC la tam giac vudng can ¢ 4. H la
trung diém BC. Khang dinh nao sau day sai
A. Hai mit phang (AA'B'B) va (AA'C'C) vudng goc nhau.
B. Cac mit bén ciia ABC.A'B'C" 1a cic hinh chit nhat bang nhau.
C. Néu O 1a hinh chiéu vudng goc ciia 4 1én (A'BC) thi Oe A'H .
D. (AA 'H) 1a mat phang trung truc ciia BC.
Chon dap an B
A ding vi ((44'C'C),(44'B'B)) = BAC = 90°
C,D ding vi BC L (AA'H) va H 1a trung diém BC.
B sai vi chi c6 mat bén A4'C'C va AA'B'B bang nhau
thoi.
Cau 138. Cho g, b, ¢ 1a cac duong thang. Ménh d& nao sau day la ding
A. Cho a L b.Moi mat phang chtra b déu vudng goc voi a.
B.Néu a L b va mit phang (a) chira & ; mit phang (ﬁ) chta b thi (a) 1 (,B)
C. Cho a L b nim trong mit phing (a) Moi mit phang ( p ) chtra a va vudng goc
véi b thi (B) L(a).
D. Cho a//b. Moi mit phing (Oc) chtra ¢ trong 6 ¢ L a va ¢ L b thi déu vudng goc
v6i mit phang (a,b).
Chon dap dan C
Cau 139. Cho hai dudng thang chéo nhau a va b dong thoi a L b . Chi ra ménh dé diing trong
cac ménh de€ sau

A. mp( ) chura b va duong vudng goc chung cua a va b thi mp(Q) la
B. mp(R) chira b va chira duong thang b' L a thi mp( )//a

C. mp(a) chua a, mp( ) chtra b thi (a) L (,6’)

D. mp( ) chua b thi mp(P) Lla

Chon dap dan A . .
Cau 140. Trong cac ménh dé sau, ménh d€ nao dung
A. Hai mit phang (P) va (Q) vudng gbc v6i nhau va cit nhau theo giao tuyén d. Véi

mdi diém 4 thuge (P) va mdi diém B thude (Q) thi ta c6 AB vudng géc véi d.
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B. Néu hai mit phang (P) va (Q) cling vudng goc véi mit phang (R) thi giao tuyén
cla (P) va (Q) néu cé ciing s& vudng goc voi (R)
C. Hai mit phang phan biét ciing vudng gbc vi mot mit phang thir ba thi song song
voinhau. 7 7 7
D. Néu hai mat phang vudng goc v6i nhau thi moi dudng thang thugc mat phang nay sé
vuong goc voi mat phang kia.
Chon dap an B
Cau 141. Cho (P) va (Q) 1a hai mat phang vudng goéc véi nhau va giao tuyén ciia chung 1a
dudng thang m. Goi a, b, ¢, d 1a cac duong thang. Trong cac ménh dé sau, ménh dé nao ding
A. Néu aC(P)VélaJ_mthiaL(Q) B.Néch_mthidL(Q)
C.Néu b Lm thi b<(P) hoic b<=(Q) D.Néu d L m thi d L(P)
Chon dap dan A
Cau 142. Cho hinh chép S.ABC c6 SA L (ABC)va day ABC vudng & A. Khang dinh nao sau
day sai
A. (S4B) L(S4C)
B. Goc gitra hai mit phing (SBC) va (SA C) la SCB.
C.Vé AH | BC,H € BC = ASH 1a goc giita hai mit phing (SBC) va (ABC)
D. (S4B) L (4BC)
Chon dap an B
Goc giita hai duong thing (SBC) va (SAC) la AHB véi H 1a hinh chiéu cua A lén SC.
Ciau 143. Cho hinh chép S.ABC c6 S4 J_(ABC) va AB L BC. Géc giita hai mat phang
(SBC) va (ABC) la goc nao sau day
A. Géc SBA B. Géc SCA C. Goc SIA (114 trung diém BC) D. Goéc SCB
Chon A (SBC)N(ABC)=BC;S4 L (ABC); AB L. BC = SB 1 BC = ((SBC);(ABC)) = SBA.
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§5. KHOANG CACH
LY THUYET

1. Khoding cach tir mot diém t6i mot duong thing
Cho diém M va mot duong thang A.

Trong mp(M,A) goi H la hinh chiéu vudng géc
cua M trén A.Khi d6 khoang cach MH dugc goi
1a khoang cach tirdiém M dén A: d (M,A)= MH
Nhgn xét: OH <OM,VM € A . .
2. Khoang cach giira hai dwong thing
Khoang cach gitta hai duong thang A va A':
-Néu A va A' cat nhau hodc trung nhau thi d(A,A') =0. &
-Néu A va A' song song véinhau thi d(A,A") = d(M,A") = d(N,A)
-Néu A va A' chéo nhau.

D¢ dai doan vudng goc chung MN cua a va b dugce

goi la khoang céach gitra hai duong thang a va b .

3. Khoang cach tir mét diém t6i mot mit phing

Cho mit phing (a)va mét diém M , goi H 1a hinh
chiéu cua diém M trén mit phang (o). Khi d6 khoang
cach MH dugc goi la khoang cach tur diém M dén mat
phang (2): d(M,(a)) = MH

4. Khoang cach tir mdt dwong thiang t6i mot mit phing
Cho duong thing A va mit phang () song song v6i nhau.
Khi d6 khoang cach tir mot diém bat ki trén A dén mit phang
(@) duoc goi la khodng céch giita dudng thing A va mét
phing (a): d(A,(a))=d(M,(a)),M eA.
Néu A cit () hoic A nam trong () thi d(A,(a)) = 0.
5. Khoang cach giira hai mit phang
Cho hai mét phing (&) va () song song véi nhau,
khoang cach tir mot diém bat ki trén mat phang nay
dén mat phan kia dugc goi la khoang cach gitra hai
mit phing () va (5)
d((a).(8))=d(M.(8))=d(N.(a)) .M <(a).N &(5).
6. Phuwong phap tinh khoang cach tir diém M gé'n dwong thang A: ’

bé tinh khoang cach tir diém M dén duong thang A ta can xac dinh dugc hinh chiéu H cta
diem M trén duong thang A, r6i xem MH la dudng cao cia mot tam giac nao do dé tinh.
biém H thuong dugce tim bang mot trong hai cach sau:

Trong mp(M,A) v& MH LA=d(M,A)=MH

Tim mét phang («) qua M va vudng goc v6i A tai H = d(M,A)=MH.

Hai cong thuc sau thuong duoc ding dé tinh MH
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1 1 1

AMAB vudng tai M va c6 duong cao AH thi cE———t—.
MH® MA® MB

N , \ 2S
MH la duong cao cia AMABthi MH :ﬁ .

7. Phwong phap tinh khoéng cach tir diém M dén mit phing (o)
bé tinh dugc khoang tir diém A dén mit phang (a) thi diéu quan trong nhat 1a ta phai xac
dinh duoc hinh chiéu cia diém A trén (a).

Phuong phdp nay thuong cé cdc trieong hop sau (minh hoa bang hinh vé)
TH 1: A la chin duong cao S
Bubc 1:Ké AK L A= A L (SAK)= (a) L (S4K)

va (a)N(SAK)=SK .

P
Bucéc 2: Ké AP L SK = AP 1 () >
= d(4,(a))=AP. A.a/_lég/
P A
H A

TH 2: V& duong thing AH, AH || (a).

Lic dé: d(4,(a))=d(H,(«)). /H, X

TH 3: V& duong thing AH, AH N () ={I}.

H

d( 4,
Luc d6: Mzﬁz d(A,(a)) ]A K
d(H,(a)) IH ' W
Chii y: Néu tir dién OABC c6 OA,0B,0C d6i mot vudng goc va co dudng cao OH thi
1 1 1 1

T e T e T AT
OH" 04" 0B OC
8. Phuong phap tinh khodng cach giira hai dwdng thiang chéo nhau
Phwong phdp 1: Chon mat phang () chira duong thang

A vasong song véi A'. Khi dé d(A,A") =d(A'")(a))

Phwong phdp 2: Tim hai mit phing song song va lan
luot chira hai duong thang Khoang cach giira hai mat
phang d6 1a khoang cach can tim

Phwong phdp 3: Tim doan vudng goc chung va tinh d6 dai doan do.
Truong hop 1: A va A' vua chéo nhau vira vudng goéc vdi nhau
Budce 1: Chon mat phang () chlra A' va vudng goc voi A tai [ .
Budc 2: Trong mit phang (o) ké IJ LA'.

Khi d6 IJ la doan vudng goc chung va d(A,A")=1J.
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Truong hop 2: A va A chéo nhau ma khong vudng goc voi nhau

Budc 1: Chon mat phang (a) chira A' va song song vai A.

Budc 2: Dung d 14 hinh chiéu vudng géc ciia A xudng (cr) bang cach liy diém M e A dung
doan MN L (a) , luc d6 d 1a duong thang di qua N va song song voi A.

Budc 3: Goi H=dnNA'", dung HK || MN

Khi d6 HK la doan vuong goc chung va d(A,A")=HK = MN .

Hoac )

Budce 1: Chon mat phang () LA tai 7.

Budc 2: Tim hinh chiéu d ctua A' xuéng mit phang ().

Budc 3: Trong mit phang («), dung IJ Ld , tir J dung dudng thang song song voi A cat A'
tai H,tr H dung HM || 1J .

Khi d6 HM 1a doan vudng goc chung va d(A,A"Y=HM =1J .

Phwong phap 4: St dung phuong phap vecto

AM =xAB
a) MN 1la doan vudng goc chung cia 4B va CD khi va chi khi C_N:_yCD
MN.AB=0
MN.CD =0
OH Lu,
b) Néu trong (a) c6 hai vecto khong cung phuong u,,u, thi OH =d (0,(0{)) <{0H Lu,
He (a)
OH ., =0
= @Z =0.
He(a)
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CAU HOI TRAC NGHIEM KHACH QUAN

Cau 1. Tim ménh d¢ sai trong cac ménh dé sau day?
A. Khoang cach giita hai mat phang song song 1a khoang cach tir mot diém M bat ky trén
mit phang nay dén mit phang kia.
B. Néu hai dudng thang a va b chéo nhau va vudng goc v6i nhau thi dudng vudng goéc chung
ctia ching nam trong mit phang (o) chita duong nay va (o) vudng goc véi duong kia.
C. Khoang cach giita hai dudng thing chéo nhau a va b 1a khoang cach tir mot diém M thudc
(o) chira a va song song v&i b dén mot diém N bét ki trén b.
D. Khoang cach giita duong thang a va mat phang (o) song song véi a 1a khoang cach tir
mot diém A bét ki thudc a téi mit phang (o)

Huwéng din gidi:

Chon dap an A.

Cau 2. Trong cac ménh dé sau, ménh dé nao dang?
A. Puong vudng goc chung cia hai duong thang chéo nhau thi vudng géc voi mat phang
chtra duong thang nay va song song véi duong thang kia
B. Mot duong thang 1a dudng vudng goc chung ciia hai duong thang chéo nhau néu né vudng
goc v6i ca hai duong thang do
C. Puong vudng goc chung ciia hai dudng thang chéo nhau thi nam trong mit phang chira
dudng thang nay va vudng goc voi duong thang kia
D. Mot dudng thang 1a dudng vudng goc chung cia hai dudng thang chéo nhau néu né cit
ca hai duong thang do.

Huwéng din gidi:

* Dap an A: Pung

* Dap an B: Sai, do phat biéu nay thiéu yéu t6 cat nhau.

* Pap an C: Sai, vi mit phing dé chua chéc da ton tai.

* Dap 4n D: Sai, do phat biéu nay thiéu yéu t6 vudng goc.

Chon dap an D.

Cau 3. Trong cac ménh dé sau, ménh dé nao sai?
A. Néu hai dudng thing a va b chéo nhau va vudéng goc véi nhau thi dudng thang vudng goc
chung ctia chiing ndm trong mit phang (P) chira duong thang nay va vudng goc voi duong
thang kia.
B. Khoang céch giita duong thang a va mit phang (P) song song véi a 1a khoang cach tir mot
diém A bat ky thudc a t6i mp(P).
C. Khoang céch giita hai duong thang chéo nhau a va b 1a khoang cach tir mot diém M thudc
mit phang (P) chira a va song song v4i b dén mot diém N bat ky trén b.
D. Khoang cach giita hai mat phang song song 1a khoang cach tir mot diém M bat ky trén
mit phang nay dén mit phang kia.

Huéng din gidi:

Chon dap an C.

Cau 4. Cho hinh chép tam giac S.ABC v6i SA vuong goc voi (ABC ) va SA = 3a. Diéntich

tam giac ABC bang 2a”, BC = a . Khoang cach tir S dén BC bang bao nhiéu?
A. 2a. B. 4a. C. 3a. D. Sa.
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Huodng din gidi:
Ké AH vudng goc voi BC:
2
S =L AH.BC = App = 250me _ 30 _ 4,
2 ) BC a
Khoang cach tir § dén BC chinh la SH

Dua vao tam giac vuong ASAH ta co
SH =~SA> + AH* =\(3a)’ +(4a)’ =5a

Cau 5. Cho hinh chop S.ABCD trong d6 SA, AB, BC d6i m{t vudng goc va
SA= AB = BC =1. Khoang cach giita hai diém S va C nhén gia tri ndo trong cic gia tri sau ?

A A2 B. /3. C.2. D. ﬁ

2

Huwoéng din gidi:
SA 1 AB

0
SA L BC

Nhu viy SC =/S4* + AC* = \[SA* +(AB* + BC*) =3

nén SA L (ABC)= SA L AC

Chon dap an B.

Chu 6. Cho hinh chép A.BCD cé canh AC L(BCD) va BCD la tam gidc déu canh bing a.
Biét AC=a\2 va M 1a trung diém ciia BD. Khoang cach tir C dén duong thang AM bang
A. a\/z B. a\/z C. a\/E. D. a\/z
5 7 11 3
Huéng din gidi: A

a3

Do AABC déu canh a nén dudng cao MC =

4(C, Ab) = i =—ACMC _ 66 . .
Jacd+mc> 11
Chon dap an C. = M

Cau 7. Trong mit phang (P) cho tam giac déu ABC canh a. Tréntia Ax vudng goc véi mat

phing (P) lay diém S sao cho S4 = a. Khoang cach tir 4 dén (SBC ) bang

A. a5, B. 2a. c. 2 721. D. a\/3.

Huodng din gidi:
* Goi M latrung diém cua BC ; H la hinh chiéu vuong goc cua A4 trén SM .
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*Taco BC L AM va BC 1 SA nén
BC 1 (SAM )= BC L AH.
Ma AH 1 SM ,dod6 AH L(SBC).
Vay AH =d(4,(SBC)).
V3 ASAM  a 21

2 JAS? +am? T

Chon dap an C.
Cau 8. Cho tirdién S4BC trong d6 SA, SB, SC vuong goc voi nhau trng doi mot va SA =3a
, SB=a,SC =2a.Khoang cach tir 4 dén duong thing BC bang:

A 3a4/2 ‘ B Ta5 . C. 8a+/3 ‘ D. 5a+/6 ‘
2 5 3 6
Huwong dan gidi:

Chon dap an B.

+Dung AH L BC =d(A4,BC)=AH .

. AS 1 (SBC)> BC= AS L BC
AH 1 BC

nam trong (SAH )
zBCJ_(SAH)DSH:BCJ_SH.

Xét trong ASBC vuong tai S ¢6 SH 1a duong cao ta co:
1 1 1 1 1 5 ?

L S S SV S B 7 o225
SH” SB~ SC° a 4a° 4a 5 5
+ Ta dé ching minh duge A4S L (SBC) DSH = AS L SH = AASH vudngtai S.

Ap dung hé thirc lugng trong AASH vudng tai S'ta cé:
2 2
AH? = SA* + SH* =94° + 4;’ B9 b - 7"5\5 .
Céu 9. Cho hinh chép A.BCD cé canh AC L (BCD) va BCD la tam gidc déu canh bang a.

, AH cit AS cung

Biét AC =a+/2 va M latrung diém ciia BD . Khoang cach tir C dén duong thang AM bang

vl "o ol paft
3 11 5 7
Huwoéng din gidi:
Chon dap an B.
Dung CH 1L AM :d(C,AM)z CH .
Vi ABCD la tam giac déu canh a va M 1a trung diém cua
a3
S
Xét AACM vuodng tai C ¢c6 CH 1a dudng cao, ta co:

BD nén dé tinh dugc CM =
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2
12: 12+ 12: 12+ 12:112:>CH2=6a :CHza\/E.
CH® CA& CM® 24 3d° 6a 11 11
4
Cau 10. Cho hinh chop S.ABCD cé SAJ_( ABCD), day ABCD 1a hinh chir nhat. Biét

AD =2a, SA=a. Khoang cach tir 4 dén (SCD) bang:

S

A 22 B. 3‘“/5.
J7 2
c. 24 D. 2"*/5.
Js 3

Huodng din gidi:
SA L (ABCD) nén SA L CD; AD LCD.
Suy ra (SAD)J_CD Trong (SAD) ké AH wvudng goc
SD tai H.Khid6 AH L(SCD)

SAAD al2a 245
N

d(A4,(SCD))=AH =

Chon dap an C. . . ‘
Cau 11. Hinh chop déu S.ABC c6 canh day bang3a, canh bén bang 2a. Khoang cach tur S

dén (ABC) béng :

A. 2a. B. a3. C. a.
Huodng din gidi:
Goi O 1a chan duong cao cua hinh chop.

Tacod A0 = %AH :%.3@% a3

d(0,(4BC))=SO=+SA* -~ 40" =a
Chon dap an C.

Céu 12. Cho hinh chép S.4ABCD cé day 1a hinh vudng canh a. Pudng thing SA vudng goc
v6i miat phang day, SA=a. Goi M 1a trung diém cua CD. Khoang cach tir M dén (SAB)

nhan gia tri nao trong cac gia tri sau?

A. "*2/5. B. 2a.
C. a2. D. a.

Huodng din gidi:

Khoang cach tir M dén (SAB):
d(M,(SAB))=d(D,(S4B))=a.
Chon dap an D.

Céu 13. Cho hinh chép A.BCD cé canh AC L (BCD)va BCD la tam gidc déu canh bing a.
Biét AC=a2 va M 1a trung diém ctia BD . Khoang cach tir 4 dén dudng thang BD bang:
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A 3a2 B 2a+/3 C. 4a+/5 ar11 .

2 T3 3 2
Hudng din gidi:
Chon D.
{AC 1 BD
Ta co:

— BD 1 AM (Pinhly 3 duong
L BD

vuong goc) = d(A;BD) =AM .

\/_

CM === (vi tam giac BCD déu).

Ta co: AM =\ AC? +MC? = |24 + 3a

Cau 14. Cho hinh chép S.ABCD c6 SA J_ ABCD) day ABCD 1a hinh thoi canh bang a va
B=60°. Biét S4=2a . Tinh khoang cach tir 4 dén SC.

A. 3“‘/5. B. 4“‘/5. C. 2“‘/5. D. 5“‘/3.
2~ 3 5 2
Hwong ddn giai:
Chon C.

Ké AH 1 SC,khido d(4;SC)=AH .
ABCD 14 hinh thoi canh bing a va B=60° =aABC déu
nén AC=a.
Trong tam giac vuong SAC ta co:
1 1 1
= +
AH®  SA*  AC?
Loy SAAC _ 2aa _ 254 .
VS22 +ACT Nadd+ad 5
Cau 15. Cho hinh chép S.ABCD c¢6 S4 L (ABCD) , SA=2a, ABCD la hinh vuoéng canh
bang a.Goi O 1a tdm cia ABCD, tinh khoang cach tir O dén SC .

A. “*/g. B. "f. C. “‘3/5. D. “*4/5.

Huwong din gidi:
Chon A.
Ké OH 1 SC, khido d(0;SC)=0H . Ta cé:

aSAC ~aOCH (g-g) nén on = oc = OH —% S4.
S4 SC SC

Ma: OC=%AC=¥, SC=~SA* + AC* = a6 .
oC a3

Vay OH =~ S4=-%L =
sC

N

Cau 16. Cho hinh chép tir giac déu c6 canh day bang a va goc hop bai mot canh bén va mit
day bang « . Khoang cach tir tam ctia day dén mot canh bén bang

a2 a2
cosa . D.

A. a\/E cotar. B. a\/i tanco . C. sinc .
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Hudng din gidi:
Chon D.
SO L(4BCD), O la tam cua hinh vuéng ABCD .

Ké OH 1 SD, khid6 d(0;SD)=0H , a=SDO .

Taco: OH =ODsina = a sin« .

Cau 17. Cho hinh chép S.4BC trong d6 SA, AB, BC vudng géc voi nhau tirng déi mat.
Biét S4=3a, AB=a~/3, BC =a~/6 . Khoang cach tir B dén SC bing

A a2, B. 2a. C.2a\3. D. a\3.

Huwdng din gidi: 5

Chon B. e

Vi S4A, AB, BC vuong goc véi nhau tung d6i mot nén CB L SB A
3 -

. ,L,g-..-f”"lh

Ké BHL1SC, khi d6 d(B;SC)=BH. Ta co: T
Wt

SB =S4’ + AB* =~9a* +3a* =2:3a. “f'

11

Trong tam giac vuodn SBCta co: = +
8 8 g BH® SB  BC’

:BH:ﬂzza.

\SB? + BC?

Cau 18. Cho hinh chép tir giac déu cé canh day bang a va goc hop boi mot canh bén va mét
day bang . Khoang cach tir tim cua ddy dén mot canh bén bang:

A. a\zf coso. B. a\/ztan C. a\Z/E sino. D. a\/z cotol

Huwéng dén gidi:

. Aczaﬁ:OCJf
* Khoang cach can tim 14 doan OH .

OH =0Csina = av2 sin a.

Chon dap an C.

Cau 19. Cho tir dién ABCD c6 canh bén AC vudng goc v6i mit phang (BCD) va BCD la

tam giac déu canh bang a. Biét AC = a2 va M 1a trung diém ctia BD. Khoang cach tir diém
C den duong thang AM bang

A. a\/z. B. a\/E. C. a\/i. D. a\/g.
3 11 5 7
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Huwéng dén gidi:
Chon dap an B.

Néi CM . Ké CH L AM
Suy ra d(C; AM)=CH
Xét AACM ¢o
1 1 1 1 1 11
2T et 2= 7t 2 2
CH® AC- CM (a\/f) (aﬁ} 6a
2

DCHza\/g. Vay d(C;AM)zCH=a\/§.

Cau 20. Cho tir dién ABCD c6 canh bén AC vudng gdc voi mat phang (BCD) va BCD la

tam giac déu canh bang a. Biét AC =a~+/2 va M 1a trung diém ciia BD. Khoang cich tir diém
A dén duong thang BD bang

e B, 203 c. 45 p, V1L
2 3 3 2
Hudng din gidi:
Chon dap an D.
Ta ¢6 d(4;BD)= “\;m AC 1(BCD)= AC L BD
Lai ¢c6 voi M 1a trung diém BD ma ABCD déu nén
CM 1 BD
AC L BD
Tur d6 ta co = AM 1 BD
CM 1 BD

Suy ra d(A;BD)=AM
Xét tam giac vuong ACM , ta cod

AM =JAC* + CM? =\/(a\/§)2 +(“‘BJ2 - “*/ﬁ. Vay

2 2

d(A4; BD) =

av11
2 ’
Cau 21. Cho hinh chép S.ABC trong d6 SA4, AB, BC vudng goéc voi nhau tung doi mot. Bict

SA=3a, AB=a"\3, BC= anl6. Khoang cach tir B dén SC bang

A a2, B. 2a. C.2a\3. D. a\3.
Hwong dén gidi:
Chon dap an B. "

SA L AB
Ta cod =SB 1 BC
AB | BC

Suy ra ASBC vuong tai B
Ké BH L SC.Taco d(B;SC)=BH
Laico
1 1 1 1 1 1

BH? SB* BC* SA*+A4AB* BC* 44°
= d(B;SC)=BH =2a.
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Cau 22. Cho hinh 1ap phuong A4BCD.A'B'C'D’ ¢6 canh bang a. Khoang cach tir dinh A ciia
hinh 13p phuwong d6 dén dudng thaing CD’ bang

A a2, B. a6 C @ D. 3.

2 )

Huéng din gidi:
Goi M1a trung diém cia CD'. Do ABCD.A'B'C'D’ 1a
hinh 14p phuong nén tam giac ACD'la tam giac déu canh
3

AM L CD'= d(A,CD')= AM :a—f
bép an: B.

Cau 23. Cho hinh 1ap phuong A4BCD.A'B'C'D’ ¢6 canh bang a. Khoang cach tir dinh 4 ciia
hinh 1ap phuong d6 dén duong thing DB’ bing

A a2 g Y c. o3 ald

. . . D. .
2 2 3

Huéng din gidi: )
Goi H la chan duong vudng goc ha tir Axuong DB'.
Dé thidy AD L (ABB 'A’) = AADB' vudng dinh A.

AD=a AB = a2 = 12= 12+ 12:>A/L/="’_\/6
AH?  AD? AB' 3
Pap an D.

Céu 24. Cho hinh 1ap phuong ABCD.A'B'C'D’ ¢6 canh bang a. Khoang cach tir ba diém nao
sau day dén duong chéo AC' bang nhau ?
A. A',B,C". B. B,C,D. C. B,C",D". D. 4,4',D".
Hudng flén gidi:
D¢ thay cac tam giac ABC',C'CA, ADC'1a cac tam giac
vuong bépg nhau nén cac duong cao ha tir dinh goc
vuong xudng canh huyén ciing bang nhau.
Vay: d(B,AC')=d(C,AC')=d(D,AC)
Pap an B.

Cau 25. Cho hinh chép S.4ABC trong d6 SA, AB, BC vudng goéc voi nhau tiing d6i mat.
Biét S4 = ax/g, AB=a\3. Khoang cach tir 4 dén (SBC) bang:

a\/g a2 2a\/§ a\/g
-

A. . B. . D. .
2 _ 5 2
Hwong ddn giai:

C.
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Chon D.
Ké AH 1 SB.

BC 1 4B
Suyra AH 1(SBC) = d(4;(SBC))=AH .
Trong tam giac vuong SAB ta co:
1 1 1 .
AH?  SA 4B’ DAH:\/%Z\/?'
Cau 26. Cho hinh chop S.ABCD c6 SA J_(ABCD), day ABCD 1a hinh chit nhét. Biét
AD =2a, SA=a.Khoang cach tir Adén (SCD) bang:

BC L 54
Ta cb: = BC 1 (S4B)= BC L AH .

A 302 B, 23 c. 2. D. 2.
2 3 J5 J7
Huwéng din gidi:
Chon C.
Ké AH LSD, ma vi CDL(SAD)= CD L AH nén
d(A4;SCD)=AH .

Trong tam giac vuong SADta co:

1 1 1

= +

AH® SA* 4D’

SAAD ala _ 2a
JS# +4D* 4 +a® 5
Céu 27. Cho hinh chép tam giac déu S.ABC canh day bang 2a va chiéu cao bang a3 . Tinh
khoang cach tir tim O cua day ABC dén mot mit bén:

A. ays . B. 2a¥3 . C. a\/z . D. a\ﬁ.
2 3 10 5
Huwong din gidi:
Chon C.
SO L (ABC ) , voi O la trong tam cua tam giac ABC.
M 1a trung diém cta BC.

= AH =

Keé OH L SM , ta c6

BC 150

= BC 1 (SOM )= BC L OH

BC 1L MO
nén suy ra d(O;(SBC))zOH.
Taco: OM =L ap = 3

3 3
w33
1 1 1 50.0M 3 3¢ [3
s=—+ - = OH = = = =A7aé-

OH> SO OM Jso? +om? \/3a2+3a2 J30 V1o

Céu 28. Cho tir dién déu ABCD c6 canh bang a. Khoang cach tir 4dén (BCD) bang:
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A. “‘/g. B. “‘/g. C. "‘/g. D. "‘/g.
2 3 6 3
Huong dan gidi:
Chon B.

Taco: AO L (BCD) = O la trong tam tam giac BCD.

2
d(4;(BCD))= 40=4B> - BO* = az—%zé.

Cau 29. Cho hinh chép SABCD co6 day la hinh thoi tdim O canh a va c6 goc BAD = 60"
Puong thang SO vudng goc voi mat phang day (ABCD) va SO = %Ta. Khoang cach tir O dén
mat phang (SBC) la:

AL B. % c. . D. a\3

3 3 4 8 4
Hudng dan gidi:

Trong mit phing (ABCD) :ké OK L BC(K € BC).

Ma BC L SO nén suy ra hai mit phang (SOK ) va (SBC ) vudng goc nhau theo giao tuyén
SK.

Trong mit phing (SOK) :ké OH L SK(H € SK).

Suy ra: OH L(SBC)=>d(0,(SBC))=OH.

Cau 30. Cho hai tam giac 4ABC va ABD nam trong hai mit
phang hop v6i nhau mot goc 60°, AABC can 6C, AABD
can & D. Puong cao DK ciia AABD bangl2cm. Khoang
cach tir D dén (ABC) bang

Al 3J3 cm B. 63 cm Coom £ T &m
Hudng dén giii: A
2 .I-b‘-n.,
1) Goi M 1a trung diém AB suy ra: _ 1/’ Y Y
{1 Goi H 1a hinh chi€u vudng goc cia D 1én CM ..-f"_ -.'FL "";.; ‘*-\-‘H
— DH =d(D,(ABC)) mgl™ J \ o
'] DH =sin60°.DM =63 N T BT
Chon dap an B. / -
oy A R |
] B

Céu 31. Cho hinh 1ap phuong ABCD.A'B'C'D’" ¢6
canh bang a. Khi d6 khoang cach tir tim cua hinh lap phuong dén mit phing (BDA') bang

a

A a2, B. a\3. C. “33. D. 63.
Huwéng dén gidi:
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Bai toan chimg minh AC' L (ABD)trong sach
gido khoa da c6. Khong chung minh lai.
D& dang tim duge AC' = a3

1 a3

d(O,(ABD))=0J=2AC ===

bép an: D
Cau 32. Cho hinh 1ap phuong ABCD.A'B'C'D’ canh a. Khoang cach tir A dén (BDA') bang
A D2 B. 43 c. 93 p, 46
2 3 2 3
Hwong ddn gidi:
Ta co
AC' L (BDA
(BDA) = d(A(BDA))= AG=1Ac
AC'n(BDA)={G} 3
a3
d(A(BCA)|=—
(A (BoA) =3
bép an B.
Cau 33. Cho hinh 1ap phwong ABCD.A'B'C'D’ canh a. Khoang cach tir 4 dén (B'CD’) bang
A D2 B. 43 c. 203 ALE
2 3 3 3

Huwéng din gidi:
Taco: AB'= AC=AD'=B'D'=B'C=CD'=a\2
Nén tir dién AB'CD' 1a tir dién déu.
Goi I l1atrung diém B'C, G la trong tAm tam gidc B'CD'.
Khi d6 ta ¢6: d (4;(B'CD"))= AG

Vi tam gidc B'CD' déunén D' = aﬁ.g - “\2/6
, z A , 2 a6
Theo tinh chat trong tam ta c6: D'G = ED "= 3

Trong tam giac vudng AGD" c6:

2
AG = D'AZ—D'G2=\/(a\/5)2—(%J ZZaﬁ-ChonC

3
Cau 34. Cho hinh chop S.ABC c6 day ABC la tam giac vuong cén tai 4 voi AB=a. Mat
bén chira BC cuia hinh chép vudng goc voi mat day, hai mat bén con lai déu tao vai mat day
mot goc 45°. Tinh khoang cach tir diém S dén mit phang day (4BC).
3a

3. D. —.
2 2

AL B. &Y2 c.
2 ; 2
Huong dan gidi:
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Goi H 1a hinh chiéu cia S 1én (4BC), vi mit bén (SBC)
vudng goc véi (ABC) nén H € BC.
Dung HI 1 AB,HJ L AC, theo d& bai ta co SIH = SJH = 45" .

Do d6 tam giac SHI = SHJ (canh goc vuong - goc nhon)
Suyra HI = HJ .

Laico B=C =45 = ABIH = ACJH = HB = HC

Vay H trung véi trung diém cia BC. Tird6 ta co HI 1a duong
trung binh cta tam giac ABC nén HI = % = %.

Tam giac SHI vudng tai H va co SIH = 45° = ASHI vuong
can.

Do d6: SH = HI = % Chon dap 4n A.

Cau 35. Cho hinh chép tam gidc déu S.4BC c6 canh bén bang b, canh day bang d, véi
d <b3. Hay chon khang dinh ding trong cac khang dinh bén dudi.

A. d(S.(4BC))=,|b? —%dz . B. d(S,(4BC))=~b*—d* .
C. d(S,(4BC))=,|b* —%cﬁ . D. d(S,(ABC))=b* +d* .

Huwéng dén gidi:

Goi I latrung diém cua BC, H 1a trong tim tam giac ABC.
Do S.ABC la hinh chop deu nén
SH 1 (ABC)= d(S,(4BC))=SH .

2
Taco Al = AB> — BI® :sz _dT :#.
2 d\3 2

AH:§A1=T:>SH= SA* — AH? = bz—?. Chon

-|Z,

Cau 36. Cho hinh chép tam giac déu S.ABC c6 canh day bang a va duong cao SO = N>
Khoang cach tir diém O dén canh bén S4 bing

A. a 6. B. “\/g. C. a\3. D.&.

6 3
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Huéng din gidi: ) X
Vi hinh chép S.4ABC déu c6 SO 1a duong cao = O la A~
tam cua AABC J_.-"'r ’ \\\
Goi 7 1a trung diém canh BC. [ KH'H.
w by .,
5 A A el
Tam gidc ABC déunén Al = ay3 = 40=2 41 - a\/g. ~ [ A L P
2 3 3 M ﬂr;_;-*‘j'-
Ké OH 1L SA.= d(0,54)= OH . Xét tam gidc SOA Ry
vuong tai O : ¥
1 1 1 1 1
T e T AT 7t ZZ%DOHZCZ\/E
OH" SO~ 04 (a\/gJ (a\/g} a 6
3 3

Céu 37. Cho hinh 1ap phuong ABCD.A4 B,C,D, canh bang a. Goi M 1a trung diém ciia AD.
Khoang cach tir 4 dén mit phing (CIDIM ) bang bao nhiéu?

2a 2a 1
A, — B. — C.-a D.a
J5 J6 2
Huéng dén gidi:
Goi N latrung diém canh DD, va H = AN "MD,
e ’ g m e 1 1 oy M D A M p
Khi d6 ta chirng minh duoc 4N L MD, B/ NG
suy ra4AN L(C.DM) AV : ] /\\\ ‘\/ N
2 2 l‘ :/_ A
—d(4.CDM)=aH =22 ___AD AT D
AN 4D} +ND? 4, D g ¢,
= d(4,(C,DM))= % Chon dép 4n A.

Cau 38. Cho hinh chép tam giac déu S.4BC c6 canh day bang 3a, canh bén bang 24 . Khoang
cach tir § dén mat phang (ABC ) bang:
A. 4a._ B. 3a. C. a D. 2a.
Huwdng din gidi: .
* Goi G la trong tdm tam gidc ABC . Do S.4ABC la chép déu
nén SG L (A4BC).

3a3 2

; :>AG=§AM=a\/§.

o ASAG vudng tai SG =S4 — AG* =~4a® -3a* = a.

« AM =

Chon dap an C.
Cau 39. Cho hinh chop tir gidc déu S.ABCD c6 canh day bang a va chiéu cao bing a2
Tinh khoang cach tir tam O cta ddy ABCD dén mot mat bén:

a\/E 2ax/§ a~'10
. s

a

A. B. . C. D.

3
2 3 3
Huong dan gidi:
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Chon B.
SO L(A4BCD), v6i O la tim ctia hinh vuéng ABCD. M

1a trung diém ctia CD.
Ké OH 1L SM ,taco:

DC 1 SO
= DC 1 (SOM )= DC L OH .
DC 1L MO
nén suy ra d(O;(SCD))zOH.
Taco: OM =~ ap =4
2 2
1 1 1 .
L one S0.0M :\/Ea‘

OH®* SO* OM Jso*+om? 3

Céu 40. Cho hinh chép S.ABCD c6 day la nira luc giac déu ABCD noi tiép trong dudng tron
duong kinh AD =2a va ¢6 canh SA vudng goc v6i mat phiang day (ABCD) véi SA=an6.
Khoang cach tir 4 va B dén mit phing (SCD) 1an luot 1a:

A. a\/E;azz B. a\/E;“ C. a\/g; a22

a3
2 -~
Huong dan gidi:

D. a\/g;

3
2

1 1 1 1

Md(A,(SCD)):AH;E=§+§:g:> AH =a 2 .
Md(B,(SCD))=d(1.(SCD))= %.d(A,(SCD)) = "‘2/5.

Chon dap an A.

Ciu 41. Cho hinh h¢p chit nhat ABCD.A4 B,C,D, c6 ba kich thuéc AB =a, AD =b, AA;=c.
Trong céc két qua sau, két qua nao sai? .
A. khoang cach gitra hai duong thang AB va CC; bang b.
ab
Na’ +b°
abc

Jat +b*+¢?

B. khoang cach tir A dén mit phang (B1BD) bang
C. khoang cach tir A dén mat phang (B1BD) bang

D. BD, =~a’ +b* +¢*
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Huwéng dén gidi:
M d(AB,CC,)=BC =b=> Cau A dung.

=
2 2
d(A(BBDY) = At — =L L a0y b

AP @ B (ab) Jerb

Cau B dung.
M Suy ra cau C sai. i
M Suy ra cau D ding, dudng chéo hinh chit nhat bang

BD, =~Na’+b* +c* .

Chon dap an C.

Ciu 42. Cho hinh chop S.ABCD c6 mat day la hinh thoi tam O, canh a va géc BAD = 1207,
dudng cao SO = a. Tinh khoang cach tir diém O dén mit phang (SBC).

A. “\E. B. “m. C. “ﬁ. D. “ﬁ.
19~ 19 19 19
Hwong ddn giai:

Vi hinh thoi ABCD c6 BAD bing 120°
Suy ra tam giac 4BC déu canh a.

Ké duong cao AM cua tam giac ABC = AM = a\2/§ .
Ké OI 1 BC tai I :»01:%: “f.
Ké OH L SI = OH 1 (SBC)
= d(0,(SBC))=0H
Xét tam giac vuong SOI! ta co:
L1, 12:0H=“*/§. Chon D.
OH® SO* OI 19

Cau 43. Cho hinh chop S.ABCD c6 mat day ABCD 1a hinh chit nhat véi AB =3a; AD =2a.
Hinh chiéu vuong goc cua dinh S 1én mat phéng (ABCD) la diém H thudc canh AB sao cho
AH =2HB. Goc giita mit phang (SCD) va mit phang (ABCD) bang 60°. Khoang tir diém
A d&én mat phiang (SBC) tinh theo a bang

a@ 3a\/§ 6a\/@ 6a\/§

A. . B. . C. . D. .
13 13 13 13

Huéng dén gidi:
Ké HK 1. CD
= gbc gitra hai mit phing (SCD) va(A4BCD)

la
Co6 HK = AD =2a, SH = HK.tan60° = 2a+/3 .
Co BC L(S4B),
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d(4,(SBC)) B4

d(.(SBC)) BH

Ké HJ L SB,ma HJ L BC HJ 1(SBC),

d(A,(SBC))=3.d(H,(SBC))=3HJ
1 1 1 1 1 1
a =t o=t o= 32 :>HJ=2a\/§
HJ® HB° SH° a 12a° 12a
Chon C.
Ciu 44. Cho hinh chép S.ABCD c6 mat day ABCD la hinh thoi canh a; ABC =120°. Hinh

chiéu vuong goc cia dinh S 1én mat phang (ABCD) la trong tdim G cua tam giac ABD,

= d(4,(SBC))= 6"? .

ASC = 90", Khoéng cach tir diém 4 dén mat phang (SBD) tinh theo a bang

A B, 93 c. a2 p, 26
6 3 3 3
Hwong ddn gidi:
Xac dinh khoang cach:
- Pic diém cua hinh: C6 day 14 hinh thoi, goc 4BC =120°

nén tam giac ABD déu canh a; AC = a\/g;AG = a\3/§

Tam giac SAC vuong ¢ S, c6 duong cao SG nén

SA=~AG.A :,/@a :a;sgzé

Xét hinh chop S.ABD c6 chan duong cao trung véi tdm cua
daynén SA=SB=SD=a.
- Dyng hinh chiéu ctia A1én mit phang (SBD): K¢ duong

cao AH cuatam giac SAO v6i O 1a tdm cua hinh thoi.

BD 1 AC AH 1 BD
= BD 1 (S40)=> BD 1 AH = AH L (SBD).

BD 1 SG AH 1 SO
Vay d(4,(SBD))=AH
- Tinh d6 dai AH. AH = 5G.40

SO

Véi AO:#;SGz#;SOz# AH:“;@ Chon dap 4n D.
Cich khdc: Nhan xét tr dién S.4BD c6 tat ca cac canh bang a; do d6 S.ABD 1a ti dién déu,
vady AH =S8G = a36 .

Cau 45. Cho hinh chop S.ABCD c6 day ABCD la hinh vuong, SA=a va S4 vudng goc voi
mat phang day. Goi M, N lan luot 1a trung diém cac canh AD, DC. Goc gitta mat phang
(SBM ) va mit phang (ABCD) bang 45°. Khoang cach tir diém D dén mit phing (SBM )
bang

a3 a2 a3 a2

A. . B. . C. ) D. .
3 _ 3 2 2
Huong dan gidi:
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+ Pic diém cia hinh: Pay 1a hinh vuéng 4BCD
nén AN L BM .

Goc gitra mat phang (SBM ) va mit phing
(ABCD)1a géc AIS=45".Vay tam gibc ASI
vuong cantai 4. Al =a

- Xac dinh khoang cach:
d(D,(SBM))=d(A,(SBM))=AH . Véi Hla

chan dudng cao cua tam giac AS7 .
1 1 1 2

- Tinh AH :
a2
2 r
Cau 46. Cho hinh chép S.ABCD c6 ddy ABCD la hinh vudng tdam O canh a. Hinh chiéu
vudng goc cia dinh S trén mit phing (ABCD) 1a trung diém H cia canh AD, goc giita hai

mit phing (SAC) va (ABCD) bang 60°. Khoang cach tir  dén mit phing (SBC) tinh theo

= + =
AH?  AS* A &

= AH =

. Chon ddp an D

a bang
A a11 B a1 C a33 D 2a33
. 3 . T T T
Hudng dan gidi: i
- Pac diém cua hinh: Goc giita hai mat phang 4
(SAC) va (ABCD) 1a SIH = 60°. m -
R
IH = a2 — SH = IH.tan 60° = Y0 oo
4 4 e
- Xéc dinh khoang cich: d(H,(SAC))=HK . Véi  F R
HK 1a dudng cao cta tam giac SHM véi M 1a trung |I W e e
diém BC. f (N
- Tinh HK . | S
Xét tam giac vuong SHM co F - 7 N "t
D SRR BN RS B¢ | o \
2 - 2 2 2 2 5 2 3 ! —h
HK® HS* HM ( \/ga} (a) 3a . I8 : =
4 R
HK = \/fa . Chon dap an C

Cau 47. Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh vudng canh a. Hinh chiéu vudng goc
ciia S 1én mit phang (ABCD) trung voi trong tdm cia tam giac ABD. Canh bén SD tao véi
mit phing (ABCD) mot goc bang 60°. Khoang cach tir 4 téi miat phang (SBC ) tinh theo a
bing

3a+/285 a~285 a~285 S5a~/285
A. . B. . C. . D. .
1~9 19 18 18
Hwong ddn giai:
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Pic diém hinh: Goc giita SD tao v6i mit phang
(4ABCD) 1a SDE = 60"

B
L.
DE =\OD> + OE” =2—\/6§“; :;I"x‘a -
B li -
ll. ; "L
SE = DE.tan 60° = Ea ; Y
6 ! \
Xac dinh khoang cach r,-' '|1'
3 3
d(A.(SBC))=>d(E.(SBC)) =>EH g "\

( ( )) 2 ( ( )) 2 .'( I_| -I. “ﬂ . .LI .
Tinh EH : ;‘f L \ }{-r_'ﬁ
1 11 1 | 57 ; | e ] ;
EH” EK’ ES’ (22 27204 h c Vo

ENED A LI
3 6 i o -
g = 2Be Viy
J57

3 3 a~N285

d(A,(SBC))==d(E,(SBC))==EH =

(4(5BC) =2 (5.(58C)) = S 5 =2

Cau 48. Cho hinh chop S.ABCD c¢6 ddy ABCD la hinh cht nhat tam [/ voi
AB =2a3; BC =24 . Biét chan dudng cao H ha tir dinh S xudng diy ABCD trung véi trung
diém doan DI va SB hop véi miat phing day (ABCD) mot goc 60°. Khoang cach tir D dén
(SBC ) tinh theo a bang

Chon dap an B.

A a\/g_ B. 2a\/g' C. 4a\/ﬁ_ D. 3ax/§_
5~ 5 5 5
Hwong ddn giai:

Dic diém cta hinh: Goc giita SB tao voi mit phang
— 3
(ABCD)1a SBM =60°. BM = 2 BD=34;
SM = BM.tan 60° =3+/3a
Xac dinh khoang cach:
4 4

d(D,(SBC))=—d(M,(SBC))=—MH

((580)) = 2a (a1 (330)) =

Tinh khoang cach MH :

L1 I 1 5 27 .
M MK® MS® (3 o g TN
o] B

d(D,(SBC))= %d(M,(SBC)) :gMH = a  Chon dap 4n C.
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Cau 49. Cho hinh chép S.ABCD c6 day 1a hinh chit nhat, AB=a, AC =2a, SA vuong goc
vO1 mat phflng (ABCD), SC tao v6i mat phflng (SAB) mot goc 30°. Goi M 1a mot diém trén
canh AB sao cho BM =3MA. Khoang cach tir diém A dén mat phang (SCM ) la

A. ‘/37‘". B. 2\/374a. C. 3\/3—4“. D. 4‘/3_4“.
51 51 51 51

Dic diém cua hinh: SC tao v6i mit phang (SAB)
goc CSB=30". BC=+3a; SB=BC.tan30°=a;

2

AS =2+2a
ak = Bue 39,
MC 19

Xéc dinh khoang céch: d (A4,(SBC))= AH

1 11 1 1 153

T e T T 7t 2792
AH®  AK® A4S @a (2424) 8
19

Vay d(A4,(SBC))= 4H = % Chon dép 4n B.

Cau 50. Cho hinh chép S.ABCD c6 day ABCD 1a hinh vudng canh a. Goi M, N va P lan
luot 1a trung diém cua cac canh AB, AD va DC. Goi H la giao diém cua CN va DM, biét SH
vudng goc (ABCD), SH =a+3 . Khoang céach tir diém C dén mit phang (SBP) tinh theo a

bang
A. "*E. B. "\/5. C. “\/g. D. "*/5.
4~ 2 4 2
Hwong ddn giai:

Ta chung minh : NC 1L MD
That vy : AADM = ADCM vi A= D =90"; AD = DC; AM = DN
= ADM = DCN; ma ADM +MDC =90° = MDC + DCN =90° = NC 1| MD
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Tac6: BP L NC(MD//BP);BP 1 SH = BP 1 (SNC)=(SBP) L (SNC)
K¢ HE | SF = HE 1 (SBP)= d(H,(SBP))=d(C,(SBP)) = HE

DC? 2a\/§ _ a\/g
5

Do DC? = HC.NC = HC = = HF

NC 5
SHHF  SHHF a3

SF Jsu?+HF* 4

Cau 51. Cho hinh chop S.ABCD c6 ddy ABCD 1a hinh thang can c6 hai duong chéo AC, BD
vudng goc voi nhau, AD = 2a~2; BC = a+/2 . Hai mit phang (SAC) va (SBD) cung vuong
goc voi mat day (ABCD). Goc gitra hai mat phang (SCD) va (ABCD) bang 60°. Khoang
cach tir M la trung diém doan 4B dén mit phang (SCD) 1a

a\/g 3a\/E 9a\/E

B. . C. . D. .
20 20 20

Ma HE =

A.

a~'15
5

Huwéng din gidi:
Do (SAC) 1L (ABCD),(SBD) L (ABCD),(SAC) m(SBD) =50= S0 L (ABCD)
Dung goc gitra (SCD),(ABCD) :

(SCD)A(4BCD)=DC. Ké OK L DC'= SK 1 DC= ((SCD),(4BCD)) = SKO

Kéo dai MO cit DC tai E
Taco :
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d(0,(SCD)) _OE 9
d(M,(SCD)) ME 4

= d(M,(SCD)) = %d(O, (SCD)) = %OH

OS = OK.tan 60° = 2“;_/E
_ op - OKOS =a\/E:>d(M,(SCD))=9a\/E
JOK? +0S? 5 20

Cau 52. Cho hinh chép S.ABCD c6 day ABCD 1a hinh chit nhat, mat bén SAD 1a tam giac
vuong tai S, hinh chiéu vudng goc ciia S 1én mat phang (ABCD) la diém H thudc canh AD
sao cho HA=3HD. Goi M la trung diém ciia canh 4B. Biét rang S4 = 23a va duong thing
SC tao véi mit day mot goc 30°. Khoang cach tir M dén mit phang (SBC ) tinh theo a bang

A. 2\/%61 . B. \/ﬁa . C. 2\/%61 . D. \/%a .
1~1 66 11 11
Hwong ddn giai:

SC ¢6 hinh chiéu vudng goc 1én mp (ABCD)
la HC = SC,(ABCD)=SCH =30
bat AD =4x (x > O)
 SA*=AH.AD = 124> =12x* = x=a
Taco:
= AD =4a,AH =3a,HD = a
SH =~S4> = AH? = a3 = HC =3a

= DC=2\2a
Ké HE L BC,SH 1 BC = (SHE) L(SBC)
Ké
HK 1 SE = HK 1 (SBC)

Ma

= d(H,SBC) = HK = d (M ,(SBC)) = %

i - SHEH zza\/%:d(M’(SBC)):a\/&
VSH? + EH? 11 11

Cau 53. Cho hinh chép S.4BCD c6 ddy ABCD 1a hinh chit nhat tim I, AB =a;BC =a 3,
tam giac SAC vudng tai S. Hinh chiéu vudng goc cua S xudng mit phing day trang véi trung
diém H cua doan AI. Khoang cach tir diém C dén mit phang (SAB) tinh theo a bang

3a\/§ ‘ a\f

C. D.

a3 3
4 4 2

a

A. B.

3
S
Huong dan gidi:
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Tacod: AC =+ AB* +BC* =2a,ma ASAC vuong tai

S jSlzgza

2
— SH =~/SI* - HI :,/az—aT :%

Ké HK 1 AB;AB 1 SH = AB 1 (KHS)

= (S4B) L (KHS) Ma (SAB)N(KHS)=SK .

Ké HE L SK = HE 1 (SAB) = d(H,(SCD)) = HE
d(C.(S4B)) A
d(H,(SAB)) HA

= d(C,(SAB)) = 4d(H,(SAB)) = AHE

A=HC N (54B)=

a3 a3
HE - HKSH 4 " 2 :a\/g :d(C,(SAB))zza\/E
VHK? +SH*> 3¢ 3a* 10 5

16 4

Cau 54. Cho hinh chép S.ABCD c6 day la hinh vudng canh o tim O, hinh chiéu vudng goc
cua S trén (ABCD) 1a trung diém cia A0, goc giita (SCD) va (ABCD) la 60°. Khoang
cach tir trong tAm cla tam gidc SAB dén mit phang (SCD) tinh theo a bang

A. 2“\/5. B. "*/5. C. 2"*/5. D. "\/g.
3 3 3 3
Huwong dan gidi:
Chon D.
Ta co: ﬂ:C_H=§3H123_a
AD CA 4 4
tan60°=S—H:>SH=£a
HI 4 _
2 2 l-l."
SI = SH2+H12:\/(3\/§a] +(3—“j _3, !
4 4 2 /
3 2 us” !
d(G.(ScD)) =2d(J,(SCD)) =~ d(K.(SCD
(6.(5cD))=2a(1.(5cD) - 2 x.(5CD)
33 3a
_2 2 a(m.(scp)) =Sa(m (scp)) =S pr =S ST 8 4 4 E
373 9 9 9 SI 9 3a 3
2

Cau 55. Cho hinh chép S.ABC co day la tam gisc ABC cantai A, AB=AC =a, BAC =120°
_Hinh chiéu vudng goc ciia dinh S trén mit phing (ABC ) trung véi trong tam G cla tam giac
ABC. Canh bén SC tao véi miat phang ddy mot goc a sao cho tana = % . Khoang céch tu

diém C dén mit phiang (SAB) tinh theo a bang
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AR g, 3413 c. 313 D. %
13 13 13 13
Hwong ddan gidi:
Chon B.

Goi H 1a hinh chiéu cta J 1én 4B
Goi G 1a hinh chiéu cia G 1én AB
Goi I 1a hinh chiéu cia G 1én SZ

BJ =\/BA* + AJ* —2BA.AJ c0s120° = g“
Sasar- %-AB.AJ.SiHIZOO = %JH.AB < JH = %
6z _B86_2_ ., 3,
JH BJ 3 6
tana—&@i_EQL_ SG

GC N1 BG T T 2,

3

@SG:i‘ﬂa:a

J772

BRER
4(C.(84B)) =34 (G.(548)) =361 =3.5G9% 38667 _ 3 T 33,
SZ  SG* + Gz 5y B
a2+(3aJ

Cau 56. Cho hinh chép tam gidc déu S.ABC co canh day bang a, gbc giira canh bén va mat
day béng 60°. Goi M, N lan luot 1a trung diém ctia cac canh 4B, BC. Khoang cach tu diém
C dén mit phang (SMN ) tinh theo a bang

Ta 3a

A2 B. 2. c. 2 D. 2.
7 3 7 3
Huwong dan gidi: Chon A.
230 _

Trong ASGC vudng tai G = SG = GCA3 = 32 a.

Goi E,F lan luot 1a hinh chiéu cia G trén MN va SE .
Khi d6 d(C,(SMN))=3d(G,(SMN))=3GF

GE=La(G,AC)=L.2.4(m,AC)
2 23

1 1 a3

=—d(M,AC)=~d(B,AC)="Y"

Taco :

Trong ASGE vudng tai H suy ra

a3
——.a

GESG 12 ° a

~JGE* +5G° o3 )
( 12

2 7
}+a2
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Céu 57. Cho hinh chop S.4ABC c¢6 day ABC 1a tam giac déu canh a. Goi I 1a trung diém cua
canh AB. Hinh chi¢u vudng gbc cia dinh S 1én mét phang day 1a trung diém H cua CI, goc

giita dudng thing S4 va mit day bang 60°. Khoang cich tir diém H dén mit phing (SBC )

la
A a\/ﬂ B a\/ﬁ C 4a\/ﬂ D a\/ﬂ
429 S V29 C V29 T23J29°
Huwéng dén gidi: Chon A. a
Trong AACI c6 trung tuyén AH suy ra A
2(A1% + AC*)-CI? : AR
PN e e AN
4 16 4 4 l \
PR ks
Trong ASHA vudng tai H suy ra SH = AH 3= a\iﬁ ! ’I-'r | ‘L'k.
Goi E,F 14n lugt 13 hinh chiéu cia H trén BC va SE. ,f/ i Yoo
Khi d6 d (H,(SBC)) = HF ; ! II H\k
! *,
&
Taco: HE=1d(1,BC)="La(A,BC)="V. { / e
2 4 8 T P
Trong ASHE vudng tai H suy ra ! liq',:" :“’I___- -
a3 a21 o
HE.SH 8 4 a21
HE = 2 > 2 > \/>
JHE® + SH \/[a\/i) {Q\EJ 429
8 4

Cau 58. Cho hinh chép S.ABCD c6 S4 L (ABCD) ,day ABCD la hinh thang vudng canh a
. Goi I va J lan luot 1a trung diém cia 4B va CD. Tinh khoang cach giita duong thang L/
va (S4D).

A 92 PAER c. 2. D. 2.
2 3 2 3
Huéng din gidi: e
Chon C. _,frAl'. S _
Taco: Vi IJ// ADnén 1J // (SAD) p \ i

:>d([J;(SAD)):d(I;(SAD))zlA:%. g

Cau 59. Cho hinh thang vuong ABCD vudéng & AvaD, AD =2a . Trén duong thiang vudng
goc tai D voi (ABCD) lay diém Svéi SD = a2 . Tinh khéang céch giita duong thing DC

va (S4B).
2a a a\/g
—— B. L. C. a2, D. .
NG) 2 3

Huwdng dén gidi:

H 234



Tuyén chon va gidi thiéu: Nguyén Qubc Hoan 0913 661 886

Chon A.

Vi DC// ABnén DC// (SAB)

= d(DC;(S4B))=d (D;(54B)).

K¢ DH 1S4, do ABLAD, ABL1SA nén
AB L (SAD)= DH 1 AB suyra d(D;SC)=DH .

Trong tam giac vudng SADta co:
1 1 1 SA.AD 2a

= + =>DH = ———x=—F.
DH® SA4*  AD’ JSa2+ap? B
Cau 60. Cho hinh chop O.4ABC c¢6 dudong cao OH = %

.Goi M va N lan luot 14 trung diém ctia OA4 va OB . Khoang céach giita duong thang MN va
(ABC) bang:

AL B W2 c. 2 p. V3.
2 _ 2 3 3
Hwong ddn giai:
Chon D.

Vi M va N lan luot 13 trung diém cia OA4 va OB nén
MN /| AB MN /I (ABC).

Ta co:

a3

3

d(MN;(ABC)):d(M;(ABC))=%OH = (vi
M 1a trung diém ciia OA). . i
Cau 61. Cho hinh chop tr gidc deu S.ABCD c6 AB = SA =2a. Khoang cach tir dudong thang

AB dén (SCD) bang bao nhiéu?

a\/6

6. B. . C
2

a a
3 T2

A.

Hudng din giii: 7
Goi I, M lan lugt la trung diém canh 4B va CD thi CD L (SIM)
V& IH 1 SM tai H e SM thi IH 1 (SCD)
SO.IM
SM
ASAB déu canh 2a = ST = a3 = SM = a3

= d(A4B,(SCD))=d(I,(SCD))=IH =

Va OM=%IM=a:>SO= SM>—OM? = a2

SOIM _a22a 2a\6
SM a3 3

Cubi cung d (AB,(SCD))=

Chon dap an B.
Cau 62. Cho hinh chép S.ABCD c6S54 L ( ABCD), day ABCD 1a hinh thang vudng c6 chiéu
cao AB=a.Goi I va J lan luot 1a trung diém ctia 4B va CB. Tinh khoang cach giita duong
thang IJ va ( SAD).
a2

2

a3

3

A. C.

p. £
3

N
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Huwéng dén gidi:

1J//AD = 1J / /(S4D)

ey (LJ(SAD)) = d(1,(S4D)) = I4 =%

Chon dap an B.
Cau 63. Cho hinh chop O.4BC c6 duong cao OH = 2—\/631 .Goi M va N lan luot 1a trung diém
cia OA va OB . Tinh khoang céch giita dudng thing MN va (ABC )

AR B, Y2 c 2. D. <.

3 2 2 3

Hwong ddan gidi:
Khoang cach giita duong thaing MN va (ABC ):
d(MN,(ABC)) = d ((MNP),(4BC)) =22 = "\3/5.
Céu 64. Cho hinh chép O.ABC ¢6 dudng cao OH = % Goi M va N lan luot 13 trung diém

cia O4 va OB. Khoang céach giita duong thang MN va (ABC ) bang

a

AL B.
2

Huwdng dén gidi:

2. C.
2

w I
W

Do MN//(ABC)=>d(MN,(ABC))=d(M,(A4BC))
04 d(0,(4BC))
. MA  d(M,(4BC))

=2=d(M,(4BC))

Laico
Zld(O,(ABC)) ZO_H:&
2 2 3
ChonD.
Chon dap an A. -

Céu 65. Cho hinh chép S.ABCD c6 SA L( ABCD), mit déy ABCD la hinh thang vudng c6
chiéu cao AB=a. Goi I va J lan luot 14 trung diém ctia 4B va CD. Tinh khoang céch giira
dudng thang IJ va (SAD).

a3

2 . B. . C.
2 3

AL

[NSHEN
w |

Huwong din gidi:
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SA L (ABCD) =S4 1L Al
Lai c6 Al L AD( hinh thang wvudng) suy ra
IA 1 (SAD)

IJ|| AD theo tinh chat hinh thang, nén

d(1J,(S4D))=d(I,(SAD))= 14 :%

Cau 66. Cho hinh thang vudéng ABCD vudng & A va D, AD =2a. Trén duong thing vudng
goc véi (ABCD) tai D 14y diém S v6i SD = a/2. Tinh khoang cach giita DC va (S4B).

A2 B. L. C. a2. p. @3

V3 V2 3

Hudng din gidi: ¥

*Trong tam giac DHA, dung DH 1 SA4; rx

*Vi DC//AB=>d(DC;(S4B))=d(D;(S4B)) = DH

Xét tam giac vuong SDA co : ot .
111 a12 _ 2a woc - -

s=—+——5=>DH = =— : .

DH? SD* 4D 3 3 '

Chon A. ‘ ’ ! #

Cau 67. Cho hinh chop tir gidc deu S.ABCD c6 tat ca cac canh bang a. Khi do khoang cach

gitta duong thang AB va mat phang (SCD) bang

A D6 B WO C.2“\/8. p. o
2 4 9 3
Huong dan gidi:
Goi O 1a tam hinh vuéng ABCD . Khi do SO L (ABCD).
Ké OI LCD,0H L SI = OH 1 (SCD)
hl
Ta tinh duge 40 =&, SO =/SA — 40* = ay2 J,rf'ﬁi\.
2 2 ”,_, \'\\\
AD a 1 u .
o= SN N
llr"lf N A "'.I n "\.lH
12: 12+ 1230H:a\£ £ 1%, ™
OH* SO* Ol 6 / P -
a6 T R
-III.I -l L
Chon D. 2 ;

Cau 68. Cho hinh 1ap phuong ABCD.A'B'C'D’ ¢6 canh bang a. Khi d6, khoang cach giira
duong thing BD va mit phang (CB'D') bang

a\/z 2a\/§ a\/g a\/g

A. . B. . C. ) D. .
2 3 3 3 3
Huong dan gidi:
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Gan hé truc toa d6 nhu hinh v&
A(0,0;0); B(1;0;0); D(0;1;0); 4'(0;0;1)
C(l;l;O);B'(l;O;l);D’(O;l;l);C'(l;l;l)
CB' =(O;—1;1);C—D' =(-10;1)
Viét phuong trinh mét phing (CB'D')
Co VIPT n=| CB;CD' |=(~1;~1;-1)

(CBD):1(x-1)+1(y-1)+1(z-0) =0 x+y+z-2=0

- sy 1H0+0-2) 1 3 L
d\(BD;(CB'D"))=d(B;(CB'D"))=*——=—==—Vay d(BD;(CB'D")) =
Céu 69. Cho hinh ling try t&r gidc déu ABCD.A'B'C'D’ c¢6 canh day banga. Goi M, N, P
lan luot 12 trung diém cia 4D, DC, A'D'. Tinh khoang cach giita hai mat phang (MNP) va

a3
-

(ACC ').

NEE B. 2 c.2 b, 92

"3 i . e 3 T
Huwdng din gidi:
Chon D.
Ta c6: (MNP)//(ACA')
!/ ! 1 ’ a\/z

= d((MNP);(ACA'))=d (P;(ACA')) = 0D ==~
Céu 70. Cho hinh lang try tam giac ABC.A'B'C" c6 cac
canh bén hop voi day nhiing goc bang 60°, day ABC 1a
tam giac déuva A4’ cachdéu 4, B, C. Tinh khoang cach
gitra hai ddy cta hinh lang try.

A. a. B. av2. C.%. D.‘%a.
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Huwéng din gidi: ) i
- 4
Chon A. ;:T;_-_ ;.
i

\ A \ ’ ’ ’ r \ \ , A r - .?"I !
Vi adBCdéuva AA'= A'B=A'"C = A'ABC 1a hinh chop deu. K \_5; !
Goi A'H 1a chi€u cao cua lang tru, suy ra H 1a trong tdim aABC, ! / ,l"
A'AH = 60° . . I

g
A'H = AH .tan 60° = &\/5 =a. 5\” f}"if
3 L“-..;'f""
£

Ciau 71. Cho hinh ling try tam giac ABC.4,B,C, ¢6 canh bén bang a. Céc canh bén ctia ling
tru tao véi mit day goc 60°. Hinh chiéu vuéng goc cia A 1én mit phang (A181C1) la trung

diém cta BC,. Khodng cich giita hai mat ddy cua ling try bang bao nhiéu?

N NE

A a2 B. &, C. a2, D.
2 3 2

Huwéng dén gidi:
Tacé: A'H L(ABC)— A'AH =60".

[N

V3

d((A'B'C') ,(ABC)) —A'"H = A' A.cosB0° = a-
Chon dap an A.

Céu 72. Cho hinh ling tru ABC.4A'B'C" c6 tit ca cic canh déu bing a. Goc tao boi canh bén
va mat phang day bang 30°. Hinh chiéu H cia A trén mit phang (4'B'C’) thudc duong thang
B'C’. Khoang cach giita hai mit phang déy la:

a\/_ a2

AL B. Y3 c. & D. .
3 2 2 2
Huong dan gidi: 4 i

Do hinh lang try ABC.A'B'C’ ¢6 tit ca cac canh déu
bang a suy ra

a\/§ a

AB':AC’:>B'H:HC':A’H:T:AH:?
Chon dap an C.

Cau 73. Cho hinh 14p phuong ABCD.A'B'C'D'" canh a. Khoang cach giira
(4B'C) va (4'DC'") bing :
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3
A. a3, B. av/2. C.%. D. "\3/_.
Huwéng dén gidi:
Ta c6 B C
A i <D
B o
///x::--\- ____]_/i:-------__:___—
» - OI \\\
A ~py

d((4AB'C).(4'DC"))=d(B',(4'DC"))=d(D',(4'DC"))Goi O' 1 tam ciia hinh vudng
A'B'C'D'. Goi I 1a hinh

Chiéu cia D' trén O'D, suyra I 1a hinh chiéu ciia D'

trén (A'DC').

d[(4B'C),(4DC")|=d|[D',(4'DC")]=

a\/Ea
DI D02.DD2: ) 2 :a\/§'
JD'0*+ DD \/(aﬁj B
—= 1 +a
2
Chon dap an D.

Céu 74. Cho hinh ling try t giac déu ABCD.A'B'C'D' ¢6 canh day bang a. Goi M, N, P
lan lugt 1a trung diém cua 4D, DC, A'D'. Tinh khoang cach giita hai mat phang
(MNP) va ( ACC).

AL B. “\E. C. & p. &
3 4 3 4
Huong dan gidi: D! el

Nhan xét (4CC") = (ACC'A') P/
Goi 0= ACBD, I =MN " BD DN o oglEs 4
Khido, OI 1. AC, OI 1. AA'= OI L (ACC'A") L ! \\

I

Suy ra d ((MNP),(ACC")) = O = %AC - “\4/5 M 0

, . A B _ N
Chon dap an B A o

Cau 75. Cho hinh 13p phwong ABCD.A'B'C'D’ ¢6 canh bang a. Khoang cach giita hai mat
phiang (ACD') va (BA'C') bang

A. khoang cach tir diém D' dén duong thang 4'C’.

B. khoang céach giita hai diém B va D'.

C. khoang cach giita hai duong thing AC va 4'C’.
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D. khoang céch gifra trong tdm cua hai tam gidc ACD' va BA'C’
Hwong ddan gidi:

Taco (ACD")/ /(BA'C").

DB' 1 (ACD")

DB' L (BA'C")

Pap an D.

(da ching minh trong SGK)

Cau 76. Cho hinh 1ap phuong ABCD.A'B'C'D’ ¢6 canh bang a. Khi d6, khoang cach giita
hai mit phing (CB'D') va (BDA') bang

A o2 B, 43 c. 2a¥3 p, 46
2 3 3 3
Huwdng din gidi:
Vi (4'BD)//(B'CD") nén ta co:
d((A4'BD),(B'CD"))=d(C;(A'BD))=d(4;(4'BD)).
Vi AB=AD=AA'=a va A'B=A'D=BD= a2 nén
A.A'BD 1a hinh chop tam giac déu.
Goi I 1a trung diém A'B, G1a trong tAm tam giac A'BD.
Khi d6 ta c6: d(4;(4'BD))=AG
Vi tam gidc 4'BD déunén DI = aﬁ.g = a\z/g .
Theo tinh chat trong tdm ta c6: DG = %Dl = a\3/€ .
»_6a’ _af3

Trong tam giac vuong AGD c6: AG =~ AD’ - DG’ =,|a > =3 Chon B
Céu 77. Cho hinh 13p phuong ABCD.A'B'C'D’ canh a. Khoéang cach gitta (ACB') va (DA'C')
bang

A a3, B. av2. C. "‘3/3. D.%.

Huéng dén gidi:

Vi (ACB")/ /(DA'C") nén ta c6: d((ACB'),(DA'C"))=d(D;(ACB'))=d (B;(ACB")).
Vi BA=BB'=BC=a va AB'= AC = CB'=a~2 nén

B.ACB' 14 hinh chép tam giac déu.

Goi I 1a trung diém AC, G1a trong tdm tam giac ACB'.

Khi d6 ta c6: d (B;(ACB')) =BG

Vi tam giac ACB' déunén B'I = aﬁ.gz a\z/g .
Theo tinh chat trong tim ta c6: B'G = %B 'I= a}/g .
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Trong tam giac vuéng BGB' c6:
2
BG=~/BB"-B'G’ = ,|d* —% - “\3/5 .Chon C.

Céu 78. Cho hinh hop chit nhat ABCD.A'B'C'D' ¢6 AB=4, AD=3. Mt phiang (ACD")

tao voi mat day mot goc 60°. Tinh khoang cach gitra hai mat day cua hinh hop.

NN B, 128 c. A3 p. 33
5. 5 5 3
Huong dan gidi:
Chon dap an B.

Goi O 14 hinh chiéu cua D 1én AC.
(ACD')~(ABCD)=AC
Ta c6 4AC LDO
AC LD'O(AC L(0DD')>0D))
= ((D"4C),(4BCD)) = D'OD = 60"

AC =3 +4* =5 ; DO:Az'é)C:%

Khoang cach gifta hai mit ddy 1a DD'= DO.tan 60" =

1243 s
5

Cau 79. Cho hinh chop S.ABCD c6 day ABCD 1a hinh vuéng tdm O, SA vudng goc voi day
(ABCD). Goi K, H theo thir tu 1a hinh chiéu vuong goc ciia 4 va O 1én SD. Chon khang
dinh dung trong cac khang dinh sau?

A. Poan vuong goc chung cua AC va SD 1a AK
B. Doan vudng goc chung cia AC va SD la CD
C. Poan vuong goc chung ctia AC va SD la OH.
D. Cac khing dinh trén déu sai.

Huong din gidi:

Néu 4K 1 AC, do AK 1. AB= AK 1 (ABC)
= AK =84 (vi SA L (ABC)

= SA L SD = ASAD c6 2 goc vuong (vo 1y).
Theo tinh chit cta hinh vuéng CD L AC .

Néu AC L OH, do AC L BD = AC 1 (SBD)= AC L SO = ASOA cb 2 gbc vudng (vo 1)
Nhu vay AC L AK, AC 1. CD, AC 1 OH . Chon dap an D.

Cau 80. Cho tir dién déu ABCD c6 canh bang a. Tinh khoang cach giita 4B va CD .

A. av3 B. “*/5. C. ‘“/E. D. "‘E.
2~ 3 2 3
Hwong ddn giai:
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ChonC. 7
Goi M, N lan luot 1a trung di€ém ctia AB va CD.

Khid6 NA=NB = # nén tam gidc ANB can, suy ra

NM 1 AB . Chung minh tuong tu ta c6 NM L DC,
nén d(AB;CD)=MN .

Ta cb: S, =+/p(p—4B)(p-BN)(p—AN) (o la

ntra chu vi).
_\/a+a 3 a+a3 a a ~2a
N2 T 2 22 4
1 1 2a

Mt khc: S, =~ ABMN = —aMN = MN =%

2 2
Cich khéc. Tinh MN = AN? — AM? = 3%—“7 - “\2/5 .
Céu 81. Cho hinh chop S.ABCD cé SA L(ABCD), déy ABCD la hinh chit nhat véi
AC = a5 va BC =a~J2 . Tinh khoang céch gitta SD va BC.

3a 2a a3
A. = B. —. C.—. D. av3.
43 2 3
Huwdng dan gidi: Chon D.
Taco: BC//(SAD) = d(BC;SD)=d(BC;(SAD))=d(B:(S4D)).
AB 1 AD
Mé{ = AB L (SAD)=> d(B;(SAD))= A4B.
AB 154

Taco: AB = \/AC2 -BC* = \/Sa2 —2d* =3a.
Cau 82. Cho hinh 1ap phuong ABCD.A'B'C'D’ c¢6 canh bang a. Khoang cach giita BB' va

AC bang:
AL B. £ c. a2 p, &3
2 3 2 3
Huong din gidi: Chon C.

Tacéd: d(BB';AC) = d(BB';(ACC'A')) =%DB _ a\z/f .
Cau 83. Cho hinh Igp phuong ABCD.4'B'C'D' ¢6 canh bing 1 (dvdt). Khoang céch gitta 44"
va BD' bing:

5 2 o2 345
22

A, —. B. —. D. —5
3 3 2 7
Huong dan gidi:
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Chon B.

Ta cé: d(A4';BD')=d(BB';(DBB'D')) :%AC ==

Céu 84. Cho tir dién déu ABCD c6 canh bang a. Khoang cach giita hai canh d6i 4B va CD

bang
a2 a3

A 22 B. - c. 2. D. L.
2 2 2 3

Hwong dan gidi:
Chon A. i
Goi M, N lan luot 1a trung di€ém ctia AB va CD.
Khi d6 NA = NB zé nén tam giac ANB can, suy ra
NM 1 AB . Ching minh tuong tutacé NM L DC, nén
d(AB;CD)=MN .

, a+aV3 a+a3 a a a
Ta co6: SABN=\/p(p—AB)(p—BN)(p—AN) =\/ SR EEZT

(p 1a nura chu vi).

1 1 V24

Mat khac: S =EAB.MN=Ea.MN :>MN=T.

ABN

Cau 85. Cho khéi 1ap phuong ABCD.A'B'C'D'. Poan vudng goc chung ciia hai dudong thang
chéo nhau AD va A'C' la:

A. AA' B. BB'. C. DA'. D. DD'.
Huwong dan gidi:

A4'L(A4'B'C'D")

A'C'c(4'B'C'D")
{AA'L(ABCD)

—>AA'1L 4'C'

— AA' 1 AD
AD < (ABCD

Chon déap an A.

Céu 86. Cho hinh chép S.4BCD c6 day 1a hinh vudéng canh a. Puong thing S4 vudng goc
v6i mat phang day, SA = a. Khoang cach giira hai dudng thang SB va CD nhén gia tri nao
trong cac gia tri sau?

A. a. B. a+/2. C. a3 D. 2a.
Huéng dén gidi:
Ta co: d(CD,SB) = d(CD,(SAB)) =AD=a. Chon phuong an A.
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Cau 87. Cho tu dién OABC trong d6 OA, OB, OC d6i mét vudbng goc voi nhau,
OA=0B=0C =a. Goi I 1atrung diém BC. Khoang cach giira A/ va OC bang bao nhiéu?

A.a B. -~ C a3 D. £

NG ) 2
Huéng din gidi: i
Goi J latrung diém OB . K¢ OH vudng goc AJ taiH .
Tam giac AO.J vuong tai O, c6 OH la duong cao
a
04.0J a5

“Jog +or _\/a2+(a)2 _%

OH

Ta c6: OC//IJ nén OC//(AL) o
Do do:
J I

B

a5

5
Cau 88. Cho hinh chop S.ABCD c¢6 day la hinh thang wvudng tai A4 va
B, AB=BC =a, AD =2a, SA vudng goc voi mat day va SA = a. Tinh khoang cach gitra SB
va CD.

a2

A. . B.
4

Huéng din giai: 7
Goi H la trung diém AD ta co:
d(CD;SB) = d(D;(SBH)) = d(A; (SBH))

d(A1,0C) = d(0C,(ALT)) = d(O,(ALT))=OH =——. Chen dap 4n B.

c. B a2

D. .
3 2

SN N

Ma

1 S - 12:%—>d(CD;SB):£
d>(A;(SBH)) AS* AB® AH’> a 3
Chon dap an C

Céu 89. Cho hinh vuéng ABCD va tam giac déu SAD nam trong hai mit phang vudng goc
v6inhau va AD = a. Tinh khoang cach gitta AD va SB.

A a\/21‘ B. a\/21. c. 15 ‘ D. ¢ 15 .
3 7 5 3
Hwong ddan gidi: Chon dap an B
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Goi E,F lan luot 1a trung diém AD,BC. Ta co:
AD,BC L (SFE), suy ra SF 14 hinh chiéu ciia SB 1én mat
phang (SEF)

Nén

3

SE.FE at .

d(AD;SB) = d(E;SF) = _ _

2 2 7
JSE? +FE /ia2+a2

Cau 90. Cho hinh hop chit nhiat ABCD.4,B,C,D, c6 AA, =2a, AD =4a .Goi M la trung diém

AD. Khoang cach giita hai duong thang 4,B, va C,M bang bao nhiéu?
A. 3a. B. 2a+/2. C. av2.

Hudéng dén gidi:
Taco A4,B,//C,D, suy ra
d(A4B.CM)=d(4B,(CDM))=d(4,(CDM))

Vi AA, =2a, AD =4a vi M la trung diém AD nén AM L DM

,suyra AM L (C,DM)
= d(4,(CDM))=AM =2a2 .
Chon dap an B.

D. 2a.
B
M
AR D
5
D]

Cau 91. Cho hinh lap phuong ABCD.A'B'C'D’ canh bang a. Khoang cach giita hai duong

thing AD' va A'B' bang bao nhiéu ?

A a2, B. a*z/i. C. #
Huéng din gidi: Chon B.
A'B'1 A4'4
Taco = A'B'1(ADD'A4").
A'B'1L A'D'
Goi H 1a giao diém cua AD' véi A'D.
= A'H L AD'
A'H L AD'
=d(A'B3AD")=A'H = av2.
A'HL1A'B 2

Cau 92. Cho hinh 1ap phuong ABCD.A'B'C'D' ¢6 canh
bang a. Khoang céach giita BB’ va AC bang

AL
2 3
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Hudng din gidi: 5 .

AA'C'C)> AC !
Jl ) ) , nén d(BB';AC) = d(BB’;(AA’C'c)), |

(44'C'C)//BB :

Goi [ = ACNBD.Vi ABCD.A'B'C'D’ 1a hinh A : D

1ap phuwong nén BI L (AA’C'C ) . ig

Suy ra d (BB, AC) = d(BB;(A4'C'C)) = IB = 0\2/5 |

Chon dap an C. p

Cau 93. Hinh hop chit nhat ABCD.A'B'C'D" ¢6 AB=3,4AD =4, AA' =5. Khoang cach giira
hai duong thang AC va B'D’ bang bao nhiéu ?

A. 34, B. V41. C.5. D. 8.
Huwéng dén gidi:

Ta (ABCD)//(A'B'C'D")
aco
AC < (ABCD);B'D' < (A'B'C'D')
= d(AC;B'D')=d((ABCD);(A'B'C'D'))=A4'=5
Chon dap an C.
Cau 94. Cho hinh chop tir giac déu S.ABCD c¢6 canh day bang a va chiéu cao bang A. Tinh
khoéang cach gitta hai duong thang chéo nhau SA va BD.

A ah B ah C ah D ah
\3a? + h? Na? +h? N2a® + h? Ja? +2n?
Hwong dén gidi:

Goi O=ACNBD.Goi H 13 hinh chiéu cua O 1én
SA. Vi S.ABCD 1a hinh chop déu nén
BD 1 (SAC)= BD L OH . Suyra OH

la doan vudng gbéc chung cia BD, SA.

. mn

H.
0S.04 a2.h ah ;
OH = = = . y _D
JOS* +04° , 20+ V21 + d? - .
2 . 0
Chon dap an D. g ¢

Cau 95. Cho hai tam gidc déu 4BC va ABD canh x nam trong hai mit phang vudng goc voi
nhau. Khi d6 khoang cach gitta hai duong thing AB va CD bang

NG B. . e 2B p. 26
4 4 3 2
Huong dan gigi:  Chon dap 4n A. ¢
Goi 7, J lan luot 1a trung diém ctia 4B, CD. . .,
(ABC) L (ABD) va hai tam gidc ABC va ABD déunén ey
" H . - -"'\.
AB 1(CDI) va CI=DI suyra IJ la doan vudng goc f" (I e
chung ciia hai duong thing 4B, CD. 1 *E;':‘J;‘:""_""::_'I-'-"" "
Vi tam giac CDI vudng tai 7 va J 1a trung diém cia ¢ l‘“'ulL.r T
CD K
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2
3
2| 2
CD _~2Cr* [ 2 j _xV6

Nén IJ =
2

2 2 4
Cau 96. Cho hinh chop S.ABCD c6 day la hinh vudng canh a, SA vudng goc voi mat day
(ABCD) va SA=a. Tinh theo a khoang cach gitta SB va CD.

A. aV2. a2 a3

B. a. C. . D. .
2 2

Huwéng din giii:

Taco d(SB;CD)=d(CD;(S4B))=d(D;(SAB))=DA=a.  Chon dép 4n B.

Ciu 97. Cho hinh chép S.ABCD c6 mit ddy ABCD 1a hinh chit nhat véi
AB=a, AD =2a, SA vudng goc voi mat day va SA =a. Tinh khoang cach gitta SA va BD
theo a.

a

A. B. V2. C.

3 . D.
2
Huodng din gidi:
Vi S4 L (ABCD) tai A va BD = (ABCD) nén

2
d(S4;BD)=d(4;BD)= ABAD 24 _ 2“*/5. Chon d4p 4n D.
JAB* + AD* 54> 5

Cau 98. Cho hinh chop S.ABCD c¢6 day la hinh thang vuong tai A4 va
B, AB=BC =a, AD =2a, SA vudng goc voi mat ddy va S4 = a. Tinh khoang céch gitta 4D

2 2
5 5

va SB.

A. “*E. B. £. C.&. D. aﬁ.
4 2 3 2

Huwong dan gidi: 4

Vi AD 1 (SAB) tai 4 va SB < (SAB) nén )

d(AD;SB)=d (4;5B) =48 _ a2 o -

JAS®+ 4B 2 - o
Chon dap an D. ’ - =

Cau 99. Cho hinh chép S.ABCD c6 ddy ABCD la hinh vudng canh a. Biét hai mat bén
(SAB) va (SAD) cung vudng goc v6i mit phang day va SA = av2. Khoang cach gitta AD va
SB la

A a. B. ¢

2 c. 6. p, &3
3 2 3 4
Hudng din gidi:

Vi hai mat bén (SAB) va (SAD) cung vudng goéc

v6i mit phang ddy nén SA L (ABCD).

Vi ADJ_(SAB) tai 4 va SBC(SAB) nén

d(AD;SB)=d (A4;SB)= AH =248 _ ae.
JAS* +4B> 3

Chon dap an C.
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Cau 100. Cho hinh chép S.ABCD c6 day ABCD la hinh vudng tim O, canh a. Biét hai mat
bén (SAB) va (SAD) cung vudng gbc voi mit phiang day va S4 = a2. Khoang cach gitra SO

va AB 1a
a2 a6 a3

A. a. B. . C. . D. .
3 3 4

Hudng din giii:
Goi E latrung diém ctia 4D khi do6
d(SO; AB)=d(AB;(SOE))=4H , véi H la hinh

chiéu cua 4 1én SE .

a
aN?2.— 7y
Tacé AH = EAES _ 2__° 2.

JEA* + ES? \/2a2+a2 3

Chon dap an B. )
Cau 101. Cho hinh chép S.ABCD c6 day ABCD la hinh vuéng tdim O, canh a. Biét hai mat
bén (SAB) va (SAD) cung vudng goc voi mit phang day va SA = av2. Khoang cach gitta BD
va SC la

A. d0 dai cua doan théng OA. B. do6 dai cua doan théng BC.

C. khoang cach tir diém O dén canh SC. D. khoang cach tir diém S dén doan BD.
Hwong ddn gidi:
Vi hai mit bén (SAB) va (SAD) clng vudng gbc voi mit phang day nén SA L (ABCD).
Suy ra BD L (SAC) tai O, ma SC c (SAC) nén khoang céach giita BD va SC bang khoang
cach tir diém O dén canh SC. Chon dap 4n C.
Cau 102. Cho hinh chop S.ABCD c¢6 SA L (ABCD), day ABCD 1a hinh chir nhat véi

AC =aJ5 va BC =a~/2. Tinh khoang cach gitra SD va BC.

A 32 B. 2% C. "‘/g. D. a3,
4 _ 3 2
Hwong ddn giai:

Dé thiy BA L (SAD)
BC//AD = BC//(SAD)=> d(BC,SD)=d(BC,(SAD))=BA

Xét tam giac vudong ABC c6 AB=+/5a" —2a° = a\/g Pap an D
Cau 103. Cho hinh chép S.ABCD ¢6 ABCD la hinh vudng canh a, SA L (ABCD) vaSA=a.
Khoéng cach giita hai dudng thang chéo nhau SC va BD bang

A. a\/E' B. a\/g. C. a\/g. D. a.

6
Huéng din gidi:
Dyng Cx//BD,(a)=(SC,Cx)
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= BD//(a)= d(BD,SC)=d(BD,())
1
o(80,(a)~9(0(w)) -3 o(A()
Dung AK L SC. D& thdy AK 1 (a)= d(A(a))=AK

1 1 1 1 1. 1 . a6
3

= + & =—+—=AK=
AK? SA AC*  AK* & 2&
aV6
Vay d(O,(a))=——
iy d(0,(a))==¢
Cau 104. Cho hinh chop S.ABCD c6 ABCD la hinh vuong
canh a, SA L (ABCD) va SA = a. Khoang cach giita hai duong thang chéo nhau SB va CD
bing
A a. B. a2, C. a\3. D. a6.
Huéng dén gidi:
D& thay AD 1 (SAD)
CD//AB=> CD//(SAB)= d(SB,DC)=d(CD,(SAB))= AD = aXét tam gidc vuong ABC

c6 AB=+/5*-2a% =a3 DPapan A

Cau 105. Cho lang tru tam gidc déu ABC.4,B,C, ¢6 canh day bang a, canh bén bang b. Tinh
khoang cach giltta 4B va CC,.

Pap an A.

Al 2 B a3 C ab\3 D ab\f3
2 2 V4a® +3b° \3a? +2b
Huéng dén gidi: ]
Goi Mla trung diém cua AB -
CC,/AA, = CC,/(ABBA,)= d(AB,CC,)
av3
=d(CC,,(ABBA.|)|=CM=——
( 1 ( 1 1)) 2 .
J

Pap an B.

Céu 106. Cho hinh chép S.ABCD c6 ddéy ABCD la hinh chit nhat va 4B =2a, BC =a. Céc
canh bén cta hinh chép bang nhau va bang a2 Goi E va F lan luot 13 trung diém cta 4B va
CD; K la diém bat ky trén 4D. Khoang cach giira hai duong thang EF va SK la:

A.&. B. &6 c. I D. a\/ﬁ_
3 3 5 7
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Huwéng din gidi: i

Goi O = AC N BD, I latrung di€m canh day BC.

Do SA=SB=SC=SD nén SO 1 (ABCD)

Tt d6 ta chimg minh duge BC L (SOI)

= OH 1 (SBC) (v6i OH 1 BC tai SI)
{EF//(SBC)

nén d (EF,SK)=d(EF,(SBC))=OH

1 a\/g a\/§ D’

Thuc hién tinh toan dé duge OC = EAC === SO ="—"=

SK < (SBC)

2
Cubi cing d (EF,SK)=0H =——29L __ a2l Chon dip én D.
vso*+orr 7

Ciau 107. Cho hinh chép S.ABC c6 day ABC la tam giac vuong tai B, AB = a, canh bén
SA4 vudng goc voi day va S4 = a2. Goi M 1a trung diém ctia AB. Khoang céach giita SM va
BC bang bao nhiéu?

a2 B. 2 :
3. 2 3
Huéng dan gidgi:
Goi N latrung di€m ctia canh day AC. Khi d6 BC//(SMN)
Nén d(SM,BC) = d(B,(SMN)) = d(A, (SMN))
Goi H 1a hinh chiéu vudng goc ciia A4 trén doan SM.
Ta c6 thé chung minh dugc MN L (SAM), tir do

AH L (SMN)=> d (A,(SMN)) = AH = SAAM ___ aV2

NSAZ + AM? 3
Chon dap an A.

Cau 108. Cho tir dién déu ABCD canh a. Khoang cach giita hai duong thing 4B va CD
bang bao nhiéu?

A.

a a a
A. — B. — C.a D. —

2 V2 3
Hudng din gidi: i A
Goi M, N lan luot 1a trung di€m cac canh CD, AB
Tam giac MAB cantai M va ANCD cantai N N
do d6MN L AB, MN 1. CD

2 2
= d (AB,CD) = MN =/BM?* - NB* = a3} (a) a2 p D
2 2 2
M

Chon dap an B. C

Cau 109. Cho hinh hop chit nhat ABCD.A'B'C'D' ¢6 AB= AA"=a, AC =2a. Tinh khoang
cach gitra AC' va CD':

A. aﬁ. B. &, C. & D. <.
2~ 3 2 2
Hwong ddn giai:
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] ul '
e . A
| .
- rr l.“ E
it, 3 r Tl
a | o
1 [l L
i N ey ]
(3] H ™

M Ta c6 hinh chiéu ciia AC" trén mt phang (DCC'D’') 1a DC' L D'C nén
AC' L D'C=(ADC'B') L D'C taidiém H 1a trung diém CD'. T H takeé
HK 1 AC'=d(AC',D'C)=HK .

111 s J J
FTaco o=t =2 o= (9= k=30, " Chon dap 4n D.
d° 3a” 2a 6a 5 5 10

Cau 110. Cho hinh 1ap phwong ABCD.A'B'C'D’ c6 canh bang 1 (dvd). Khoang céch giita 44’
va BD' bang:

A 22 g 35 c V3 p. V2
5 _ 7 3 2
Hwong ddn giai:
AA'//BB'= AA' /(DBB'D")
Taco: \/5

=d(A4A4") = d(A, (DBB'D')) =A0 = -
Cau 111. Khoang cach giita hai canh dbi trong mot tr dién déu canh a la

A. a2, B. a\3. C. a5, D. aﬁ.

Huwéng din gidi:
[0 Goi M latrung diem DC, H 1a hinh chiéu
vuong goc cua M 1én AB.

BM 1. CD
[ Ta co: = CD 1 (ABM)
AM 1 CD
CD 1 MH
0 — MH = d(AB,CD)
AB | MH
g MH:ZSM:& Chon dap an D.
AB 2

Céu 112. Cho hinh chop S.ABCD c6 ddy ABCD la hinh chit nhat voi AC = a5 , BC=a\2
. Puong thing SA4 vudng goc voi miat phang day. Tinh khoang cach gitta SD va BC.

A 22 B. &. c. 3. D. a\/3.
3 _ 2 4
Hwong ddn giai:

Khoéng cach giita SD va BC: d(BC,SD)=CD = ax/3. Chon dap 4n D.
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Cau 113. Cho hinh chép S.ABCD c¢6 day la hinh vuéng ABCD canh a. Cac canh bén
SA=SB=SC=SD=a+2. Khoéng cach gitta hai duong thang AD va SB la:
a7 a~l42 a6 a6
A. B. C. — D.
2 6 J7 2

Huwéng dén gidi:

M Khoang cach giita hai duong thing 4D va SBla: HK .

2 2 2
MSH:SM: 2a2—a—:M;S0: 761 _a_:
\ 4 2 V4 4

SOMH % 5% a2
SM J7 7
ai
2

MCéo: HK =

Chon dap an

C.

Cau 114. Cho hinh chop S.ABCD c6 day la hinh vudng canh a, SD = a\éﬁ .
vuong géc H cta dinh S 1én mat phang (ABCD) 1a trung diém ctia canh AB. Goi K la trung
diém ciia AD. Tinh khoang cach giira hai duong SD va HK theo a.

A2 B. “\/3. C. “m. D. “ﬁ.
7 5 7 5

Huwong dan gigi: Chon dap an C.

Tac6: HK //BD = HK //(SBD)

= d(HK,SD)=d(HK,(SBD))=d(H,(SBD))

Ké HI L BD, HJ L SI

Khi do: BD L HI, BD L SH = BD | (SHI)=> BD 1 HJ

Nén HJ L(SBD)=d(H,(SBD))=HJ

1 a\/i
va
2

Ta co: HI :EAO =

HD* = HA* + AD? =%a2 = SH? = SD* - HD* =34’

2 2
Do dé: Hy? =AM _3 2y “\/_
SH™+ HI 7
Cau 115. Cho hinh lang tru dimg ABC.A'B’ C c6 day la tam gidc vuong tai 4, AB=AC =b
va c6 canh bén bang b. Khoang cach giita hai duong thang 4B’ va BC bang

2 C. h3. D. i

A. b. B. —
2

. Vay d(SD,HK)=

av21
7
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Huéng din gidi: y. C
Ké Ax//BC = BC//(AB'x)

= d(BC,AB')=d(BC,(A4B'x))=d(B,(4B%x))
Ké BD L Ax,BK 1 DB’ B
Tacé: AD L BD,AD 1 BB'= AD 1 (BDB')
= AD 1 BK . K
Do d6: BK L (ADB')=d(B,(ADB'))=BK A C

- N,

2 ”? X
Nen gi? = BD-BE” _ b3 3
BD" + BB’ 3
Chon dap an D.
Cau 116. Cho hinh chép S.ABCD c6 day ABCD 1a hinh thoi canh ¢ va ABC =60°. Hai mat
phing (SAC) va (SBD) cung vudng goc vé6i déy, goc giita hai mat phiang (SAB) va (ABCD)

bang 30°. Khoang céch giira hai duong thang S4,CD theo a bang:

A. “\/3. B. “\/3. C. "‘/3. D. a3,
2~ 4 3
Hwong ddn giai:

Goi O=ACNBD.Ké Ol L AB, OH 1 SI

Ta cé: (S4C) L(ABCD),(SBD) L(ABCD)= SO 1 (ABCD)
(SAB)N(ABCD) = 4B

Ta lai c6: { AB L Of — 5S40 =30"
AB L SI

Khi do: CD//AB=>CD//(S4B)

= d(CD,S4)=d(CD,(S4B))=d(C.(S4B))=2d(0,(S4B))
Taco: AB L SO,AB L OI = AB L (SOI)\= AB L OH
Nén OH 1 (SAB)=>d(0,(S4B))=OH

Ma 0C=%AB=%a nén ABC =OCD =60° = OI = OC.sin 60° = “f.
Do d6: OH = OlI.sin30° :%: d(CD,SA4)=20H = a43 Chon dap 4n B.

Cau 117. Cho hinh chop S.ABCD c6 day ABCD la hinh thoi tdm 7, AB =2a;BD = J34c,
mit bén S4B 1a tam giac can dinh A4, hinh chiéu vudng goc ctia dinh S trén mit phang day
trung v6i trung diém H cua AI. Khoang cach giita hai dudng thing SB va CD béng:
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a\/g 2a\/£ 2a\/7 2a\/£

. B. . C. . D. .
7 7 7

Huwong dan gidgi:  Chon dap an B.

Tacoé: CD//AB = CD//(SAB)

A.

= d(CD,SB)=d(CD,(S4B))=d(C,(SAB))=4d (H,(S4B))
Ké MH 1| AB,HK | SM

Taco: AB L HM,AB L SH = AB 1 (SHM )= HK L AB
Khi d6: HK L (SAB)=d(H,(SAB))=HK

Tacé:tan@:%:ﬁ:lﬁzwozAABC déu

:>AC=2a:>AH=%AC:%a

a\/g 154°
4

Ma HM = Al.sin 60° = e va SH? =SA> - AH* =

Do d6: HK® =—— s=——=HK = = d(CD,SB)=4HK =
HM*+SH” 28 . )
Cau 118. Cho hinh chép S.4ABC c6 day 1a tam giac déu canh «. Hinh chi€u vudng goc cia S

trén mat phang (ABC ) la diém H thudc canh 4B sao cho HA =2HB. Goc gitra duong thing

HM*SH>  54° a/35 2a+/35
14

SC va mit phang (ABC ) bang 60°. Khoang cach giita hai duong thang S4 va BC theo « la:

A a4z g @42 c. 342 p. 342
8 4 8 4
Hwong dan gidi: Chon dap 4n A

Ké Ax//BC, HI 1. Ax, HK 1 SI.
Tacé: BC//Ax=> BC//(SAx)

= d(BC,S84)=d(BC,(S4x))=d(B,(S4x)) = %d(H,(SAx))
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Talai co: Al L HI, AI L SH = AI 1 (SHI)=> AI L HK s
Nén HK L(SAI)=d(H,(SAI))=HK

Goi M 1a trung diém ctua AB
Khi do:

1 2 1 1 a3

BH=—a, AH=—a, AM =—a,HM =—a,CM =
3 3 2 6 2

va HC =\JCM?* = MH? = "37

Ma SH L (ABC)=> CH Ia hinh chiéu ciia SC lén (4BC) nén SCH = 60°

V21

Suy ra SH = HC.tan 60° = “T

Do ABC = HAI =60° nén HI = AH .sin 60° :#
2 2
Khi do: HK® =2 ST _ T2 oy i = N2 o 4(BC,54) =2 HE = a4
HI” +SH® 24 12 2 8

Cau 119. Cho hinh chép S.ABC c6 day ABC la tam gidc déu canh a, SA vudng goc voi mat
phang (ABC ), goi I la trung diém canh BC . Biét goc gitra duong thang S/ va mit phang

(ABC ) bang 60°. Khoang cach giira hai duong thang SB va AC.

A2 B. 34 c.z D. <
3 4 4 3
Huwong dan gidi: Pap an B.

Hinh chiéu vudng goc cua SI trén mit phang (ABC )
la Al nén goc gitra ST va
mit phing (ABC)la SIA(vi tam giac SIAvudng tai A
nén SIA nhon). Suy ra SIA=60°.
Xét tam giac SIAvuodng tai A4, §Iz\4 = 600, Al = %
nén S4 = 3a .
2 2
Dung hinh binh hanh ACBD, tam giac ABC déu nén
tam giac ABD deu.
C6 AC//BD,AC ¢ (SBD) = AC/ /(SBD) ma (SBD) >S8B = d(AC,SB) = d(A,(SBD)).

a3

Goi K latrung diém doan BD,tam giac ABD déu suyra AK | BDva AK = Tmé

BD 1 SAnén BD 1 (SAK).Dung AH L SK,H e SK lai ¢c6 AH L BDsuyra AH 1 (SBD)
Vay d(A,(SBD))= AH.

Xét tam giac SAK vuong tai vuodng tai 4, duong cao AH taco
1 1 1 3a 3a
= + = AH =— =d(AC,SB)=d(A4,(SBD))=—.
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Cau 120. Cho hinh chop S.4ABC tam gidc ABC vuodng tai B, BC =a, AC =2a, tam giac
SAB déu. Hinh chiéu ciia S 1én mat phang (ABC ) tring voi trung diém M cua AC. Khoang
cach giira hai duong thang SA va BC la:

A. a*/%. B. 2a\/ﬁ. C. 2“\/%. D. a*/%.
11 11 11 11
Hwong ddn giai:

Tam giac ABCvuong tai B,BC =a,AC =2asuyra AB= a\/g .
Tam giac SAM vudng tai M,S4 = a\/g,AM —a=SM=av2.

Dung hinh binh hanh 4BCD, goi N la trung diém cia AD. Do ABC =90" suy ra ABCD la
hinh chit nhat suy ra MN 1 4AD. Lai c6 SM 1L ADnén AD L (SMN ) .

Dung MH | SD,H € SN .

Theo trén ¢6 AD L (SMN)= MH 1 AD = MH L (S4D).

Vay d(M,(SAD))=MH .
Taco BC//AD,BC ¢ (SAD)= BC//(SAD)

= d(S4,BC)=d(BC,(S4D))
=d(C,(SAD))=2d(H,(SAD))=2MH.
Xét tam giac SMN vudng tai M , duong cao

MH ,SM = a~J2, MN =% co

Mi S4 c (SAD)

N NYE 2a-/66
MH” MN°~ MS 11
Cau 121. Cho hinh chép S.ABCD c6 day la hinh binh hanh véi 4B =2a; BC = a2 ;
BD =a+/6 . Hinh chiéu vudng goc cua S 1én mit phang (ABCD) la trong tdam G cua tam giac
BCD, biét SG =2a. Khoang cach giita hai dudng thing AC va SB theo a la:

: Lo ““66 = d(S4,BC) =

a

A q. B. 2a. c. & p. <.
2 3

Huwoéng din gidi:
Ta c6 ABCD1a hinh binh hanh, 1
AB =2a,BC =a~2,BD = aJ6 nén ABCD 1 hinh chit ﬂ\,‘
nhat. .~"':
Dung hinh binh hanh ACEB. Ta c¢6 2 "!I .
AC//BE, AC & (SBE)=> AC//(SBE) ma (SBE)> SB AN
viy d(SB,AC)=d(AC,(SBE))=d(G,(SBE)). LA R
Dung GK | BE,K e BE lai ¢6 SG L BEnén BE 1 (SGK) '

i)ung GH 1 SK,H € SK lai c6 GH 1L BEnén & flf
GH L(SBE)=>d(G,(SBE))=GH. B ‘_H;#,e
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1 1 1
Tacd GK =d(B,AC). Tam giac ABC vudng tai B suy ra = + va
( ) ¢ ¢ Y d*(B,AC) BA*> BC® Y
2
GK:d(B,AC):T;l.
2
Xét tam giac SGK vudng tai G, duong cao GH,SG =2a, GK:Tgcé
Lt 1 = GH =a=d(SB,AC)=a Dap 4n A
GH®> GK® GS> ’ ' '

Cau 122. Cho hinh chop S.4ABC c6 day ABC la tam giac vuong tai B, AB =4a; BC =3a,
goi / la trung diém ctia 4B, hai mit phang (SIC) va (SIB) clng vudng goc véi (ABC), goc
giita hai mat phing ( SAC ) va (ABC ) bang 60°. Khoang céch giira hai dudng thang SB va AC

theo a la:

12a\/§ 3a\/§ 2a\/§ Sa\/g

A. . B. . C. . D. .
5 5 5 3

Huodng din gidi:

Taco (SIC),(SIB)Cl‘mg vudng goc voi mit phang (ABC) nén ST L (ABC).

Duyng hinh binh hanh ACBE. Tac6 AC//BE, AC & (SBE)= AC//(SBE) ma (SBE) > SB
d(SB,AC)=d(AC,(SBE))=d(A4,(SBE))

Y 2d(1,(SBE))

Dung /K 1 BE,K € BE laic6 SI L BEnén BE 1 (SGK).

Dung /H L SK,H € SK laicé IH L BEnén IH L(SBE)=d(I,(SBE))=IH.

A

Kéo dai IK cit ACtai D ma
SI L AC=(SID) L AC.

Lai ¢6 (SAC)(A4BC)=AC.

(SAD)(ABC) = AD

(SAD)(ASC)=SD

Goc giita (SAC)va(ABC)bing SDI suy ra SDI =60°.

Taco ID =IK :%d(B,AC)

Ma tam giac ABC vudng tai B suy ra

1 11
= + va
d*(B,AC) BA*> BC’ Y

1D=1K=d(B,Ac)=IZT".

Xét tam giac SID vuodng tai I, ID = 12?"’@ —60°suy ra S = 122\/5 .
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Xét tam giac SIK vuong tai I, duong cao IH cod
I B 6a+/3 12443
s=—t+t—Z=>1IH= .
IH® IK~ IS 5 5 ‘
Cau 123. Cho hinh chop S.ABC c6 ddy ABC la tam giac can tai 4. Goi H, M lan luot 1a
trung diém cac canh BC va SC, SH vudng géc véi (ABC), SA=2a va tao v6i mit day goc

60°. Khoang cach giita hai duong thang AM va BC la:

= d(SB,AC) = Pap 4an A.

ay21 a7

! . C. . D. .
7 7 21

a a

A. B.

3
e
Hinh chiéu vudng goc ciia SA trén mat phang (ABC ) la HA.

Viy géc gilta SA va (4BC)la SAH . Tacé SAH =60°suy -
ra AH=a,SH=a\/§. A '!I
Goi N,/ lan lugt 1a trung diém cua SB, SI . j_.-*’ L
Ta c6 mat phang (AMN ) song song véi BCva chua AM . o . 41:1 l',,l

A _ _ o o — O .
Vay d(AM,BC)=d(BC,(SAM))=d(H,(SAM)). o Clo
Dung HK 1 Al K € Al . T
Taco BCJ_SH,BCJ_MH:BCJ_(SMH). “*H_ j'f.

e

= BC 1L HKma MN//BC= HK 1 MN

Do HK 1 AI (cach dung). Suy ra

HK | (AMN)=d(H,(AMN))=HK .

Xét tam giac IAH vudng tai H , duong cao HK
12: 12+ 12:>HK:a 21,d

HK*® HA® HI 7

Cau 124. Cho hinh chop S.ABCD c6 day ABCD lahinh chit nhét, AB=a, AD = 2\/5a . Hinh

chiéu vuong goc cua diém S trén mit phing (ABCD) trung voi trong tam tam giac BCD.

(H.(AMN))=HK = Pép 4n C.

a\21
7

Puong thang S4 tao voi mat phang (ABCD) mét goc 45°. Khoang cach gifra hai duong thang
AC va SD theo a la:

2a\/ﬁ a\/z a\/ﬁ 2a\/ﬁ

. B. . C. . D. .
11 11 11 11

Huong din gidi: 7 Chon A.

Goi M latrung diém cua SB .

Mit phing (ACM ) chita AC va song song SD.

Do d6 d(SD, AC)=d(SD,(ACM))=d(D,(ACM)).

Chon hé toa d0 Oxyz nhu hinh vé.

Khi do

A.

4

A(o;o;0),B(a;0;0),D(o;2\/§a;0),s[2?a;@;2a}C(a;zﬁa;o)
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M S_a;Z\/Ea;a .ZE’z(a;Z\/Ea;O),A—Mz 5_a;2\/§a;a
6 3 6 3

= AC A AM = (2\/5[12;—612;—\/5612)
Mit phang (ACM) di qua diém A4 va co vipt n= (2\/5;—1;—\/5) nén c6 phuong trinh la

‘_2\/5‘1‘ 3 2a3/22

Y8142 11

Cau 125. Cho to dién ABCD c¢6 DA=DB=DC, tam giac ABC vudng tai A4,
AB=a, AC = a3 Ngoaira DBC 1a tam giac vudng. Tinh khoang cach giita hai dudng thang
AM va CD, véi M 1a trung diém cua BC.

22x— y =22 =0 = d(D;(ACM)) =

A. a\/ﬁ_ B. a\/g. C. aﬁ. D. a\/ﬁ.
7~ 7 7 7
Hwong ddn giai:
Chon A.

Goi N 1atrung diém BD. Ta ching minh dugc CD// (AMN )
Do d6 d(CD,AM )=d(CD,(AMN))=d(C,(AMN)).
Xét tr dién ACMN . Thé tich tir dién nay 1a :

1 1
Viewn = gd(C,(AMN)).SAAMN = gd(N,(ACM)).SAACM

d(N,(ACM)).Sy,cn

*)

Suyra d(C,(AMN))=

SAAMN
Goi H la trung diém BM . Khi d6, NH //DM suyra NH L(ACM ) nén
2
NH = d(N,(ACM)):%DM =%a. (1) Seien :%SMBC :%. (2)

Ap dung cong thirc trung tuyén AN? = %(ABz +AD? —%DBZJ =a> = AN =a.

Tacod AM = %BC =a nén AAMN céntai A. Goi K 1a trung diém MN thi AK 1 MN.

MN = % _ axz/z. Trong tam giac vuong AAKM ,tacd AK = a\iﬁ.
2
Suy ra SAAMN:%AK.MNZa ;ﬁ 3)

a21
o

Céu 126. Cho hinh chop S.4ABC c6 day ABC 1a tam giac déu canh bang a, hinh chiéu cia S
mit phing (A4BC) la trung diém H clia canh AB. Géc tao bdi SA va mit phang (ABC) bing
60° . Khoang cach gitra hai duong thang SA va BC.

25, - - I
5

B. —a. C.—a. D. —a
5 5 5

Thay (1), (2), (3) vao (*) ta dugc d(C,(AMN)) = Vay d(CD, AM) = axﬁi‘

Huwdng dén gigi:  Chon D.
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Taco: Tu 4 Ké Ax song song véi BC. Tu H
ké HI L Ax. Tu H Ké KH L SI vé6i SI thi:

d(SA4,BC)=d(B,(S4x))=2d(H,(SAx))=2HK IH = AH sin60° = # va
SH = AH 1an 60" =23 = a\f

1 _ 1 N 1 — HK - a\/g
HK® SH® IH’ 10

a15
5

d(SA4,BC)=2d(H (SAx))=2HK =

Cau 127. Cho hinh chép S.ABCD c6 day 1a hinh vuong canh a, SD = 3762 . Hinh chiéu vuéng

géc H cia dinh S 1én mét phang (ABCD) 14 trung diém cua doan 4B . Goi K la trung diém
ctia doan AD . Khoang céch giita hai duong thaing HK va SD.

AL B. 24 c. 2. D. 3%
3 3 2 2
Huwong dan gidi: Chon A.
Ta c6: SD cit (ABCD) taiD. Tk Hké HI L BD ,HM 1 SI
.Ta thy HK song song BD:
d(HK,SD)=d(H,(SBD))=HM
ASHD :

2 2
SH =+/SD* — HD? :\/%“ —(AD%AHZ):\/%“ —(a%r%
Lo 1
HM?®  SH® IH®
d(S4,BC)=d(H (SBD))=HM =§

—am =<
3
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Cau 128. Cho hinh chop S.ABC c6 day ABC latam giac vudng cantai B, AB=BC=a, SA
vudng goc véi mat phang (4BC), goc giita duong thing SC va mat phing (ABC) bang 60",
Khoang cach giita hai duong thing SB va AC.

A. 2a.1£33. B. 2a.1£38. C. a.ﬁ. D. a.@.

Hudng din gidi: Chon D. 7

Goi 7 1atrung diém cua AC . Qua B ké duong thang d song
song véi AC, trong mit phang (ABC)ké AE vudng géc véi
d tai E.Khido AE | BE va AE 1 AC.

Ta co:

AC//BE = AC//(SBE) = d (AC,SB)=d(A,(SBE)).

Goi AH 1a dudng cao cua (SAE), ta co
{BE 184

= BE 1 (SAE)= BE L AH
BE L AE

Mit khic AH L SE nén AH 1 (SBE) Dod6 d(AC,SB)=d(A,(SBE))=AH

Vi S4 L (ABC) nén hinh chiéu ciia SC trén mit phang (4BC) la AC suy ra go gitta SC va
mit phing (4BC) 1a SCA=60°
Xét ASAE vudng tai A cb: AH 1a dudng cao, SA=tan60°.4C =~/3.a+2 =a/6,

2
g2 L _ L, 1 2,1 18 . b - a8
AH® AE° SA° a° 6a” 6a 13 13
Vay d(AC,SB)= "’1378 ‘

Cau 129. Cho hinh chép S.4BC c¢6 canh bén SA vudng goc véi mat phang day (ABC),

SA = ax/g, AB=AC= a\/§ , goc BAC = 120°, lay diém M trén canh BC sao cho
MC =2MB. Khoang cach giita hai duong thang SM va AC.

A 202 B 42 c. L. p. 32
7 7 V7 J7
Huwéng dén gidi: Chon B.

Duva vao dinh ly Coésin trong tam g/héi ta co:
BC? = AB* + AC* =2A4B.AC.cos BAC

BC* =3d* +3a”> —2.a3.a/3.cos120°

BC? =9a* = BC =3a

CM=§BC=2a.

AM?* = CM* +CA* —=2CM .CA.cos MCA
AM? =4a* +3a*> —2.2a.a/3.cos 30°
AM?* =a* = AM =a

Xét tam gidc ACM ¢6 CM* = AM* + AC* = 4a” nén tam gidc ACM vudng tai A4 suy ra
AC 1L AM ma AC 1 SAnén ACJ_(SAM)
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, y AH 1 AC
Goi H lahinh chiéu cua Atrén SM , ta co :>d(AC,SM)=AH
AH 1 SM
Xét tam giac SAM c¢o6 SA=a6, AM =a, AH 1A duong cao nén
2
L N L S am? =89 gy = N2 d(AC,SM):““42
AH AM~*  SA a- 6a 6a 7 7 7

Cau 130. Trong khong gian cho hinh chép S.4ABC c6 ddy ABC la tam giac déu canh @, mat
phang (SAB) vuong goc voi day, tam giac SAB vudng can tai S. Khoang cach gitra hai duong
thang SB va AC.

A. a@. B. SaE. C. aﬁ. D. 2aﬂ.
Z 7 7 7
Huong dan gidi:
Chon A.

Ké SH L AB = SH L (ABC).
Ké BM//AC = AC//(SBM)
= d(AC,SB) = d(AC,(SBM)) = d(A,(SBM)) = 2d(H,(SBM)).
Ké HK L BM, tacé: SH L BM € (ABC) = BM L (SHK).
Ké HQ L SK, taco: BM L HQ € (SHK) = HQ L (SBM) = d(H,(SBM)) = HQ.
1 1
= + X
HQ* HK® SH?

Xét tam gidc vuong SHK ta co:

Trong  do: SH:AH:% (do tam giac SAB  vudng can tai  §),

HK=HB.sin60° zﬁ.ﬁzﬁ
2" 9 4
= 1221—62+i2:2—82:>HQ: a\/i:d(AC,SB)ZQHQ: a\/i.
HQ 3a a 3a 14 7

Cau 131. Cho hinh chop S.ABCD c6 day ABCD 1a hinh chir nhattdm O, SD vudng goc voi
mit phing (ABCD), AD = a, gbc AOB =120°, goc giita hai mit phing (SBC) va (ABCD)
bang 45°. Khoang céch giita hai duong thang AC va SB.

3a\/§ Sa\/g

C. D. .

a 6
4 4 4

a

A. B.

3
v .
Huong din gidi: Chon B.
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i BOLDOL | o6 | (sDOY = SCD — 45°
i: BC L SD = ( )= =
~sp=pc=_A2P _ .5

tan 60°
Ké
01//SB(I € SD) = D= SI—i SB//(IAC) =

d(AC,SB) = d(SB,(IAC)) = d(B,(IAC))

— d(D,(IAC)).

K¢ TH L AC = AC L (IDH)= DH 1 AC.
Ké DK L IH,

Tacé: DK L AC(AC L (DIH)) = DK 1 (TAC) = d(D,(TAC))=DK

. . o 3 . A A
Xét tam giac vuong DHA: ta ¢6 DH = a.sin60° = aT = tam giac DHI vudng can tai

\/g .

DK = DH.sin45° = “T

Cau 132. Cho hinh chép S.ABCD c6 ddy ABCD la hinh chit nhat, BC = a\/g, AB = a; hai
mit phing (SAC) va (SBD) cung vudng goc v6i mit day (ABCD) va dudng thing SC tao
v6i mit ddy (ABCD) mét goc 60°. Khodng céch giita hai duong thang SB va AC.

A. 2\6". B. 3\/?5“. C. @ D. \/1;5".

5

Huwgng dén gigi:  Chon D.

Goi O 1a giao diém cua AC va BD.

Taco (SAC) m(SBD) = SO,(SAC) 1 (ABCD),(SBD) 1 (ABCD) =S80 L (ABCD) .
OC 14 hinh chiéu vudng goc ciia SC trén mat phang

(4BCD)= (SC,(ABCD))=SCO = 60°

Goi M 14 trung diém ctia SD = OM || SB = SB||(ACM)

Trong mit phing (SBD) ké MH || SO= MH L (ABCD)

Khi do

d(SB,AC)=d(SB,(ACM))=d(B,(ACM))=2d (H,(ACM))=2HI

a3
4

Ta cé HK :%d(D,AC) =
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Co oczA—zczazsozoc.tamoO=aﬁ:MH=“

L__1, lzzz—oz:sH]:“‘/E.
H  HM® HK® 3a 10

a15
o

3
2

Viy d(SB,AC)=2HI =

Cau 133. Cho hinh chop S.ABCD c6 day ABCD 1a hinh thang vudng tai 4 va B voi
AB=BC =a, AD =2a. Cic mit phing (SAC) va (SBD) cung vudng goéc voi mat day
(ABCD). Biét goc giira hai mit phing (S4B) va (ABCD) bang 60°. Khoang cach gifra hai
duong thang CD va SB.

A. “‘/3. B. 2“*/5. C. 2‘“/5. D. “\/g.
5 5 3 3
Huwong dan gidi: Chon B.

Goi O 1a giao diém cua AC va BD.
(84C)\(SBD)=SO,(SAC) L (4BCD),

(SBD) L (ABCD)= SO 1 (ABCD)

Goi F latrung diém cua AD, H=ACNBE
:>BE||CD:>CD||(SBE)

= d(CD,SB)=d(C,(SBE)).
=3d(0,(SBE))=30I

OM L AB,SO L AB=>SM 1 AB
Ké i

= ((S4B),(ABCD))=SMO = 60°

TinhACzaﬁ:OHz%ACz%,OM:§AD:2?a:>S0:OM.tan60°:#
12= 12+ 12= 752:>01=—2“ :»d(CD,SB):z"\E.
o’ OH® SO* 4a 53 5

Cau 134. Cho hinh chép S.ABCD c¢6 day ABCD 1a hinh vuong. Puong thang SD tao véi

day ABCD mot goc 60°. Goi M la trung diém AB. Biét MD = 3a2\/§ , mit phing (SDM ) va

mit phing (SAC ) cung vudng goc véi day. Khoang cach giita hai dudng thang CD va SM
theo a la:
A a5 B 3a/5 a15 3a4/15

. C. . D. .
4 4 4 4
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Huwéng dén gidi: &
Chon D. AE
Ta c6 (SMD)N(SAC)=SG suyra SG L (ABCD) S
Ké GH L AB, GK L SH St T
Khi do, S -
- _ PR T S
d(DC,SM)=d(DC,(S4B))=d(D,(S4B)) P R R
GD 3a+15 fro T
=——d(G,(S4B))=3GK = - e
GM ( ( )) 4 “ Ka

Cau 135. Mot hinh chép tam giac déu S.ABC c6 canh bén béng 2\/5 va tao voi mat day mot
goc 45°. Tinh khoang céach gitta SA va BC.

INEEY B. V2. .33, p. 22,
2 4 2 4
Huong dan gidi: Chon A.

+ Vi SABC 14 hinh chép tam gidc déu nén SO L (4BC)
(V61 O latrong tam cua A4BC ).

+ Xét ASOA Vuong tai O co:

. S40=45" ma

SA =22 nén OA=S0=2.= Al =3.

- V6i H l1a chan dudng cao ha tor O

Ta co: 12 = 12+ 12 = OH =4/2.

OH" 04" SO )
+ Trong ASIA Goi J 1a chan duong cao ha tir / xudng
SA. Laico BC L(SAI) nén BC L1J. Tudé 1 1a
duong vudng goéc chung cia S4 & BC.

OH _OA_ , _OHAI_3\2 B

f— .
IJ Al 0A 2
Cau 136. Cho hinh chop S.ABCD c6 mat day la hinh thoi tam O, canh a, BAD =60" va

+ Xét trong AAIJ :

SO = %“. Biét S4=SC va SB = SD. Hoi khoang cach giita S4 va BD bang bao nhiéu ?

3a 3a\/7 Saﬁ D 3_a

A, —. B. . C. . . —.
7 14 7 14

Huwoéng din gidi:
SO 1 AC
Ta co: " = SO 1L (ABCD) = DB 1 SO

Ta co6: = BD 1 (SAC)
BD 1 AC

Trong mp (SAC), ké OH | SA (H € SA), ta co:
OH 1 SA,0OH 1. BD

2 2
Do d6: d(S4,DB) = OH . Ta co: SA=+/SO* + 04* = \/(%“j + [&] _aV21

2 4

Tam giac SOA vudng tai O, c6 OH 1a dudng cao, ta co:
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SO.04 _3a a\/_ 4 3aﬁ 3a\7
14

. Vay d(SA,DB)=0OH =
< a\/— ay d( )

Cau 137. Cho hmh chop t giac deu S ABCD c6 duong cao SO =2, mat bén hop vi mat day

OH =

Chon B.

mot goc 60°. Khi d6 khoang cach giira hai duong thang AB va SD bang

A.@. B.2. C. 243, D.%.

Huwéng din gidi:

Goi / la trung diém cua CD. Ta co:

(SCD)N(ABCD)=CD

(Sor) L cD

(SOIN(ABCD) =0I,(SOI)( (SCD) = SI

= ((SCD),(4BCD)) = (O1,ST) = 60'

Tacé: AB//CD = AB//(SCD)

= d(AB,SD)=d(AB,(SCD)) =d(A4,(SCD)) =2d(0,(SCD))

Trong mp (SOI),ké OH 1L SI (H € SI),tacé: OH 1 (SCD) va Ol = Sg()o =¥
tan

Do do6: d(0,(SCD)) =OH . Taco: SI =+/SO* +0I* = /22 \/_

Tam giac SOI vudng tai O, c6 duong cao OH nén OH = Si:]OI \3/_ £ =1

Do d6: d(A4B,SD)=2d(0,(SCD))=20H =2.1=2. Chon B.
Cau 138. Cho hinh chop S.ABCD c6 day ABCD la hinh chit nhat v6i AB =3a; AD = 2a.
Hinh chiéu vuéng goéc cia S 1én mat phang (ABCD) la diém H thudc canh AB sao cho
AH =2HB. Géc giita mat phang (SCD) va mit phang (ABCD) bang 60°. Khoang cach giita
hai duong thang SC va AD theo 4 1a

A, 8039 g, 613 ¢, a¥39. p, o13.

13 13 13 13

Huong dan gidi:
Hinh chiéu vudng géc ctia S 1én mit phing (ABCD) la diém H
nén SH 1 (ABCD).
Ké HM 1 CD(M € CD), ta co:
(ABCD)((SCD)=CD
(SHM) L CD
(SHM ) (ABCD) = HM
(SHM)((SCD) = SM
Ta co: AD//BC = AD / /(SBC) va
d(AD,SC)=d(A,(SBC))=3d(H,(SBC))
Ké HI 1 SB (I € SB), tacd: HI L (SBC) va d(H,(SBC)) = HI

Ta c6: SH = HM .tan60° = 2a~/3 va SB=+SH?* + HB> = a/13

- ((m))) = SMH = 60"
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S}; ';IB _2aV39 . Viy d(4D,SC)=3HI = 6“;? : Chon A.

Cau 139. Cho hinh chop S.ABC c6 day la tam giac ABC vuong tai C, AB =5a; BC =4a.
Canh S4 vudng goc véi day va goc giita mit phang (SBC ) véi mat day (ABC ) bang 60°. Goi

Suyra: IH =

D la trung diém ctia canh AB. Khoang céach giita hai duong thang SD va BC la:

3a\/§ 3a\/B a\/ﬁ a\/@

. B. . C. . D.
13 13 13 13

Hudng din giii:

Goi M la trung diém AC, ta c6: BC//(SMD)
= d(BC,SD)=d(C,(SMD)) = d(A4,(SMD))
Ké AH L SM (H € SM),tac6é: AH L (SMD)

A.

= d(4,(SMD)) = AH = SA.AM _ 3a39
SM 13
Vi SM =~[SA% + AM? = 3“‘2/5 .

Chon A.
Cau 140. Hinh chop S.ABCD c¢6 day ABCD 1a hinh thang vudng o
AvaB, AB = BC =a, AD = 2a, tam giic SAB can tai dinh S nim trong mit phang vudng goc

v6i day, mat phang (SCD) tao v6i day mot goc 60°. Khoang cach 4B va SD la:

A a\/ﬁ' B. 6aﬁ' C. 2a\/m_ D. 3a\/m_
59 59 59 59

Huwong din gidi:

V¢ hinh chit nhat ABED , c6 tam gidc ACD vudng can tai

C.

Goi H, K lan lugt la trung diém AB.ED, ta c6:

SH 1 (ABCD).

Goi F 1a d6i xtg cta A qua B, ké HM 1 DF (M € DF)
Suy ra: (SHM) 1. DF va (m) = SMH = 60°

3 3042

Ta co: HM//AC:HM:ZAC= 2
Taco: AB//ED = AB//(SED) va d(AB,SD)=d(H,(SED))
Ké HI 1L SK ,taco: HI 1 (SED) va d(H,(SED)) = HI

Taco: SK =S K =2 suyra: g < SLK 00D _ 60T

SK /59 59

Chon B.

Céu 141. Cho hinh chép S.4BC c6 day 1a tam giac déu canh a, SA vudng goc véi mit phang
(ABC), goc giita SB va mit phang (4BC) bang 60°, M i trung diém ciia AB. Khoang cach
giita hai duong thang SM va BC la:

A 4a\/§' B. 2a\/§' C. a\/ﬁ_ D. a\/a_
51 _ 3 51 17
Hwong ddn giai:
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Goi N, lan luot la trung diém cta AC,BC.

MN 1a duong trung binh cia AABC = MNe BC

= BCE (SMN)

Ta cé: d(BC;SM)=d(BC;(SMN))=d (I;(SMN))

= d (4;(SMN)).

DE thdy

BC L(SAI)=> MN L(SAI)=>(SMN)L(SAI)  theo
giao tuyén SH .

Trong mit phang (SA4/) ké AK L SH = AK L (SMN)
Vay d(BC;SM)=d(4;(SMN))= AK

Tacodl =@ gL
2 2 4
Vi 84 L(ABC) nén (SB;(ABC))=(SB; AB) = SBA = 60° => SA= AB.tan60° = a/3.
1 1 1 1 16 17 a/51
3 = 3 + 3 :—2+—2:—2 = AK = .
AK® S4° AH” 3a” 3a” 3a 17

Cau 142. Cho hinh chép tir gidc S.ABCD c6 day ABCD la hinh vudng tim O, canh bang
2a. Mitbén SAB 1a tam giac déu, SI vudng goc véi (SCD) va I la trung diém 4B. Khoang
cach giita hai duong thang SO va 4B la:

A. 3“\6. B. &V2 c. 43 p. &3
2 2 2 3
Ké MN//AB

= d(SO,4B)=d(AB,(SMN))=d (1,(SMN))Ta c6

AB 1 SI= MN L SI,AB L Ol = MN L OI

= MN L (SOI)= (SMN) L(SOI).Ké IH L SO = IH L(SMN)
= IH =d (I;(SMN))

Goi J la trung diém cua CD

Do SI L(SCD)= SI LSJ :SOz%za
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2
+ Do ASIO can tai O.ké OE L SI = OE =JOI" - IE” = az_3z :%
2
2
+SAOS1210E-SI:l£.a\/_Za ﬁ:]H:MjIH:aﬁ
2 22 4 SO >

Cau 143. Cho hinh chép S.ABCD c6 day ABCD 1a hinh chit nhét tdm 7, AB=a, AD =2a.
Goi M 1a trung diém cta canh 4B va N 1a trung diém doan MI. Hinh chiéu vudng goc cua
diém S 1én mit phang (ABCD) trang voi diém N. Biét goc tao bai duong thang SB véi mit
phang (ABCD) bang 45°. Khoang cach giita hai duong thing MN va SD theo a la:

A. av6. av/o av/o av/o

B. . C. . D. .
2 3 6

Huwéng dén gidi:

MN //AD = MN //(SAD)=>d (MN,SD)
o

= d(MN ,(SAD)) = d(N,(SAD))

Ké

NE L AD,SN 1 AD = AD 1 (SNE)= (SAD) L (SNE)
NH L SE = NH 1 (S4D)

Ké
= d(N,(S4D))=d(MN,(SAD)) = NH

Taco: SM)zﬁVz%o

Xét ABMN =
2 2
BN =+ BM* + NM* :,/%#’7 zngNzg

aa\/E

NENS 27 2 a6

JNE*+NS® a3 6
2

Do NH =

Cau 144. Hinh chop S.ABCD c6 day la hinh thang vuong tai 4 va B; AB=BC =a;
AD =2a; SA vudng goc v4i mit phang (ABCD), goc giita duong thang SC va mit phang
(ABCD) bang 45°. Goi M la trung diém cua canh AD . Khoang cach giita hai duong thang
SM va BD la:

aV22 a2 a1 av11

: B. . : : D. :
11 11 22 2

Hudng dan gidi:

Ta ¢6 : SC,(ABCD) = SCA =45

Goi E,K lan luot 1 giao diém cua AC v6i BD, NM

Ké MN //BD = BD//(SMN)=> d(SM,BD)=d(BD,(SMN))=d (E,(SMN))

Do MN//BD= K trung diém AE = d(E;(SMN))=d(A4,(SMN))

Ké AE L MN,SA L MN = MN L (SAE)=>(SAE) L(SMN)

A.
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Ké AF | SE = FA L (SMN)=> d(4,(SMN))=F4
Xét AABC = AC = a2 = SA=a 2

a
Jp— ANAM 2 a5
VAN? + AM? /a2 , 5
—+a
4
a5
oy SAAE :“\/5' s _aV22
Jsa+4E? 55 11
5

Cau 145. Cho hinh thoi ABCD canh a, gbc BAD =60° . Goi G la trong tam tam giac ABD,

ar/6

SG L (ABCD) va SG = = Goi M 14 trung diém CD. Tinh khoang cach giita cac dudong
thang AB va SM theo a.

A D2 B, @3 c. 5 p. 7.
2 2 2 2
Hudng din gidi: Chon A.
Goi J,K lan luot 1a hinh chiéu cua H 1&én DC,SJ
3

d(AB,SM)=d(AB,(SDC))=d(4,(SDC))= Ed(G,(SDC))

GK :é SG.GJ 3 SG.GCsinGCJ

3
2 20 S5 2 saP+Gr
3 SG.GC.sinGCJ

2.\/SG2 +(Gc.sin 6\@)2

a\/EZ

.= .AC.sin 30°
3

a\/g. g
)
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Cau 146. Cho hinh chop S.ABCD, c6 day ABCD la hinh vuong, tam giac SAB vuong tai S
va nam trén mat phang vudng goc voi mat day. Biét S4 =a va canh bén SB tao voi mat day
(ABCD) mot goc 30°. Khoang cach giira hai duong thiang S4 va BD la:

A D2 g, 2097 c. 221 p. Y7
7 7 7 7
Hudng dan gigi:  Chon C. .
V¢ duong thang d qua A va song song voi AC f
Goi L,M lan luot 1a hinh chiéu caa H 1én d, SL PRk
d(S4,BD)=d(BD,(SAL))=d(B,(SAL)) Vo .
A '
BA BA h AN
== d(H,(SAL))=—=.HM ¥,
! U SA0) = SN N
_BA SHHL BA  SH.HL I y \ -
HA  SL  HA \SH”+HD S T >
a i - I"II\ N
_ sin30° _ SHHL __, SHHL oy W
acos60° \[sH? + HI*  \[SH? + HI?
sin600=S—H:>SH=a£ sinL/AT{=ﬂc>sinZE\0=ﬂ cos60°=A—H:>AH=£
S4 2 AH AH S4 2
R
A0 _HL . AOAH N2 .. N2 SHHL _, 5 4" 221
AB AH AB 2 4 JsH? + HIZ \F 2, 1o 7
—a —da
8

Cau 147. Cho hinh chop S.ABCD c6 day ABCD 1a hinh chit nhat véi 4B =a,AD = a2 .
Goi H la trung diém cta canh 4B ; tam gidc SAB cantai S va nam trong mit phang vuong
gbc véi ddy ; goc gitta hai mit phang (SAC) va (4BCD) bang 60°. Khoang cach giira hai
duong thang CH va SD 1a:

A 2035 g, 2010 c. o5 p. 2092
5 5 5 5
Huong din gidi: Chon D.

Vi H 1a trung diém cua canh AB ; tam gidc SAB cén tai S va nam trong mit phang vudng
goc voi day nén SH L (ABCD).
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Goi I 1a hinh chiéu ciia H trén AC suy ra goc giita hai mit phang (SAC ) va (ABCD)lé gbc
SIH = 60°

TacéAABC~AAIH:>£=£<:>1H=Q_ﬁ=&
AH  AC a3 2 6

a2

Trong ASHI vudng tai H c6 SH = IH V3= S

Goi K 1a diém ddi xtmg ciia H qua A ta co tir giac CDKH 1a hinh binh hanh suy ra CH song
song vGi mat phang (SDK ) oS8D.

Nén ta c6: d (CH,SD)=d (CH,(SDK))=d (H,(SDK))

Goi E, F 1an Iuot 13 hinh chiéu ctia H trén DK va SE. Khi dé ta c6 @ (H.(SDK))=HF.

BH.BC ~av2 2a2
Taco HE =2d(B,HC)=2——=—_ =22 -
JBH? + BC? \/;2 , 3
— +2a
4
a2 Za\/i
SHHE 5 3 24 32 2a\2

Trong ASHE vudng tai H c6 HF =

= .Chon D.
5

9
Cau 148. Hinh chép S.ABCD c6 day ABCD la hinh chit nhat véi AB =a, AD = 2a, tam gidc

SAB can tai S va nam trong mat phiang vudng goc véi day. Khoang cach tir D dén (SBC )

JSH? + HE? _\/512+8a2 3 54
2

bang 23_a. Khoéng cach giira hai duong thang SB va AC 1a

a\/m B ¢ 10
10 . S

Huéng dan gigi: Chon B.

V& duong thang d qua A va song song voi AC
Goi K,I lan lugt 14 hinh chiéu ctia H 1én d, SK

d(D,(SBC))= 2?“ < d(4,(SBc))= 2?“

A. C.

2a\/m 2a\/§
P .

D.
5

& d(H,(SBC))=% o HI =%
3 3
11 . 1
HI* SH* HB?
5
@%Z%‘i‘iz@ 12=% <:>SH=a\/_
a SH a SH a 5

€2
HBCB % \f5a
AC 54 5

Sinlﬁ:ﬁ@sin@:ﬂ @Q:ﬁ
HB HB AC HB

d(AC,SB)=d(4,(SBK))=2d (H,(SBK))=2HL

SH.HK _, SH.HK SH> _SH a<10

SK JSHY+HK? SHN2 2 s

= HK =

=2
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Céu 149. Cho hinh chop S.4BC c6 ddy ABC la tam giac déu canh 3a, c6 SH L (4BC) véi
H thudc canh AB sao cho AB = 3A4H. Gobc tao boi S4 va mat phfmg (ABC) béng 60°.
Khoéng cach gitta hai duong thang SA4 va BC 1a:

NGEN NECIES c. s, p, 35
5 5 5 5
Hudng din gigi: Chon B.
V¢ duong thang d qua A va song song voi BC '
Goi F,G lan luot 1a hinh chiéu cia H 1én d, SF 1,-;"\
' .
tan 60° = 2 — 7 - a3 .-'” -
a \/_ f ",
— -F . .1'i'
sin FAH =5 o sin60" = 7 o pp = 43 sl N
AH a 2 4 f
\/— a\/g fruli . . K'\"\-\.I
SH.HF 3= 5 A J . T
HG = \/ > > = 3 = 5 a 1.'| - T
SH® + HF \/3612 B e

J1s

d(BC,54)=d(B,(SAF))=3d (H,(SAF))=3HG = 35a

Cau 150. Cho hinh chép S.ABCD c¢6 ddy ABCD 1a hinh vudng canh @, hinh chiéu vudng
goc ciia S 1én mat phang (ABCD) 1a trung diém ctia 4D, goc giita dudng thang SB va mit
day bang 60°, M 1a trung diém cua DC. Khoang cach giita hai duong thing SA va BM bang

A 285_ B. 3a~/285 . c. @ 285_ D. 2a\/285'
9 19 19 9
Hudng din gidi: Chon C.
V¢ duong thang d qua A va song song
voi BM )
Goi O,P lan luot 1a hinh chiéu cua H
lén d, SO
[ p2 2 2 a’ a\/g
BH =\ AB + AH" =,|a +7=T
an60? = Sy gy - V15
BH 2
aa
sin0AH = 2 o sinppe =21 o M O _ oy (CMAH 525 V3,
AH AH  BM AH BM , a* 10
a’+—
4
2 2
SO =~/SH? + OH> =\/(“\Fj +(“1\OE] - \/95_5“
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av/15 a\/g
SH.OH 2 10 V285
d(SA,BM )=d(N,(SA0))=4d(H,(SA0))=4HP =4. =4, =
(S4,BM ) ( A )) ( A )) SO J954 19 °
5
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Cau 151. Cho hinh chop S.ABCD c6 day ABCD 1a hinh thoi canh a, gbc ABC =60°.
Mit phing (SAB) va (SAD) clng vuéng goc v6i mit phing day. Trén canh SC lay
diém M sao cho MC =2MS . Khoang céach tir diém M dén mit phing (S4B) bang:

B a3 a2 a3
"6 3

C. D. —
3

AL
3
HD. Chon dép an B
SAB) 1L (ABC
Ta co: ( ) ( ):SAL(ABCD).
(S4D) L (4BC)

Dung CH 1 AB= CH 1 (SA4B)

d(C,(84B)) cs

d(M,(S4B)) MS

_3
2

= d(M,(54B)) =§d(C,(SAB)):§CH :%af _ a\6/§

Cau 152. Cho hinh chép S.ABCD c6 day 1a hinh binh hanh vé1 BC = a\/z, ABC =60°.
Tam gidc SAB nam trong mit phing vudng goc v6i mit phing day. Khoang cach tir
diém D dén mat phang ( SAB ) bang:

a o6 g, 2 C. a\2 p, 206
2 2 3
HD. Chon dép an A E
Ké SH 1 AB, P
Y .
do (SAB) L (ABCD)=> SH 1 (ABCD) I," N
Dung CK L 4B, cé CK L SH = CK L (SAB) 1A T3,
_ _ feN
Do CD//AB = d(D,(S4B))=d(C.(S4B))=CK f .F*' \\ ,
Ja e
:BCsin60°=a\/§.?:¥ F £

Cau 153. Cho hinh chép S.ABCD c6 day ABCD la hinh thoi canh a, gbc ABC = 60°.
Canh S4 vudng goc voi mit phiang day. Trén canh BC va CD lan luot 1y hai diém M
va N sao cho MB=MC va NC =2ND . Goi P la giao diém ctia AC va MN. Khoang
cach tir diém P dén mit phang (SAB) bang:

A a\/§ Sa\/§ Sa\/§ 3a\/§
T8

B. C. D.
12 14 10
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HD. Chon dap an C I;:"h:‘-M
Py
Dung CH | AB=> CH 1 (SAB) FEN N
, /o ™,
Gia sir MN cat AD tai F. Theo dinh 1y Talet ta co: l,"' l'\,l .
3 4.;:., "'-. A
EzﬂzlzDF:M_C:ﬁ. I|."' Ch ,:,_f"
MC NC 2 4 Jor \\ ot
Khido £A_AF 5 _ C4_7 Ny
PC MC 2 P4 5 : ]
5 a3 5a3
Dodo d(P,(S4B))=2d(C.(s4B))=>CH _S a3 _saV3
7 7 72 14

Cau 154. Cho hinh chop S.ABC c6 ddy ABC la tam giac vudng tai B, AB=a,
BC = a+/3. Hinh chiéu vudng goc cua S trén mit day 1a trung diém H cua canh AC. Biét
SB = a~/2 . Tinh theo a khoang cach tir diém H dén mit phing (S4B).

A.

a21 g aV21 . 3a421 D TaN21
3 7 7 3

HD. Chon dap an B

AC =~ AB* + BC? =2a—>BH=A—2C=a

Do vy SH =+/SB* —BH? =a.Dung HE | AB;HF 1 SE

Ta 6. HE:%:a;/?:d(H,(SAB)): SHHE  a\21

JSH? +HE? 7

Céu 155. Cho hinh chép S.4BCD c6 day 1a hinh chit nhat, dién tich tt gidc ABCD bang

6a°~6 . Canh S4=a, /% va vudng goc v6i mat phang ddy. Goc giita duong thang SC

va mit phang day bang 30°. Khoang cach tir diém B dén mat phang (SAC ) gin nhit
véi gia tri nao sau day:
L 5. 10 c.3 p, 8
10 5 2 5

HD. Chon dap an B
Ké BH L AC,laico BH 1. SA= BH 1 (SAC)
C6 $4 L (ABCD) = (SC,(4BCD))=SCA
: 110
Taco: ACtan30°=S4=a K = AC =a+110
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28 e 64’6 7
= ~l,4a=—a
AC 110 5
Cau 156. Cho hinh chép S.ABCD c6 day ABCD la hinh thang vudng tai A va B,
AD =2A4B =2BC, CD =2a~/2 . Hinh chiéu vuong goc cia S trén mat day 1a trung diém

M ctia canh CD. Khoang cach tir diém B dén mit phang (SAM ) béng:

Sa@ Sa@ Sa@ a\/ﬁ

B. C. D.
10 5 2 3

HD. Chon dap an B

Goi E 1a trung diém ctia 4D ta c6 CE = AB=ED.

C6 CD=2aN2 = CE=ED=2a

Do vay AD =4a;BD =2a. Goi N la trung diém cta AB

Suy ra MN =3a,S,,,, = %NM.AB =3a’

Do vay BH =

A.

MA=~AN* + NM? = a\/10.,
28 . 3aN10

AM S
Cau 157. Cho hinh chop S.ABCD c6 day ABCD la hinh thang vudng tai 4 va B,
AD =2A4AB=2BC, CD = 2a+/2 . Hinh chiéu vuodng goc cua S trén mat day 1a trung diém
M cta canh CD. Khoang cach tir trong tAm G cua tam giac S4D dén mit phang ( SBM )

Ké BK L AM = d(B,(SAM ))= BK =

bang
4 410 g, 3av10 . 10 p, 410
15 5 5 15
HD. Chon dap an A
|
Ir
-'_r‘,zi-"'/:f /‘JJ’ \
_.-'"C/‘l-’ I it
- o ] B ™ .
L] o i L o I
- ----- :"-———'-;1--—- - - p—
iy LA
s /..:’.r,-,:_'_ _______ gy F W

Goi E 1a trung diém ctia 4D ta c6 CE = AB = ED.
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C6 CD=2a\2 = CE=ED=2a
Do vay AD =4a;BD =2a. Goi N la trung diém cua AB
Suy ra MN =3a,S,,,, = %NM.AB =3a’

MA=~+AN? + NM?* = a10 = MB . Goi L 1a trung diém ctua DE ta c6 LA=3a va L
1a trung diém ctia AP. Khi d6

d(A4,(SBM))
d(E.(SBM))

,d(E,(SBM))z%d(G,(SMB))

a\/ﬁ B 4a\/m
5

15
Cau 158. Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh binh hanh c¢6 dién tich bang
2a*, AB=a2, BC=2a. Goi M 1a trung diém cua CD. Hai mit phing (SBD) va

LP =3a = EP =4a;PA=6a. =E 3
4 2
Do dé d(G,(SBM))=gd(A,(SMB)):gAF=g.3

(SAM ) cting vudng goc véi day. Khoang cach tir diém B dén mit phang (SAM ) bing

A 4a10 B. 3a4/10 C. 2a+/10 D. 3a\10
15 5 5 5
HD. Chon d4p an C
. (SBD) L (ABC)
Goi H=AM nBD. Taco: = SH 1 (ABC)
(SAM ) L (A4BC)
HB 4B 1
Laico —=——=2=d(D,(SAM))=—d(B,(SAM
aic6 2 =20 22 d(D,(54M)) =5 (B.(54M)
1 1 a’
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1 . . 2 A
Taco: S, =EAD.DMst =sinD =§ = D =45°

J10

Do vay AM =~ AD* + DM?* —2AD.DM cos45° = -

Do viy DK < 2w _ 24 :a@_
AM o 5

Céu 159. Cho hinh chop S.ABCD c6 day 1a hinh vuéng, hinh chiéu vuéng gboc cua dinh
S 1én mit day trung vé6i trong tim G cua tam giac ABD. Biét khoang cach tir C dén mit

phing (SDG)bing /5 va SG =1. Thé tich khdi chop d cho 1a

A2 B. 2 C. 4 12
12 3 5 25
HD. Chon dép 4n A f'\\
Taco: CG =24G = d(C,(SDG)) =2d (4,(SDG)) };’r',-" \ R
\/g !I :. x“’-.
Suy ra d(A,(SDG)) =7. Dung AH 1 DG f.-"f A+ _thll‘ ----_-;7_1:-;:'}":
3 LT
Mitkhic AH 1 SG = AH L(SDG)=> AH =" Jol T
i LT
» L

Pat AB=x:>AH=M=L=£:>x:§
Jap* v am* 52 2

R 1 25
Vay Vs ipep = ESG'SABCD = E

Céu 160. Cho hinh chép S.4BC c6 day ABC la tam giac déu c canh bang a. Goi M 1a
trung diém cua AC. Hinh chiéu cua S trén mat day la diém H thudc doan BM sao cho

HM =2HB. Khoéang c4ch tir diém 4 dén mit phang (SHC) bang

A 2a\/7 B a7 C 3a7 D 2a/7
C 14 14 14 . 7
HD. Chon dap an D ff""u
-
d(4,(SCH))=2d (M ,(SHC)). e N
H
Ké MK L CH AR TN
,"' Fo
Khi d6 d(4,(SCH))=2MK e )
T A e
stkhic BM =33 = a2 gy 433 e 8 IS g
Matkhae BM == M =3 BN = mle =S B
¥
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Suyra MK =—EMC @ 4046 d = 2MK = 207
JME? +MC? T 7

Cau 161. Cho hinh lang tru dung ABC.A'B'C' c6 day la tam gidc can co

AC = BC =3a. Duong thing A4'C tao véi ddy mot goe 60°. Trén canh A4'C lay diém

M sao cho A'M =2MC . Biét rang A'B = a31. Khoéang cach tir M dén mit phang

(ABB'A") la:

A. 3av2 B. 4ar2 C. 3a\2 D. 2a2

4 3
HD. Chon dap an B

Tacd: A'A= ACtan60° =3a-/3
Suyra AB=~A'B>— A4 =2a
Do vady CH =+ AC? — AH? =242

d(M,(ABB'4")) =§d(C,(ABB'A')) :%C]—[ - 4“3\/5

Céu 162. Cho khdi chop S.ABCD co6 day 1a hinh chit nhat ABCD véi AB =a. Hinh
chiéu vudéng gbéc cua dinh S 1én mit day trang v6i trong tAm tam gidc ABD. Biét

SC =2a2 va tao voi day mot goc 45°. Khoang cach tir trung diém cua SD dén mat
phang (SAC) la:

A. B. C. — D.

3 3

aN?2 a\/§ 2a 4\/511
3 3

HD. Chon dap an A
Tacd SC=2a2 = GC =2a= AC =3a

Khi d6 CD =2a+/2 suy ra DH = 2a;/§
Do vy d(M,(SAc)) = %DH - af

Cau 163. Cho hinh chop S.ABCD c6 day la hinh chit nhat ABCD c6 AD = a~/3 . Tam
gidc SAB 1a tam giac déu va thudc mat phang vudng goc véi day. Goi M 1a trung diém
ctia AD, H 1a trung diém ciia 4B. Biét rang SD = 24 . Khoang cach tir 4 dén mit phang
(SHM ) 1a:

a3

2

C. D.

A. a2 B. a3 2
4 4 2

H 281



Tuyén chon va gidi thiéu: Nguyén Qudc Hoan 0913 661 886
HD. Chon dap an B

Tacod: SA=~SD*>—AD> =a = AB.

Khi do Ak - AH-AM a3

JAH? + am* 4

Céu 164. Cho khéi chop S.ABC c6 day 1a tam giac vudng tai 4 cd6 AC = a. Tam giac
SAB vudng tai S va hinh chiéu vudéng goc ciia dinh S trén mit day 1 diém H thudc canh

AB sao cho HB =2HA. Biét SH =2a2 , khoang cach tir B dén mit phang (SHC ) la:
2a

a 4a 3a
A =2 B. — c. =2 D. =
J5 J5 J5 J5
HD. Chon dap an C ,.'A:-
SETEEN
Ta ¢6: SH> = HA.HB = 2HA® Do
/ Y "
Suy ra 8a” =2HA* = HA=2a foog o
2 4a R
Doviy AM =—==d,.=2AM =— .-' 'P.I”-,—f""'r-
N J5 (o e
e T

CAu 165. Cho hinh ling tru ABCD.A'B'C'D" ¢6 d4y 1a hinh chit nhat véi AD = a~/3.

Tam gidc A'AC vudng tai A' va thudc mat phang vudng goc véi day. Biét ring
A'A=a2. Khoang cich tir D' dén mit phing (A4'ACC") 1a:

A. a3 B a2

_ c. a2 p, B3
4 2 4 "2
HD. Chon dap an D i ?
Ta c6 5':’;..-; . ] . vy
AC=A"AN2=2a=CD=a A
- !
o i
= d(D,(4'4C))=DH = f T A
2 P L
(Do DD'//AA")

of
2 -

Cau 166. Cho hinh chop S.ABC c6 day ABC la tam giac vudng tai B, AB=a,
BC = a+/3 . Hinh chiéu vudng géc cta S trén mit ddy 1a trung diém H cua canh AC. Biét
SB = a~/2 . Tinh theo a khoang cach tir diém H dén mat phang (SBC ) .
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a\/g 2a\/§ a\/g

B. C.
5 5 5
HD. Chon dap an C

+)Ké HK 1 BC,HP 1L SK = d(H ,(SBC))=HP.

A.

HK 1 BC
= HK //AB
. |AB 1L BC
Tu .
HK CH 1 AB a
> —=——=—=HK=—-=—
AB CA 2 2 2

+) AABC vudng tai B c6 H 14 trung diém ctia canh AC

— HB =%AC=%\/A32 + BC? =%\/a2 +3a% =a

— HS =~/SB> —HB? =~\2d* -a* = a

12: 12+ 12:%+12:>HP:CZ
HP® HS° HK® a a

5
d(H,(SBC
5~ a(,(ssc)

2a\/§

D.

)-8

Cau 167. Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh, canh
AB =2a,BC = 2a42 , OD = a~/3. Tam gidc SAB nam trén mit phing vudng goc voi
mat phang day. Goi O 1a giao diém cua AC va BD. Tinh khoang cach d tir diém O dén

mat phang (SAB ) .

A.d=a B.d:a\/z C.d:a\/g D. d =2a

HD. Chon dap an B
+) Ta ¢6 (S4B) L (ABCD),

ké OP L (S4B)= d(0,(S4B))=OP.

AB =2a
BC =2a\2
+)
OD = a3
= AB’ + AD* =4a’ +8a” =124’ =(20D)’ = BD’
i , X (OP L 4B
= ABAD vudng tai A4, trén (ABCD), ta cod = OP/
AD 1 AB

Ma O 1a trung diém cua BD = OP = %AD = %.261\/5 =a2 =
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Cau 168. Cho hinh chop S.ABCD c6 day 1a hinh chit nhat ABCD ¢6 AD =k.AB . Hinh
chiéu vudng goc cua dinh S xubng mit day 1a A thoa min HB =-2HA. Ty sb khoang
cach tir 4 dén mit phiang (SDH ) va khoang cach tir B dén mit phing (SHC ) la:

2 2
A /4+9k2 B. l /4+9k2 C.
1+ 9k 2 V1+9%
HD. Chon dap 4n B

Khong mit tinh tong quat. Dit AB =3 = AD =3k
Ké AE 1 DH ,lai c6 AE 1 SH = AE 1 (SDH )

D. -
2k

N |~

Do 46 d(A,(SDH )= AE = _ARAD __,

NAH? + AD?

Tuong ty dung BF 1 HC taco:

d(B.(SHC))=BF = L S—

VBH? + BC?

. d AH BH*>+BC®> 1 [4+9K>

Do vay — = . =— .
d, BH J4H?*+4D* 2V1+9%

Cau 169. Cho hinh ldng tru ABC.A'B'C"' c6 day la tam gidc ABC vudng can tai B,
diém E thudc BC sao cho BC =3EC . Biét hinh chiéu vudng goc cia A4' 1én miat day
trang voi trung diém H ctia AB. Canh bén AA' = 2a va tao véi day mot goc 60°. Khoang
cch tir B dén mit phiang (A4'HE) 1a

A 39 B. 24 .2 p. 24
3 5 4 5
HD. Chon dap an D /r\\ / fl
—_— !
Taco AA' tao voi day mot goc 60° nén A'AH = 60°. ,-- N
¢
Khid6 AH = A'A.cos60°=a = AB=BC =2a. I
4a / i
Do vay BH =a;BE =— ~r i
. J
!'.i".ﬂ—--- —————— -f""--f——-&
Dung BK | HE,laico BKJ_A'H:>BKJ_(A'HE) \\' _ _@'j e
N LT SElh
W
Do do6 d(B,(A'HE)):BK:ﬂ:“—a “m'&'x,f
VBH? + BE* 5 o

Céu 170. Cho hinh chop S.ABCD c6 day 14 hinh chir nhat tim O. Tam giac SAC déu va
thudc mit phang vudng goc voi day. Biét raing SA = 24B = 2a, khoang cach tir D dén
mat phang (SAC ) la:
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AL g, 3 c. 2 D. £
2 2 2 . 2
HD. Chon d4p én B ,,\‘,\
Tacé: SO L AC, matkhac (SAC) L (ABCD) SN
P ™
Suy ra SO L (ABCD). Laico SA=AC = SC =2a / Pk “\\
Sy a
] +
Do dé AD =~/AC? —CD? =a\3 / M'q__j__"________>n
Dung DH 1 AC,lai c6 DH L SO = DH L (SAC) s 1‘-5_ | \,/
1"’,-'" _F__a."h-.‘ .
_AD.CD a3 EPE T ‘,r"-

Do vay d(D,(SAC))=DH

P

ol
AC 2 A c
Cau 171. Cho hinh chop S.ABCD c6 day ABCD la hinh thang vudng tai 4 va B véi
AB=BC=a, AD =2a. Hai mit phang (SAC) va (SBD) cung vuong goc voi mat
phang d4y. Tinh khoang céach tir diém 4 téi mat phang (SBD)

a 2a 3a 4a
A. ﬁ B. ﬁ C. ﬁ D. ﬁ
HD. Chon dap an B
. [(84C) L(4BCD)
{(SBD) 1 (ABCD)

va (SAC)(SBD)=SO
= SO L (ABCD) v6i O = ACNBD

AH 1 BD
Ké AH L BD taco = AH 1 (SBD)
AH 1 S0
1 1 1 5 2a 2a
Ta co = + = = AH =—= = d(A4,(SBD))=—"F+
AH?  AB’*  AD’ 44’ J5 (4(38D)) J5

Céu 172. Cho hinh chép S.4BC co day 1a tam giac déu, hinh chiéu vudng goc ciia dinh
S trén mat phang dady 1a diém H thudc canh AB sao cho HB =2HA. Biét SC tao voi day
mot goc 45° va canh bén S4 = 2a+2 . Tinh khoang cach tir diém C dén mat phang
(S4B)

A. B. C. D.

3
2 3 2
HD. Chon dap an C

a\/_ 2a\/5 3a\/§ a2
3

Tac6 (SC,(4BC))=SCH =45°. Gidsit AB=BC = CA=3x
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Tacd CH =\ AH? + AC? —2AH .AC.cos60° = x/7
Talaicd SA° =SH* + AH> < 8a° =8x* @ x=a

= AB=BC=CA4=3a

CK L AB

Ké CK L AB ta cé{ = CK 1 (S4B)
CK L SH

Ma CK = 3"2*/5 = d(C,(54B)) = 3"2ﬁ

Cau 173. Cho hinh chép S.ABCD c6 day 1a hinh vudng canh bang 2a, ASAB 1a tam
gidc vudng cin tai S ndm trong mit phang vudng goc véi day. Khoang cach tir trung
diém H ctua AB dén mit phang (SBD) 1a?

a3 a3 a\10

B.a C. D.
3 2 2

HD. Chon dap an A

Vi ASAB la tam gidc vudng can tai Snén SH L (ABCD).

A.

ToeHké HI L BD,tvt Hké HK 1 SI v61 I € BD,K € 51 .

Ta cod
SH 1 BD
= BD L (SHI)= BD 1 HK = HK 1 (SBD).
HI 1. BD
: e 1 1
Do d6 d(H,(SBD))=HK . Matkhic — +——-=——.
HI* SH® HK
1 a AB
Ma HI =—d(A4,BD)=—= va SH=—"—=a.
y A (ABD)= v 2
1 1 1 3 a
Nén = +—=S5>HK=—F
HK2 (aj2 a2 a2 \/g
2

Céu 174. Cho hinh chép S.ABC c¢6 SA=3a va SAL(ABC). Biét 4B =BC =2a,
ABC =120°. Tinh khoang cach tir 4 dén (SBC) ?
A. 2a B. 2 :
2 2
HD. Chon dap an D
TeAké AH 1 BC,ké AK 1 SH v61 H e BC,K € SH .
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S4 L BC
' { = BC L (SAH)= BC L AK = AK 1 (SBC)

Ta cd
AH 1 BC

Do d6 d(4,(SBC))= 4K thoa man

1+ I
SA>  AH* AK?'
Ma S4 =3a

va AH =sin60°.AB = g.Za — a3

1 1 1 4

= + =
AK?*  94* 34 94°

3 3
= AK === d(4,(SBC))=""

Nén

Cau 175. Cho hinh chop S.4ABC c6 day ABC la tam giac vuong tai A,
AC = a\/g, ABC =30°, goc giita SC va mit phiang (ABC) bang 60°. Canh bén S vudng
goc v6i day. Khoang cach tir 4 dén mit phang (SBC ) bang

NG g, Y3 c. 3% p, 23
35 J35 J5 V35
HD. Chon dap an C
Ké AE | BC,AK 1 SE(E € BC,K € SE).
Ching minh 4K 1 (SBC)= 4K =d(4,(SBC)).
: . SA.AE
Xét tam giac SAE vudng tai 4 ta c0: AK = ————.
NSA* + AE?
Tinh SA4, AE:
Xét hai tam gidc vuong ABC va SAC: AB=S4=3a.
Xét tam gidc vuéng ABC: AE = 37“ = d(4,(SBC)) = HK = %

Cau 176. Cho hinh lang try ABC.A'B'C"' c6 AB = a\/g, ABC =30°,ACB = 60°. Hinh

chiéu vudng goc ctia 4' trén mat day 1a trung diém cta BC. Thé tich khéi chop A'ABC
3

bang % . Khoang cach tir C dén mit phiang (A'AB) bang

a6 B a6 D a6

2a
A. it ) )
6 J7 4 12
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HD. Chon dap an B
Goi E 1a trung diém cta AB.

| &

Tacd AC = AB.tan30°=a = HE = —.

1, a’ .
VA.ABC=§A H.SABC=?:>A H=

Sls v

Ké HK L A'E= HK =d(H,(4'AB)) ==

=

2
7

Céu 177. Cho hinh chop déu S.ABC ¢6 AB = a, gbc giita mat bén va mit day bang 60°.

= d(C,(4'AB))=2d(H (A'AB))

Tinh ﬁ, biét d 1 khoang cach tir diém A dén mit phang (SBC ) .
a

A.3 B.5 C.7 D.9
HD. Chon dap an A
Goi O 1 tAm cua tam giac ABC va H 1a trung diém cua BC.
SO 1 BC
{ = BC L (S4H)
Co | AH L BC
. (SBC).(ABC)) - (SH ) - STiA
Ké OK L SH suyra OK 1 (SBC)= d(0,(SBC))=0K
Xét AOKH vudng tai K, co

OK =sin60°.0OH zg.OH zg.AH =

ENEIEN

3a 4d
S —=

Do d6 d(A,(SBC))=3d(H,(SBC))=T=d 3.

a
Céu 178. Cho hinh chop S.ABCD c¢6 day ABCD la hinh chit nhdt, S4 1 (A4BCD),
SA=AB=a va AD = x.a. Goi E la trung diém canh SC. Tim x, biét khoang cach tu

diém E dén mat phing (SBD) 1a d =§.
A. x=1 B. x=2 C.x=3 D. x=4

HD. Chon dap an B

Taco d(E,(SBD))= %d(A,(SBD)) = g = d(4,(SBD))="2.
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Goi H 1a hinh chiéu ctia 4 1én BD. Va K 14 hinh chiéu cta 4 1én SH.
Ta dugc AK L (SBD)=> AK =d(A,(SBD))= 2?"
AB.AD B x.a’
JAB* +BD*  Na* +x2d

1 1 1 9 1 & +x%a°

Ma AH.BD = AB.AD < AH =

Do d6

=——+ =3
AK®  SA* AH®  4d® o xd
5 1+x°
o —= +2x oSxl=4x=2vix>0.
4 X
Cau 179. Cho hinh chép S.4BCD c6 day ABCD la hinh vudng tdim O canh bang a,

S4 L (ABCD) , SA = a~/3 . Tinh theo a khoang cach tir diém O dén mit phéng (SBC) .

a3 a5 a7

A2 B. c. 4> D.
2 4 6 8
HD. Chon dap 4n B
Taco d(4,(SBC))=2d(0,(SBC))

Goi H 14 hinh chiéu cua 4 1én SB.

. [S4LBC
Ta c6 { BC™ BC 1(S4B)= BC 1L AH = AH 1 (SBC)

1 1 1 1 1 4 a3
e Tt et T oAl =
AH SA°  AB 3a° a 3a 2

Do d6 d(O,(SBC))= %d(A,(SBC)) = %AH = a43

Céu 180. Cho hinh chop S.ABCD c¢6 diy ABCD la hinh chit nhat, S4 L (A4BCD),

Ma

SA=AB=a va AD=2a.Goi F la trung diém canh CD. Tinh ﬁ, biét d 1a khoang
a

cach tir diém 4 dén mt phang (SBF).
A. 2433 B. 433 c. 2V11 D. 411

HD. Chon dap 4n B
Goi H 1 hinh chiéu cua 4 1én BF. Va K 14 hinh chiéu cta 4 1én SH.

SA L BF
Tacé{ J_BF:>BFJ_(SAH):>BFJ_AK:>AKJ_(SBF).

Do d6 d =d(A4,(SBF))= 4K .
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Ma BF =+/BC*+CF? =

a~'17
5

AB.AD 24° 4a

Nén AH.BF = AD.AB < AH =

BF  a17 17
2
Khido L L, 1 1, 17 3
AK®  SA AH® & 164> 16a
4 33d 33'\71
o AK =24 yay 2433 _4 33
V33 a a

Céu 181. Cho hinh chép S.ABCD c6 day ABCD 13 hinh vudng canh 4a. Goi H 1a diém
thugc dudng thing 4B sao cho 3HA + HB = 0. Hai mat phing (SAB) va (SHC) déu
vudng géc voi mit phing day. Tinh khoang céch tir B dén mit phang (SHC).

NE b 5 c. 120 p, 6
12 6 5 5

HD. Chon dap an C

Ta o {(SAB)L(ABCD ) i (S4B~ (SHC) = SH
(SHC) L (4BCD)

= SH 1 (ABCD)

1 CH

= BK L (SHC)
L SH

BK
Ké BK 1 CH taco
BK

1 1 25 12a
2 >t 2 ;= BK=——
BK® BH® BC” 144a 5

= d(B,(SHC))zlz?a

Ta co

Cau 182. Cho hinh chép déu S.ABCD cé canh day bang a. Goi O la giao diém cua hai
dudng chéo, M 1a trung diém cta CD. Tinh khodng cach tir C dén mit phing (SOM )

A. a B C D.%

a a
Y . —
HD. Chon dap an B

Do hinh chép S.ABCD 1a hinh chép déunén SO L (ABCD)
= CM 1(SOM). Ma CM =%:> d(C,(SoM))=

a
2

|CM L OM
Taco
{CM 1 SO
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Cau 183. Cho hinh chép S.ABCD c6 day ABCD la hinh chit nhat. Tam giac S4B la tam
giac déu canh @ va nam trong mit phang vudng goc véi day. Goi O 1a giao diém cua hai
dudng chéo. Tinh khoang cach tir diém O t6i mit phing (SHC) biét thé tich khoi chop

3
SABCD1a & 3*/5
a 2a a 2a
A L B. 2L C. D.
17 J17 J27 J27

HD. Chon dap an A

Goi H 1a trung diém ciia AB = SH L (ABCD) va SH = # Ta ¢

2
v =Yews —Lewapsc :l."*/g.a.Bc _a3BC
- 3 3 3 6
3 2 3
Ma ¥, ey = — ﬁ:a */g.Bcza */g@Bczza
' 3 6 3
OK | CH
Ké OK L CH taco = OK 1 (SCH)
OK L SH
a a
Ta tinh dugc OK = —2— = d(0,(SCH)) = ——
: Nt (0.(sCH)) N

Cau 184. Cho hinh hop diing 4BCD.A'B'C'D" c6 déy la hinh vuong, tam gidc 4'AC
vuodng can tai 4, canh A'C = 2a. Tinh khoang cach tir A dén mat phang (BCD') theo

a?

a3 B. a6 c. W2 D. a3
3 3 2 2

HD. Chon dap an B
+)Ké AP L A'B=d(A,(BCD"))=d(A,(4'BC))= AP

A.

+) AA'AC vudng can tai A

aa=ac=2C_24_ .1

N
T giac ABCD 1a hinh vudng
AC 1 1 1 1 1 3
L T ur T a2 @ 2
L oapo 2 _ade d(4,(BCD'))= a6
NER 3
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Céu 185. Cho hinh chop S.ABC ¢6 SA=3a va SA L(ABC).Giast 4B=BC =2a,
gbc ABC =120°. Tim khoang céch tir 4 dén mit phing (SBC)?

Al B. a c. ¢ D. 24

2 2
HD. Chon dap an C

+) Trén mit phang day, qua A ké mot duong thang vudng goc voi AC, duong thang nay
cat BC tai P.

Pat d(4,(SBC))=d(4,(SPC))=h , tit dién vudng S.4PC

:L_1+ 1 +1
h?  AS*  AC? AP*

+) AABP déu
AP =BA=2a AP =24
= AC =
tan60°=—=+3 " | 4C =243
AP
:>L—1+1+1—4:>h—3—a
94 124* 44® 94° 2

Cau 186. Cho hinh chép SABC c6 diay ABC la tam giac voi
AB=a,AC=2a,BAC =120°. Canh S4 vuéng gbc véi mit phang day va (SBC)

tao véi day mot goc 60°. Khoang cach tir diém 4 dén mit phang (SBC) la:

a\/_ 2\/761
3

c. Y7 D.
2

A, @ B, 27
17 2

HD. Chon dap an A

Ta ¢6: BC =\ AB* + AC* —2AB.AC.cos120° = a7
Dung AE 1 BC;AF 1 SE khi d6 d(4,(SBC))= AF

Tac Ap - 2Suc _ ABACsinBAC _ av21
BC BC 7

BC 1 54
Mat khac
BC 1 AE

= BC 1 (SAE)=> SEA = 60°

a\/iﬁ_ 3a

7 2 27

Suyra d = AF = AEsin60° =

H 292



Tuyén chon va gidi thiéu: Nguyén Qudc Hoan 0913 661 886

Céu 187. Cho hinh chép S.ABCD c6 day 1a hinh vuong canh a. S4 vudng goc voi
mit phiang ddy. Canh SC hop véi day mot goc 60°. Goi A 13 khoang cach tir diém

A dén mit phang (SBD). Ti s6 h bang
a

A VI8 B, V78 c. 8 p, Y38
13 13 13 13

HD. Chon dap 4n B
Do ABCD 1a hinh vuéng nén AC LBD tai tim O cua hinh vudng co

a2
2

AC = a2;:04 =

SA4 1 (ABCD)=> SAC = 60°
= SA= ACtan 60° = a\/6
AH 1 SO

s d(A($BD)) = aH ——SA-A0 _a78

Jsaro42 13

Do do6 ﬁ:@
a 13

Céau 188. Cho hinh chop S.ABCD c6 day la hinh thang vuong tai 4 va B;
AD=24B=2BC ; BC=a; SAL(ABCD) va SB hop voi mit phing day mot goc

A.(SD
45°. Tinh M
a
A. ¥ B. % C. % D. ?

HD. Chon dap an D
Tac6: SA L(ABCD) nén SBA = (SB,(ABCD)) = 45°

Khi d6 S4= ABtan45°=a.
Goi E 1a trung diém ctua AD
Khi d6 ABCE la hinh vudng canh a.

Do CE = %AD nén tam giac ACD vudng tai C

Suyra AC L CD,dung AF 1 SC

Ta co:
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d(A.,(SCD
AC = a2,d (A,(SCD)) = 4F =—222C _a¥6 g5 AASCP)) Vo
VSA£+ACt 3 a 3

Céu 189. Cho hinh chop S.ABCD c6 day ABCD la hinh thang ABC = BAD =90°,
BA=BC=a; AD =2a. Canh bén §4 vudng goc vdi day. Goc tao boi gitra SC va
(S4D) bang 30°. Tinh khoang céach tir 4 dén (SCD).

A. a B. a\/z C D. a\/g

a
"2
HD. Chon dap an A

Goi E 1a trung diém cta 4D khi d6 ABCE 14 hinh vuéng canh a
Suyra CE L AD,laicd CE 1 SA4

Do d6 CE 1 (S4D)=> CSE =(SC,(SAD))=30°.
Laico: SCsin30°=CE =a = SC =2a
= SA=~SC* - AC* =a2.

Do CE = %AD nén tam giac ACD vudng tai C

suyra AC L CD,dung AF 1 SC.
Ta co: d(A4,(SCD))= AF = S48 ..
el

Céu 190. Cho hinh chop S.ABCD c6 day ABCD 1a hinh thoi canh a c6 BAD =120°.
Cho SA4L(ABCD). Goi M la trung diém ctia BC; biét SMA=45°. Tinh
d(B,(SDC))?
a6 B, 6 c. o3 p, o3

4 2 2 8
HD. Chon dap an A

A.

Do ABCD 14 hinh thoi ¢6 BAD =120°
Nén tam giac ABC va ACD 1a cac tam giac déu.

a3 a3

Khi do AMzT,dung AE 1 CD = AE = 5

dung AF 1 SE suyra d(A4,(SCD))= AF .

a3

Do SMA = 45° = SA = AM tan 45° ==
Mit khac
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A.SE
AB/ICD = d(B.(SCD)) = d(4,(SCD)) = AF =——2E __ 6
NS4+ 4?4
Céu 191. Cho hinh chép S.ABCD c6 day ABCD la hinh thang vudng tai 4, B. Biét
AB=a,BC=a, AD =3a, SA= a2 .Khi S4 L (ABCD) , khodng cach gitra hai duong

thang S4, CD la:

a a 2a 3a
A = B. — C. = D. 2=
5 75 N N
HD. Chon d4p 4n D ey
Ké AH 1 CD ma SA L AH = AH =d(SA4,CD) /\'\ T
|i \ “'"'-\-...
Ta co SAACD =1ABAD=1AHCD ot \ Hhh" n
2 2 SSETTN T o
ABAD _a. SN e
b _ada_3a_ gsacp)=2L. b S
CD a5 5 5 & .

Cau 192. Cho tir dién déu ABCD canh a+/3. Do dai khoéng cach giira hai duong thang
ABva CD la

A. a6 B. a6 C. av3 p, W6
4 2 2 3
HD. Chon dap an B
AB 1 CM
Ta ¢6 = AB 1 (CDM)
1 SH

Ké MN L CD = AB 1L MN do AB 1 (CDM)

— MN 1a khoang cach giita hai dudng thang AB va CD

Tacod CM = @33 _3a va CN =+¢D = "ﬁ.
2 2 2 2
= MN =~CM* - NC* =§:>d(AB,CD): “f

Céu 193. Cho hinh chép S.ABC c6 day ABC la tam gidc déu canh a. Canh bén
S4 =SB =SC =b. Khoang cach giira hai duong thang S4 va BC bang %“ . Tinh b theo
a.

2a
A. b=— B. b=a C.bh=—— .
NG) B 3

HD. Chon dap an C
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Goi O 1 tim dudng tron ngoai tiép tam giac ABC.
Ma SA=SB=SC:>SOJ_(ABC):SOJ_BC.
Goi M la trung diém cua BC = AM 1 BC.
Do d6 BC L (SAM),ké MH 1 SA

nén MH 1a doan vudng goc chung cua S4 va BC.

Suy ra d(S4;BC)=MH —%Ta

—— MH 3a ax/_ \/_ —

Ta cod sin MAH = = MAH =60°.
MA 4 2
Ma AO=2aM =2 i:i:,»cos,S/A?)=£:>SA=2—‘1.
3 372 3 SA4 NE)

Cau 194. Cho hinh chép S.ABCD c6 day ABCD la hinh chir nhat, AB =3AD . Hinh
chiéu vudéng goéc cua dinh S 1én mit phing (ABCD) 1a diém H e AB sao cho

BH =2AH . Khoang cach tir H dén mit phing (SAD) bang ? va SH =+/3. Tinh
khoang cach giira hai dudng thiang SH va CD.

Al B. V2 C. g D.

N |~

HD. Chon dap an A
Ké HK 1L CD,K €eCD va HE | SA,E € S4.

. |SH L HK . ) , , .
0 = HK la doan vuong goc chung ciua SH va CD.

CD L HK
Taco AD L (SAB)=> AD 1 HE = HE 1 (S4D).

Suy ra d(H;(SAD)):HE:g.
Ma 1 + L1 = : =1= AH =1.

SH®  AH® HE®  AH’
Mat khac AB=3A4AH =3A4D = AH = AD nén tu giac AHKD 1a hinh vuoéng, do do
HK =1=d(SH;CD).
Cau 195. Cho hinh chép S.ABCD c6 day ABCD 1a hinh thang vudng tai 4 va B, day 16n
BC. Hai mat bén (SAB),(SAD) vuong goc voi day. Canh SA = AB = a, gboc gitta duong
thing SD va (ABCD) béng 30°. Tinh khoang cach giita hai dudng thing S4 va BD.
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2a a3 a3
A d=— B. d=a3 C.d-= D. d=
z: a3 ! 2
HD. Chon dap an D
SAB),(SAD); L(ABCD
{(54B).(s4D)} L ):>SAJ_(ABCD):>SAJ_BD.
(SAB) m(SAD) =S4
Suy ra (m) =(SD;AD) = SDA =30°.
Xét ASAD vudng tai 4, co tan SDA = 54 = AD = 54 = a\/g.
AD tan30°

TwAké AH L BD,H € BD ma SA L (ABCD)= SA 1 AH .

Do d6 AH 1a doan vuong goc chung cua S4, BD.
1 1 1 1

AH®  AB® | AD’ _?Jr(a@f '

Xét ABAD vuong tai A, co6

= d(S4;BD) = AH = "23 .
Céu 196. Cho hinh chop déu S.ABCD c6 day 1a hinh vudng ABCD tim O, canh bén
SA=av5 , mit phiang (SCD) tao v6i mit phang (ABC ) mot goc 60°. Khoang cach
gitta BD va SC la:

a~/30 a\/% a~15 a\/E
5 5

B. C. D.
6 6

A.

HD. Chon dap an A
Ta co: OE 1 CD = CD 1 (SOE) = SEO = 60°

+) Dt AB =2x = OA=x\/2,0E = x

SO SA4*-04* 54> -2x
OF OF X

3

+) tan60° =

< 5a’ =5x7 :x=a:>AB=2a,SO=a\/§
Ta co: BDJ_(SAD).
Dyng OK L SC=d(BD;SC)=0K

Ta co: OKz—SO'OC =aqa gza\/@.

Jsorroc? N5 s
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Cau 197. Cho hinh choép tam gidc S.ABC c6 day la tam gidc vudng can tai 4 co
AB = AC =2a. Goi M 14 trung diém ctia BC. Hinh chiéu vudng goc cua dinh S xudng
day 1a trung diém cua AM. Biét S4 tao v6i day goc 60°. Khoang cach giira 2 dudng
thang BC va S4 la:

A.a6 B.a6 C.a6 D.a3
3 2 4 2
HD. Chon dap an B
Goi H 1a trung diém ctia AM khi d6 BC =2a2
:AM:BTC:a\/E:HA:azz :>SH:HAtan60°:¥.
BC L AM
Dung ME 1 S4. Do = BC L ME
BC L SH

Do d6 ME l1a dudong vuong géc chung cia BC va SA.

Ciich 1: ME.SA = SH.AM = ME = S2AM _ _ a\/6

JSH? + HA> 2

Cach 2: Dung HF 1 SA suyra ME =2HF =

a6
2

Cau 198. Cho hinh chép S.ABCD c6 day ABCD 1a hinh thoi ¢c6 AC =2a,BD = 2a3
tam O. Hinh chiéu vudng géc cua dinh S xudng mit day trung véi trung diém cia OB.
Biét tam giac SBD vudng tai S. Khoang cach gitta 2 dudng thang AC va SB la:
A2 B. 24 c. 4 p. L3
4 8 2 2
HD. Chon dap an C

Goi H 1a trung diém cua OB khi d6 SH L (ABCD)

Ta c6 tam giac SBD vuong tai S c6 duong cao SH

2
nén SH? = HB.Hp =3 303 94 o 3a
2 2 4 2

Dung OK L SB
= OK la duong vudng goc chung cua AC va SB.
Dung HM L SB=> HM =108 _ 34

VSH? + HB* 4

3a

Do d6 d(AC;SB)=0K=2MH=?.
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Céu 199. Cho khéi ling tru ABC.4'B'C' c6 day 1a tam giac ABC cén tai 4 c6
AB=AC =2a; BAC =120°. Tam giac A'BC vudng can tai 4' va nam trong mit
phang vudng goc voi day (ABC ) Khoéng cach giita 2 duong thang 44' va BC theo

a.

3a a3 a3 a3

A, — B. C. D.
2 6 4 2

HD. Chon dap an D
Goi H 1a trung diém ctua BC ta ¢c6 A4'BC vudngcantai A' néntacd: A'H L BC.
Mt khac (4'BC) L(ABC)= A'H L (ABC).

DA thiy @:%@:60031{3:/139@00#\5.
Do viy BC=2a\/§:>A'H=%BC=a\/§.

AH 1 BC
0{ = BC L(A'4H).

A'H 1 BC
Dung HK | A'A khi d6 HK 1a duong vuong goc chung cua BCva A'A4.

Lo L b =23
HK* A'H* AH 2
Céu 200. Cho hinh ling tru ABC.A'B'C' ¢6 day ABC la tam giic déu canh a. Hinh
chiéu vudng goc ciia dinh A' 1én mit day trung véi trong tim tam giac ABC. Biét canh
bén cta khéi lang try tao voi day goc 60°. Khoang cach gitta 2 duong thang AB va A'C

Ta co:

la:
A2 B. < c. 3 p, ©3
4 2 4 2
HD. Chon dap 4n A ¥ . €
. . -
Goi G la trong tam tam giac ABC \ Tl ) // \
Khi do A'GJ.(ABC);AGz%AMZaf \5 ‘;T\ |
\ BN
Do d6 A'G = GAtan60° = a. L
P A 1
. g CI L AB M 2 - }h
Goi / la trung diém ctia 4B = = (A4'CI) L 4B RSN < M
A'G L AB : "—u.,‘_‘g”_./

Dung IK 1 A'C do d6 IK la duong vuong goc chung cua ABva A'C.

Dung GE L A'C. Suyra GE =—2GCC & jx _36p_3¢
VA'G* +GC? 2 2 4
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Cau 201. Cho hinh chop S.ABC c6 day ABC 1a tam gidc vudng tai A. Tam gidc (S4B)
déu va nam trong mit phing vudng goc véi day. Puong thang BC tao v6i mit phing
(SAC ) goc 30°. Khoang cach gitra hai dudng thang SB va AC bang %. Tinh d¢ dai
doan thang BC.

A. BC=a\2 B. BC =2a C.BC=ay3 D.BC=3a
HD. Chon dap an C
I 1a trung diém cta AB = SI L AB= SI 1 (ABC)= SI L AC.
Ma ACJ_AB:>ACJ_(SAB):>ACJ_SB.
Goi K 1a trung diém cua SB = 4K 1 SB
= AK 1a doan vudng goc chung cua AC, SB

a

nén d(SB; AC)= AK = = AB=a.

3
2
Goi H 1a trung diém cta S4 = BH | SA.Ma AC 1 BH .

Suy ra BH L (SAC) = (BC;(SAC))=(BC; HC) = BCH =30°.

Ta co sinB/C7{=ﬁ:>BC= ‘BH =a3.
BC sin 30°

Cau 202. Cho hinh chop S.ABCD c6 day ABCD la hinh chir nhat canh a,
AB = a\/E,BC = . Canh bén S4 vudng goc voi day, S4 = BC. Goi M 1a trung diém
ctia CD. Tinh khoang céch giira hai duong thang SC va BM.

A. a3 a3 a3 a3

B. C. D.
6 3 2

HD. Chon dap an B
Goi N 1a trung diém ctia AD suy ra MN //AC .

W3 pv =90 va gy =32
2 2 2
suy ra ABMN vuong.

Do d6 BM L MN = BM L AC = BM L (SAC).

Tacd MN =

Goi / 1a giao diém cta AC va BM. T Iké IK L SC.
Nén /K 1a doan vudng goc chung SC, BM = d (SC;BM )= IK .

Ta ¢6 ASAC ~ AIKC = IK =124 _ @ 3.i=“*/§.
SC 3 24 6

Vay d(SC;BM )

a3
-
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Cau 203. Cho hinh chép S.ABC c6 day ABC la tam giac vudng can tai A,
AB = AC = 2a, hinh chiéu vudng gbc ctia dinh S 1én mit phing (4BC) tring véi trung
diém H cua canh AB. Biét SH = a , khoang cach giita 2 dudng thang S4 va BC la:

2a 4a C. a\2/§ D. a;/g

A, — B. =

V3 V3
HD. Chon dap an A
+) Dung Ax//BC = d(SA,BC) = d(B;SAx)

= c
7/

¢
!

/

+)Dyng HK 1 Ax=(SHK) L Ax

e
-
o

i

+)Dung HE 1 SK = d(B,SAx)=2d (H,SAx)

-~
l"r.,.!.l

Ta co: HK = AHsinﬁ/ﬁ( =asin56° =

1
r
[ T
[

QI
e
R

l‘h“"; L
1
\z
h
]
h

d(H,54x) = HE =— 01K _ @

JSH? +HK® 3
2a
N
Ciu 204. Cho hinh ling try ABC.A'B'C" c6 day la tam giac déu canh a, goi M 1a trung
diém ctia 4B, tam giac (A 'CM ) cantai 4' va nam trong mit phang vudng goc véi day.

"N
I'I,"
\

+) Do d6 d(S4,BC) =

3

3. Khoéng cach gitra 2 dudng thang AB va CC'.

A 2a\5/§ B. 2a\/§ C 2a\/§ D. Za;,/@

19 T 13

A 2 = M a
Biét thé tich lang tru bang

HD. Chon dap 4n B
+) Ta c6: AA'CM céan tai A'. Dung A'H L CM = H 1a trung diém cua CM va

A'H 1 (ABC). <
; 7
L ' ' 2\/3 3\/5 ' i\ ‘
Kh1d0V=AH.SABC=AH.a4 =“4 = A'H=a / v”f/f;
+) d(A4B,CC")=d(CC',A'AB)=d(C,A'AB)=CK n','." : :,:"")-‘ ;"
\/— : ‘.-'[- I"- "Ill
A'H.CM A'HCM 2a/57 !
Vay CK =
R UV PO V7T ‘1 f =
Hoic ¢6 thé tinh nhu sau: _.f
2 AW MH
d(C'(A'AB))=2d(H,(A'AB
( ( )) ( ( )) \/A H? + MH?
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Céu 205. Cho khéi chép S ABCD c6 day ABCD 1a hinh vudng canh 2a. Hinh chiéu
vudng goc cta S trén mit phang (ABCD) 1a diém H thudc doan BD sao cho HD =3HB.
Biét goc giita mit phang (SCD) va mit phang day bang 45°. Khoang cach gifta 2 duong
thang S4 va BD la:

N 3a-34 B. 2a/13 C. 2a/51 D. 2a+/38
17 3 13 17
HD. Chon dap an A H
.
+) Dung HK | CD=>CD 1 (SHK) I .\“a\
AR
—_— I 1h a
do viy (SCD, ABCD) = SKH = 45°. B “~,\x .
’- : - N Ixh'\.
Ta c6: AHKD vudng can tai K do vay ’IJ.-'J SR .
Lo -
HK =KD = 37": SH = HK tan45° =37“. J#_‘j_f.\,;;i.‘- -.\3{7\ . \1;,. 2
A II_E\-.l.:'I-‘I. . - IIIH - ‘r‘__..-“'-
+)Dung Ax//BD ta co: ,"I L :"i. r_..*"-'-‘JTh &f/
R b L Ry
d(S4,BD)=d(BD,(S4x))=d(H,(S4x))  aé——H A F

Dung HE | Ax = HE = 04 =a 2
SHHE  3ay34

JSH? + HE? 17

Cau 206. Cho hinh lang tru ding ABC.A'B'C"' c6 day ABC la tam gidc vuong tai B,
AB=a3 , BC =2a.Goi M la trung diém cta BC. Tinh khoang céach giita hai duong
thing AM,B'C biét A4'=av/2.

Dung HF L SE=> HF 1(S4x) . Tacé: HF =

A.

a\/ﬁ B. a\/E
10 10

HD. Chon dap an C
Goi N 1a trung diém cua BB' suyra MN//B'C.
Do d6 d(AM,B'C)=d(B'C,(AMN))=d(C,(AMN)).

Ma M la trung diém ciia BC nén d (B,(AMN))=d(C,(AMN)).

Ta c6 BA, BM, BN d6i mot vudng goc véi nhau.
1 1 1 1 Al

Nén = + + .
d*(B,(AMN)) BA> BM’® BN’
BC 1 a
Miit khac BM = —=a, AB=a~/3,BN =—BB'= ——.
- y AP Td 2 2
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Suy ra =L+ 1 ! =10

F(B(N) @ |, ﬁ)”(\@z 3

=d(AM,B'C)=

a~'30 a\/%

10 10

Cau 207. Cho hinh lang try dung ABC.A'B'C' c6 AC =a,BC=2a,ACB=120° va
duong thang A'C tao voi mat phang (ABB'A') gdc 30°. Tinh khoang cach gitra hai
duong thang 4'B,CC".

av21 av21 a\21 av21

B. C. D.
14 7 3 21

HD. Chon dap 4n B
Ké CH L AB(H € AB) = CH J_(ABB'A').

= d(B,(AMN))=

A.

Nén A'H 1a hinh chiéu vudng géc ciia A'C 1én (ABB'A').

Do d6 (A4'C,(4BB'A"))= CA'H =30°.

Vi ABC.A'B'C" 13 hinh lang try nén CC"/4A'= CC'//(ABB'A'")
= d(A'B,CC')=d(CC',(4BB'A"))=d(C,(ABB'A'))=CH .

1 — azx/g

Taco S, ¢ :EAC.BC.sin ACB = 5

AB* = AC* + BC* -2 AC.BC.cosBCA=Ta*> = AB = a\/7

28 V2l d(A'B,CC")=
AB 7 ’

Cau 208. Cho hinh chop S.ABCD c6 day ABCD la hinh vuong canh a. Canh bén S4
vudng goc voi mit phing ddy va mit phing (SBD) tao voi mit phang (ABCD) mot

=CH

av?21
7

goc bang 60°. Goi M 1a trung diém cua AD. Tinh khoang cach giita hai duong thang SC
va BM.

2a 6a a 3a
A, — B. — C. — D. —
V11 V11 V11 V11

HD. Chon dap an A
Goi O 1a tam cua hinh vuéng ABCD = AO L BD = BD 1 (S40).

a6
-

Do d6 ((SBD),(ABCD))=SO4 = 60° = SA =
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Qua C v& duong thang song song voi BM cét AD tai E.
Khi d6 BM //(SCE)=> d(BM,SC)=d (M ,(SCE))

: 2 2
Ma ME =2 AE = d(M,(SCE))= gd(A,(SCE))

Ké AH L CE tai Hsuyra CE L (SAH) va AH.CE =CD.AE .

Ké AK 1 SH tai K suyra AK | (SCE)=>d(A,(SCE))= 4K .

MaAH =% nen L= L, 1 g3
J5 AK?  AH? S4 J1t
2 3a 2a
Do d6 d(BM,SC)==—"—=""
( ) 3J11 V11

Céu 209. Cho hinh chép déu S.4BC ¢ do dai duong cao tir dinh S dén mat phang day
(ABC) bang aT\/i. Goc tao bai mit bén v6i mit phing day bang 60°. Goi M, N lan

luot 1a trung diém ctia AB, SC. Tinh khoang cach giita hai duong thang SA, MN.

9a-/3 3a+/3 6a~/3 12a/3

B. C. D.
42 42 42 42

HD. Chon dap an A
Goi H 1 tAm cua tam giac ABC, I1a trung diém cta BC.

A.

Suy ra ((STC)MTC))=(SI,/A\I)=§L\4=60°.

Dit AB:x:H]:%A]:%:SH:tan60°.HI:§
x a~N21 2a\/ﬁ 3a2\/§
—= S x= =>Supe=——-
2 7 7 7

Goi P 1a trung diém cta AC suy ra NP//SA=> SA//(MNP).

= d(SA,MN)=d (SA,(MNP))=d(A4,(MNP)) = Ve

AMNP
94’7
* 3V, e :d(N’(ABC))Z S inp :ZT
1 1 a\/ﬁ a azx/i
«S  —_MPNP=—. a_ .
e = IR %
Dot (7)) =225 a(51v) - 258
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Céu 210. Cho khéi chép S.ABCD c6 déy 1a hinh vudng canh a, S4 L (ABCD). Goi M

1a trung diém canh BC va SM = 3751. Khoang cach giita 2 dudng thing SM va 4D la:

a\z/g B.a C. %
HD. Chon dap an C

Lay H 12 hinh chiéu ctia 4 1én SB.

AB 1 BC 1 S4= BC 1(S4B)= BC L AH

A.

D. a\/i

AH 1 SB= AH 1 (SBC)=>d(A,(SBC))= AH
Ta ¢6: Vi AD//(SBC) chira SM

= d(AD,SM )=d (AD,(SAB)) = d(4,(SAB))= AH

Tinh: AM =+ BA® + BM? = "25 — SA=SM>—AM* =a

N S SNy L
AH®  AS* 4B 2
Cau 211. Cho hinh chép S.ABCD c6 day 1a hinh chit nhat ABCD ¢c6 AB =3a,AD =2a,
S4 L (ABCD) . Goi M 1a trung diém cua AD. Khoang cach giita 2 duong thang CM va

S4 1a:

6a 3a 2a 6a
A — B. —— c. 22 D. =
J13 J10 Js J10

HD. Chon dap an B
Lay H 14 hinh chiéu cua 4 1én MC.
MC 1L AH 1 SA=>d(S4,CM )= AH

Tinh: CM =~ DM? + DC?* = aJ10
CD _ 3a

AH.MC = AM .AC.sin MAC = AM.AC.E — AH =%

NI

Céu 212. Cho hinh chép S.4BC c6 SA vudng goc voi miat phang (ABC ) ,day ABC tam

giac vuongtaiBco AB=a, BC = a~/3.Biét S4 = % khoang cach giira 2 dudng thang
SB va AC.
A. ay39 B. ay30 C. ay30 D. ay30
13 20 15 10
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HD. Chon dap an D
+) Dung Bx//AC,AE 1 Bx= (SAE) 1 Bx
+) Dung AF 1 SE = d(AC,SB) = AF

a3
2

Dung BH 1 AC déthdy AE = BH =

Taco: AF = AESA__aJ30

Jsa 148> 10

Céu 213. Cho hinh chép S.ABCD c6 day 1a hinh vudng canh 2a, S4 L (ABCD). Goi

M 1a trung diém cta canh CD, biét S4 = a5 Khoang cach giita 2 duong thang SD va
BM 1a:

A. B. C. D.

15 13 29

2a+/39 2a-/145 2a/39 2a-/145
3

HD. Chon dap an D
Dung DN //BM = N la trung diém ctia AB.

Khi d6 d(SD,BM )=d(BM,(SDN))
=d(B,(SDN))=d(4,(SDN))

Dung AEJ_DN:>DNJ_(SAE), dung AF L SE

... |AF LSE
kh { = AF 1 (SDN)

1d6
AF 1 DN

Do vy d(B,(SDN))=d(A4,(SDN))

o AESA . /izza\/ms
VAE? + S4° 29 29

ANAD  _ 2a
JAN? +4D* 5
Cau 214. Cho hinh chép S.ABCD c6 day ABCD la hinh thang c¢6 day l6n 1a 4D, cac
duong thing SA4, AC va CD d6i mot vudng goc véi nhau; SA= AC =CD = a2 va
AD =2BC . Tinh khoang cach gitta hai duong thang SB va CD.

a5 a3 a/10 a10

B. C.
2 5 5 2

HD. Chon dap an C
Taco SAL AC,S54 1L CD =S4 L (ABCD).

Véi AE =

A.
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Goi I 1a trung diém cua AD = AI = BC, Al / /BC va CI L AD.
Do d6 ABCI 1a hinh vuong suy ra AB 1 AD.
C6 CD//BI = CD//(SBI)= d(SB,CD)=d(C,(SBI))

Goi H =ACNBI va AK 1 SH tai K.
Taco AK L(SBI)= d(C,(SBI))=d(A4,(SBI))= 4K .

12:12+ lszK:a ):a\/ﬁ_

AK®>  SA>  AH 5

Cau 215. Cho hinh chop S.ABCD c6 day ABCD la hinh thang vudng tai 4 va B c6
AB=a, BC=a, CD=a6, SA=a2.Khi SA L (ABCD) thi khoang cach giita AD

va SC 1a?

Nén

10
d(C,(SBI
5 = ( ’( )

AP B, 45 c. 4o p, &6
3 2 3 2
HD. Chon dap an C ‘Tﬁ
Do AD//BC / :\\“x
= d(AD,SC)=d(AD,(SBC))=d(4,(SBC)) [ \h\ .
Ké AH 1 SB T\ “‘\
(BC 1 4B AR .
Ta cod = BC L (S4B)= BC L AH R e
BC 1 54 RN R
£ VoL
Ma AH 1 SB= AH 1 (SBC)=> AH =d(A,(SBC)) & '
f 3 'y
Taco) =ty 3 4 =446 :az(AD,m):"*/g
AH®  AB® A4S’ 2d 3 3

Cau 216. Cho hinh chop S.4BC c6 day tam gidc déu ABC canh 14 a, canh bén SA =a,
SA L (ABC ) , I1a trung diém ctia BC. Khoang cach giira hai dudng thang SI va 4B 1a?

Aa17 a\/ﬁ a~'23 av'17
T4 7 7

B. C. D.
19

HD. Chon dap an B
Ké 1J //AB=>d (SI,AB) =d (AB,(SLJ)) =d(4,(SL]))

Ké AH L SD=> AH =d(4,(SL)))

a3

4

Taco AD :%MC =
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Ta ¢6 12= 12+ 12=192:>AH=‘“/§
AH>  AS®  AD® 3a 19
= d(SI,4B) = ‘“1/95_7

Cau 217. Hinh chép S.ABC c6 day ABC la tam giac vudng tai C. C6 CA=a, CB=b,
canh S4 =h vudng goc v6i day. Goi D 1a trung diém canh 4B. Khoang cach giita hai
duong thang AC va SD 147

A ah B bh C ah D ah
Na' +h Vb +4h Vb +4h? Vb +2h

HD. Chon dap 4n B
Dyng hinh binh hanh 4CKD = d(AC,SD)=d(AC,(SDK))=d(4,(SDK))=d.

+) Ké APJ_DK:>L ! 1

= + .
d* SA° AP?

+)Goi M = BC n DK = ACMP 14 hinh chit nhat = AP = CM :g

= L = L_Fi =d= b—h

e nob Vb + 4K’
CAu 218. Cho khdi ling tru ABC.A'B'C' c6 day la tam gidc ABC can tai 4 co
AB=AC =2a; BC= 2a+/3 . Tam gidc A'BC vudng can tai A' va nam trong mit phang

vudng goc véi day (ABC ) Khoang cach giita 2 dudng thang AA' va BC la:

D. a3

5
2 2

A. a3 B. a22 c. &

HD. Chon dap an D
+) Goi H 1a trung diém cua canh BC
= A'HJ_(ABC):> A'H 1 HC= HC 1 HA'.

HC 1 HA

+) AABC cantai A= AH L HC =
HC 1 HA'

= HC 1L (A'AH)= BC L (A4'AH)
+)Ké HP L A'A(Pe A'A)= BC L HP

= HP 1a duong vudng goc chung cua A'A va BC = d(A'4,BC)=HP.

+) A4'BC vudng can tai A':>A‘H=%=a\/§.

H 308



Tuyén chon va gidi thiéu: Nguyén Qudc Hoan 0913 661 886

+) Canh HA =+ AB> - BH> =~4a* -3d’ =a

Cau 219. Cho hinh chép S.ABC c6 day ABC la tam giac vudng tai 4 va SA vudng goc voi mat
phang (ABC). AB = AC = SA =2a . Goi I 1a trung diém ciia BC. Tinh theo a khoang cach
giita hai duong thang SI, AC.

A 2av10 g, 25 c. aV10 D, 45
5 5 5 5
HD. Chon dap 4n B
+) Goi E 1a trung diém ctia canh
AB= AC//IE= AC//(SEI)
= d(AC,SI)=d(AC,(SEI))=d(A,(SEI))
{AC//IE
+) = IE | AE,
AC L AE
ké AP 1 SE(P € SE)
= d(A.(SEI))= AP = d(AC,SI)= AP
Ta co
T S S - 2075 = d(AC,SI)= 2aV5
AP SA* AE* 4d® 4 4a 5 5

Cau 220. Cho hinh chép S.4BCD c6 ddy ABCD 1a hinh vudng canh . Hai mit phang (SAB )
va (SAD) cling vudng goc véi day. Goc giita duong thang SB va mit phing (ABCD) bang
60°. Tinh theo a khoang céch giita hai duong thang SB, AD.

A. a\/§ B. 4

HD. Chon dap 4n B
(S4B) N (SAD) = S4

+) 1(S4B) L(ABCD) = SA L (ABCD)
(SAD) L(A4BCD)

a a

C. D.

3 3 3
2 3 5

— (SB,(4BCD)) = SBA = 60°

+) AD//BC = AD//(SBC) = d(AD,SB)=d(AD,(SBC))=d(4,(SBC))

+) Tacd AB L BC,ké¢ AP L SB(P e SB) = d(A,(SBC))= AP = d(AD,SB)= AP.
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Cau 221. Cho hinh chop S.ABCD c6 day 1a hinh binh hanh ABCD tam O tam giac ABC vudng
can tai A ¢c6 AB=AC=a, SA J_(ABCD). Puong thing SD tao v6i ddy mot goc 45°.
Khoang cach giita 2 duong thang AD va SB la:

NEAE p. &5 c. @10 p, 410
2 5 10 5
HD. Chon dép an D
Lay M 1a trung diém BC, H 14 hinh chiéu cta 4 1én SM.
Xdc dinh duge (AD,(ABCD)) = SDA = 45°
SALBC 1 AM = BC 1 (SAM )= BC L AH
AH 1 SM = AH 1 (SBC)= d(A4,(SBC))=AH
Vi AD//(SBC) chira BC nén:
d(SB,AD)=d(AD,(SBC))=d(A,(SBC))= AH
1 1 1 2

Tinh: SA = AD = a2, AM =—— =+ 2:>AH=a\/:.

2 AH?AS® T AM 5

Cau 222. Cho hinh chép S.ABCD day ABCD la hinh vudng canh a, canh bén SB =bva tam
gidc SAC cén tai §. Trén canh AB liy mot diém M voi AM = x(O <x< a).Mét phing (a)

qua M song song v6i AC va SB cat BC,SC, 54 , 1an luot tai N,P,Q . Xéc dinh x dé 16n Sympo
nhét.

A. a B. c.é p. 2
2 3

ENEEN

HD. Pap an C

OM _AM _CN _NP
SB  AB CB SB

Lai c6: S4=SC = AC 1 (SBD)= AC L SB=>MN L NP = MNPQI4 hinh chit nhat

= OM = NP va QM //NP = MNPQ la hinh binh hanh.

MN _BM _MN _AC _ 2 & MN - \/>(

: o a—x)
AC BA MB AB

Ta co:

MQ _ AM bx(a—x)V2
oSMO=—=S =MOMN =——-—
SB AB 0= a Mpe © a

bx(a—x)\/i < b\/Ex(x+a—x)2 ab\/i

SMNPQ B a a 4 4

A M 5 . a
Dau bang xdy rakhi x=a-x< x=—
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Cau 223. Cho hinh chép S.ABCD c6 day ABCD la hinh vudng canh a, S4 vudng goc voi mat
phépg (ABCD) va S4=a. Goi E 1a trung diém cta canh CD. Tinh theo a khoang cach tir diém
S deén duong thang BE

A. 245 AR c. 4 D. 3aVs
5 3 5 5
Pap an D

Goi F la trung diém BC, goi H 1a giao diém ctua FAva BE
Ta chirng minh dugc AF | BE
Lai co BE 1 SA= BE L (AFS)= BE L SH

a5
2

Tinh AF =

= AH = "‘5/5 = SH =/SA* + HA® =—3“5*/g

,AH .AF = AB’

Cau 224. Cho hinh chop S.ABCD c6 ddy ABCD la hinh vudng canh a, tdm O,
SA L (ABCD,)SA=a. GoiI la trung diém ctia SC va M 14 trung diém cta AB. Tinh khodng
cach tir diém 7 dén duong thang CM.

A. a2 B. a3 C. aV30 D. a3
5 17 10 7
Pap an C

Ké duong thang A vudng goc véi CM tai H, cat BCtai N .
Ta co: NB.NC = NH.NA = (NA —HA) NA=NA* — AH AN

< NB.(NB+BC)=NA® - AM .AB

< AM .AB+ NB.BC = NA* — NB?

@AB(%JrNBj:ABZ @NBz%

ViSALCH L AN = CH L (SAN)= CH L SH = d(S,CM ) =SH

Tinh AH.AN = AM.AB < AH :#: SH =~/SA> + AH? :@
Mi SC =2IC = d(S,CM)=2d(1,CM) = “\1/(':’_0.

Cau 225. Hinh chép S.4BC c6 day ABC la tam gidc vuong tai A, BC =2a, ABC =60°. Goi M
1a trung diém canh BC va SA=SC = SM = a5 Khoang cach tir S dén canh 4B la:

A. aV17 B. aV19 C. a\19 D. a\17
4 2 4 2
Pap 4an B

+) vi §4=8C = SM nén hinh chiéu H cia S 1én mit phing
(ABC ) 1a tim duong tron ngoai tiép tam giac ABC .

Tir H ké duong thang vudng goc 4B tai K.

Vi AC//HK vi MH //BK nén HK :%:%.

+) Vi SH L BK 1 HK = BK 1 (SHK)=> AB L SK = d(S,(4B))=SK
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—_— —_— . B
+) Vi AMH = BAM = 60° = AAMH deu AH=AM=TC=a

= SH =+/SA> - AH? =2a = SK =\SH> - KH? = "\P
Cau 226. Cho khdi chop S.4BCco day la tam giac vudng tai B, BAd=a,
BC =2a,54 =2a,S4 L (ABC). Goi H, K 1an lugt 1 hinh chiéu ctia 4 trén SB,SC. Tinh khodng
cach tir diém K dén mat phang (S4B)

A 3 B 2 c. 2 p. 24
9 9 9 9
Pap 4an A

SB=~SA* + AB> = a\J5,5C =/SA*> + AC* =3a
SSAH:(SAJZ_4 g 48y, _4d”

_§:> SAH — \/g 5

S \SB
SH.SB = SK.SC = SA> = SH = 4_‘;,SK - 43_“
Vsae _ 54 SH SK _ 16
Ve pe SA SB SC 45
16V, 324°  d(K,(S4B))Ss,, 8a
SV g =——2C = = = d|(K,(S4AB))=—
ST 45135 3 (K, (548)) 9

Cau 227. Cho hinh chop S.ABCDday 1a hinh thang, ABC = BAD =90°,
BA=BC =a,AD =2a. Canh bén SA4 vudng goc véi day va S4 = a2 . Goi H 1a hinh chiéu
ctia 4 1én SB. Tinh (theo a ) khoang cach tir H dén mat phang (SCD)

A B. %2 c. 2 p. 2
3 3 3 3
Pap an D

Goi M la giao diém cuia CD va AB.
Tacé AD =2a,AC =CD =a2 = AC 1L DC
Lai 6 S4 L CD=>CD L(SAC) véi d =d(4,(SCD))

11 1
3—22—24‘—2361:0
d* SA4* AC
Viﬁzﬁzl:d(&(sa))):
MA AD 2

2a\/§

3

2d(B,(SCD

H_Szgjd(H,(SCD)):u:ﬁ

BS 3 3 3 i
Cau 228. Cho hinh chop S.4ABC c6 tam giac ABC vuodng tai A, AB=AC =a, I 1a trung diem
ctia SC, hinh chiéu vudng goc cua S 1én mit phing ( ABC) 1a trung diém H cta BC, mit phing
(SAB) tao véi day mot goc bang 60°. Tinh khoang cach tir diém 7 dén mit phang (SAB) theo a.

d_a
2 2

T SH.SB=SA* = SH =

A a3 g @3 c a3 . 4
2 8 4 4
Pap an C
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Goi M 1a trung diém 4B va K 13 hinh chiéu cua H 1én SM

Ta xéc dinh ((SAB)(ABc)) — SMH = 60° nén tir MH = % - % = HK = MZ‘B - #

Taco HI//SB<(SAB)= d(1,(S4AB))=d(H,(S4B))= HK

Cau 229. Cho hinh chop S.4BC c6 day la tam giac vudng tai 4 va AB=2a, AC = 2a+/3 . Hinh
chiéu vudng goc cua S trén mit phiang ( ABC) 1a trung diém H cta canh AB. Géoc giita hai mat
phang (SBC) va ( ABC) bang 30°. Tinh khoang cach tir trung diém M ctia canh BC dén mit
phang (S4C)

A 93 B. &Y c. 2P D. 2
5 3 5 5
Pap an C P
Taco d(4:BC)=—=24C __ .3
VAB* + AC?
s 1 a3
Dung HK 1 BC .Khido d(H;BC):HK:Ed(A;BC): >
HK L BC —
0 = BC L (SKH)=> SKH =(SBC; 4BC) =30°
BC LSH

Suy ra SH =HKtan30°:% .Dung HE 1 SA4 khi do HEJ_(SAC)

Do HM /1 4C = d (M (SAC)) = d,, = HE ——SHHA__ a5

SH> + HA* 5
Cau 230. Cho hinh chép S.4ABCD c6 day ABCD 1a hinh thoi canh a, goc BAC bang 60° . Hinh
chiéu vuong goc ctia S trén mit phang ( ABCD) 1a diém H thudc doan BD sao cho HD = 2DB.
Puong thang SO tao véi mit phang ( ABCD) goc 60° véi O 1a giao diém ciia AC va BD. Tinh
khoéang cach tir B d&én mit phang (SCD) theo a

N g, 307 c. a7 p, 2047
15 14 11 15
Dip in B |
D¢ thay tam gidc ABC deu va H la trong tdm tam giac ABC .
Khi d6 OB = % = OH = %. Mic khéc SOH = 60°
3 3

Suy ra SH = 0Htan60°:%. Do BD="BH = d,=>d,
Dyng HE 1 CD;HF 1 SE khi d6 d, = HF

Lai c6 HD = 2";6 — HE = HDsin BDC = HDsin30° = #
Vayd, = Spyp=> HESH W7
2 2 JHE* +SH> 14

Cau 231. Cho hinh chop S.4BCD day la hinh chit nhattdm 7, c6 AB=a,BC = a\/§ .Goi Hla
trung diém A/. Biét SH vubng goc voi mat phang day va tam giac SAC vudng tai S. Tinh khoang
cach tur C dén mat phang ( ABD)

3a B

a
. . — C. D.
V11 V13

34 4
Jis V17
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Pap an C
Ta c6: AC =+ AB*+BC* =2a

3a a\/§

Khi do HA:%;HC:T:SH2 :HA.HC:SH:T

Do CI =2HI = d.=2d,
Dung HE | BD;HF 1 SE
SH.HE
SH’ + HE?
Mic khic HE = d(H;BD)=—d(4;BD) IEER d, ==L
2 2 Jis
Cau 232. Cho hinh chép S.ABCD c6 day ABCD la hinh chit nhat ¢c6 4B =a,BC = 242 .
Hinh chiéu ctia S 1én mit phang day 14 trong tAm cua tam gidc ABC. Goc giita duong thang SB
va miat phang ( ABCD) bang 60°. Tinh khoang cach tir diém 4 dén mit phang (SBC)

khidé d.=2d, =2HF =2.

A. 3a7 B. C. D. 321
15 14
Pap an D
Ly
Tacéd BD=+AB* + AC* =3a suyra HBz%za -
I A
Do SH L(ABC)= (SB;(ABC)) = SBH = 60° ff P
|"|'.II E II| M“‘-\
Suy ra SH = HB tan60° = a~/3 . Eﬁﬁ’_ﬁ’_j___'j____ I
Dung HE | BC;HF 1 SE khi d6 Lo b S
Do AD//BC=d,=d, =3d, =3HF S H Y ;.-"f
.__ ot . ||' -
CD a HESH — 3a21 o ———%

Mic khac HE =——=—=4d, =3HF =3. =
3 3 JHE> +SH® 14

Cau 233. Cho hinh chép S.ABCcd AB=AC,BC = a\/g,BAC =120°. Goi I 1a trung diém

canh AB. Hinh chiéu vuéng goc cua dinh S trén mat phang day 13 trung diém H cua CI, goc giita

dudng thang SA4 va mit day bang 60°. Tinh khoang cach tir diém A dén mit phang (SBC)

A. 4aV37 B. — L C. 3a¥37 D. 2a\37
37 J37 37 37
Pap an C

Dit AB= AC = x = BC = AB> + AC* —2AB.AC.cos120°
Do d6 BC=x\/§=a\/§:>a=x .

Dyng HE L BC;HF L SE khi d6 d(HI(SBC))=HF .
Mt khéc d, =2d, =4d,, = 4HF

Lai c6: HE =~ d(4;BC)L 4Bsin30° =2,
4 4 8

Mic khac CI =/ AI* + AC* = 2I4.AC.cos120 = “\2/7
2 2 2
Dodé ar? =4 ZAC _’i :AH:#:SH:%
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Do dé d, =4HE -4, —221 a3

VHE*SH® 37
Cau 234. Cho hinh chép S.4BCD c6 day ABCD 1a hinh thang vudng tai 4 va B. Hinh chiéu
ctia S 1én miat phang ( ABCD) trung v&i giao diém 7 ctia AC va BC. Mit bén (SAB) hop véi day
mot goc 60°. Biét ring AB = BC = a, AD = 3a.. Tinh khoang cach tir D dén mat phang (S4B)
theo a.

NS p. ¢ 33 o 33
Pap an D
Theo Talet ta co: I€_1B_BC_1
IA ID AD 3
Khi do £222131E23_a_
AD BD 4 4
Dung HE 1 AB;HF L SE
Suy ra d(1,(SAB))= HF = IEsin 60° = %
Lai ¢6 d, =4d, = 3"2*/5

Cau 235. Trong mat phéng (P), cho hinh thoi ABCD c6 @9 dai cac canh béng a, ABC =120°.
Goi G 1a trong tam tam giac ABD. Trén duong thang vuong goc véi (P) tai G, liy diém S sao
cho ASC =90°. Tinh khoang cach tir diém G dén mat phang (SBD) theo a.

A 2 B. & C. & D. -4
V17 V27 V17 7
Pap 4an B

Do ABC =120°nén d& dang suy ra 30°1a tam giac déu
Khi d6 AI:#: GA :#;GC: 2a;/§

Suy ra SG =vGA.GC = a;/g .Do AC 1 BD nén ta can dung

GE L SI suyra d(G.(SBD))=GE =— 229 _ a6

JGrrsg® 9
Cau 236. Cho hinh chop S.ABCD c6 day ABCD la hinh vuong, BD = 2a ; tam giac SAC vudng

tai S va ndm trong mit phing vudng goc véi ddy, SC =a~/3 . Tinh theo a khoang cach tir didm

B dén mit phang (S4D) .
A 2013 B 24 c. 221 p. V13
7 7 7 NG
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Pap 4an C J“n
Tacé AC = BD =2a;SC* :AC.HC:HC:%“:»HAzg FARN
[l ' I.!|~ k\"‘\-
1"' |" i *I'Ih -H"'.
Suy ra SH =HAHC = “‘2/3 AR ,
e it
Mic khic BC//AD =>d(B,(SAD))=d(C,(S4D)) /,: i e ;”j
Lai c6 CA=3HA=>d.=4d, . Dung HE 1 AD;HF 1 SE . ;(-' "'~.f~y,f
g =
C6 HE = HAsin45°=—2_ “
202

Khidé d.=4d, =4 HE.SH zza\/i.

JHE*SH? 7
Cau 237. Cho hinh chop S.4BCDc6 day ABCD la hinh thang vudng tai 4 va D,
AB =3a,AD = DC =a. Goi I 14 trung diém cta 4D, biét hai mat phing (SBI ) va (SCI ) cling
vudng goc v6i day va mat phang (SBC) tao v6i day mot goc 60°. Tinh theo khoang cach tir
trung diém canh SD dén mat phang (SBC)

A. a17 B. a1s C. a6
5 20 19
Pap 4an B
(SB]) 1 (ABCD)

Ta co (SCI) 1L (ABCD) =871 (ABCD)
(SBI) L(SCI)=SI
Goi P 1a trung diém cua canh SD

d(P,(SBC)) =%d(D,(SBC)) :%3?& (1)

SBC

Ke IK L BCui K = ((SBC);(4BCD)) = SKI = 60°

tan60°:%:\/§:>S]:IK\/§

1
Taco S, :EIK'BC:SABCD —S.s =S =%a(a+3a)—%.—.3a——.—.a
Ma BC = AD* +(AB—CD) =a* +(3a—a)’ = BC=axl5 = IK = 2% = 51 = 2073
5 5
. 1 1 a’ 1 Za\/g a a
Ma Sy =S50 = Samo :Ea(a+3a) :Easa :7: Vissc =Vssen 3 NG TZﬁ
Taco cos60°= o L sx o =295 —Lskpe-L 29 524
SK 2 J5 2 2°\5
3
a15

Thé vao (1)= d(P;(SBC))= > ‘/_2 = =
2 2a 4J_ 20

Cau 238. Cho hinh chép S.4BCD ¢ ddy ABCD 1a hinh vudng, goi M la trung diém cuia 4B.

Tam gic SAB can tai S va nam trong mit phiang vudng goc véi day (ABCD), biét SD = Za\/S—,
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SC tao v6i mit day ( ABCD) mot goc 60° . Tinh theo a khoang cach giita hai dwong thang DM
va SA.

A a\/E B a\/g C 2a\/g D 3a\/§
N “J79 NET) NET)
Pap an C

bat AB=BC=CD=DA=2x>0.
Ta co ngay SM L (ABCD)

SM .
= SCM =60° = tan 60° = =— = /3 A
MC T
Canh CM =~/BC? + BM? =/4x* +x* = x5 f; 5y
= SM =x/15 e rl : 1
Canh MD =~/ AD* + AM* =4x* +x* = x5 A -
Tir SD* = SM” + MD? iy 2
=15 +5x° =20x" = x=a #
Dung hinh hinh hanh ADMN nhu hinh vé DM // (SAN ) =d (DM SA SAN =

1 1 1 1 1 1
Tadignvuong = —=——+——+——=——+—+ —h=qa. |—

h* MS* MA* MN? 154 o 4d°
Cau 239. Cho lang tru ABC.A4,B,C,c6 cac mat bén la cac hinh vuong canh a. Goi D, E, F lan
luot 14 trung diém cac canh BC, 4,C,, B,C,. Tinh theo a khoang cach giita hai dudng thang DE

va AF.

a17 a a17 a17
A. B. — C. D.
3 J17 4 2
Pap 4an B
BB 1 AB,
Ta c6 = BB, L(4B,,) &
BB, L BC, Ay i
Ké EP//AF(PeBC,)= AF//(DEP) -
!
= d(4F;DE)=d(F;(DEP))=h K |'/ :
Baira D va F lan lugc 1a trung diém ctia céc canh BC va B,C, r
= DF //BB, = DF 1 (A4BC,) r
di ke --k=
Tam giac PEF vuong tai P, ké FH 1| DPtai H > h=FH L‘\"'-nft
:L—L.FL—L_F;:)}I—L H'Il:-"'!;
hz DF2 FPZ a2 (aJZ \/ﬁ .EJ.
4

Cau 240. Cho liang tru dimg ABC.A'B'C' ¢ day ABC l1a tam giac vudng tai
B,AB=a,44'=2a,4'C=3a. Goi M 1a trung diém ciia doan thing A'CLT giao diém ciia
AM va 4'C  Tinh theo a khoang cach tir diém 4 dén mat phang (/BC)

AL 2a\/§ B a\/§ a\/g D Za\/g

. C. .
5 3 3 3
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Pap an D

Lang try dimg ABC.A'B'C'= A'A L (4BC)

Tacé d =d(A4;(IBC))=d(4;4'BC)

Ké AP L A'B(Pe A'B)=d(A4;A'BC)=AP=d = AP
(N S S 2a

> —=—4+——=—+—>>d="F
d* AB* A'A> & 4d J5

Céu 241. Cho hinh ling try tam giac déu 4BC.4'B'C'¢4 canh day bang a. Goi M trung diém
ctia canh A4', biét BM L AC" Tinh khoang cach tir C dén mat phang (BMC').
A a5 a2 a5 a5
"5

B. C.— D. —
2 3 5

Pap 4n B
Lang try tam gidc déu A4'A L (ABC )
Goi D=C'M NCA=d =d(C;(BMC"))=d(C;(MBD))
Ta co D—AzA—le:CD=2AD

DC CC' 2
= d(C;(MBD))=2d(4;(MBD))= d =2d (4;(MBD))
Ké AK L BD(K € BD),AP L MK (P e MK)=>d =2AP

Tam giac ABD céan tai A= cos60° = AR = 1 )
AB 2 2

MB=MA+AB=L 14+ 4B
Ta cbd 2

AC=A'C'—A'A=AC-A'4

2 A|A2

— MBAC'=| + A4+ 4B |(AC - AA) =+ 4" 4 + AB.AC cos60° =
2 2 2 2

Baira MB L AC'= MBAC =0= A'A=a= AM ==
J2
= 12 = ! >+ ! 5 =iz+izz>AP:L:>d=i
AP*  AK? AM? & a 2\2 2
C‘ﬁu 242. Cho hinh léng tru ABC.A'B’ C'j A4BC déu c6 canh bé’mg a,dd'=a va dinh A’ cach
déu 4, B, C. QQi M N, lan lugt 1a trung diém cua canh BC va A ’B . Tinh theo a khoang cach tur
C dén mat phang (AMN).

a5 a3 a5 aN22

B. C. D.
23 33 22 11

A.
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Pap an D )
Goi H la tam dudng tron ngoai tiep tam gidc 4BC
(A'A=A'B-A'C
Ta co = A'H 1 (A4BC)
HA=HB=HC
Qua N ké dudng thing song song voi A'H cat AM tai K
NK 1 (ABC) Ké KE L AM.FK 1 NE
Tacé d(C;(AMN))=d(B;(AMN))=2d (K;(AMN))
. |AM L KE
Taco
AM 1 NK

Ma KF L NE = KF 1 (AMN)=KF Ld(K;(AMN))
Ta ¢6 AH=§AM= a;/g:A'H:\/AA'z = AH’ = "‘3/5

1 a6 1 1

= AM L (NKE)=> AM L KF

1 1

= NK==A'"H="2Tacé KE=—BM =-BC=2_Xét AKEN tac6 —— =———+——
5 6 5 4 4 KF? KE®> KN

av22

11
Cau 243. Cho hinh ling try ABC.A'B'C'qsy ABC 1a tam gisc vudng tai
B,AB=a,ACB=30°M trung diém canh 4C. Goc giira canh bén va mit phing day cua ling
tru bang 60°. Hinh chiéu vudéng goéc cua dinh A’ 1én mat phang ( 4BC) la trung diém H cua
BM. Tinh theo a khoang cach tir C' dén mit phang (BMB').

a a

= KF =

2;2 = d (K;(4AMN))= 252 = d (C;(AMN)) = 2d (K;(AMN)) =

A o B, V3 c. 2 p, 42
2 3 4 2

Pap an C s __?f'
Tacé AA'N(ABC)={A}va A'H 1 (A4BC) f?“*.:- =y

- N N lr.-" DR e

:(AA',(ABC))=(AA',AH)=A'HA=60° ;Y (5:’;

B N A A
Do AB=a,ACB=30°= BC=a\3,AC=2a,AH =" ¢ &5 L ™
2 ;,h’f J};j-—:’_ pp—]

Ta ¢ tanA‘AH:%:»A'H:AH.tanA‘AH:%“ el

Qua B ké Bx//A'H, qua H ké duong thing song song véi A'B' cit Bx tai
K:BKJ_(ABC)

Do C'C//B'B=d(C"(BMB"))=d(C;(BMB"))
Ma MB//CK = d(C;(BMB"))=d (K;(BMB'))

: . [BM LBK
K¢ KE 1 BB'taco = BM 1 (BKB')= BM 1 EK,
BM LB'K
Ma EK L BB'= EK L (BMB'). Tac6 BK = AH = "23 ,B'K=A'H=3?a.
. 1 1 3a , ,
Tac6 —5=——+—>=KE="—-=d(C'(BMB"))
KE* KB’ KB'
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Cau 244. Cho hinh lang try ABCD.4'B'C'D' ¢4 day ABCD 14 hinh vudng canh bang a. Hinh
chiéu vudng goc ciia diém A’ trén mat phang ABCD 1a trung diém I cua canh AB. Biét 4 °C tao

. tano = i . )
voi mat phang day mot goc & voi V5 . Tinh theo @ khoang cach tir diém B dén mait
phing (A AC).
A2 B. 24 c.a p.
2 3 4 2
Pap an B

Taco AC'N(ABCD)={C}va A'I L(ABCD)

:(A'C,(ABCD)) =(4CIC)=a'Cl =

2) 5
Tac d(B;(A'AC))=2d(1;(4'AC))Keé IE L AC,IF L A'E
,{ACJ_]E
Taco

' 2
Ta co tana:%:A'I:IC.tana: a2+(aJ .i:a

= AC L(A'IE)= AC LIF,ma IF L A'E=IF 1(A'AC)

AC L AT
Ta c6 IEleDza\E. Ta c6 12= 12+ 12:%:IF:£:>d(B;(A'AC)):2—a
4 IF> IE* 14" a 3 3

Cau 245. Cho hinh chép S.4BCD c6 day hinh vuéng ABCD canh a va canh bén S4 vudng goc
v61 mat phang ddy. Goc gitra SC va mét phang ddy bang 45°. Goi £ la trung diém BC. Tinh
khoang céch cua hai duong thang DE va SC theo a

A a B. 2a\/§ C. a\/ﬁ D. a\/g
19 9 19 9
Pap an C

Ta c6 SCN(ABCD)={C}va SA L(ABCD)
= (SC,(4BCD)|=(5C,AC) =5CA =45°

Taco AC=AD*+CD* =a2 = SA=a2
Qua Cké Cx//DE = d(DE,SC)=d(DE,(SCx))=d(I,(SCx)),

Ma 1< :%:s d(1,(SCx)) :%d(A,(SCx))

Ké AM 1 Cx,AN 1 SM
C|CM L AM

Ta co
{CM 1S4

3a/5 1 1 1 19 3a/38
5 = = AN 9

= CM L(SAM )= CM L AN,ma AN 1 SM = AN 1 (SCx)

a38
T 2 = 2
AN®  AS™ AM*® 18a” 19
Cau 246. Cho hinh chop S.4BC cé tam giac SAB déu canh a, tam giac 4ABC can tai C. Hinh
chiéu cua S trén mat phang ( ABC) la trung diém cua canh AB, gbc hop boi SC va mat phang
day bang 30°. Tinh khoang cach cua hai duong thang S4 va BC.

Tacdo AM =

= d(DE;SC) =

ECE B. 24 c. =~ D. ¢
J13 13 13 13
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Pap an A

Goi H 1a trung diém 4B = SH L (ABC)

Tac6 SCN(ABC)={C}va SH 1 (4BC)
a3 SH  3a

TacO6SH =——=CH= s
2 tan30° 2

Dung hinh hinh hanh 4BCD = 4D //BC
= d(S4; BC)=d (BC;(S4D))
=d(B;(S4D))=2d (H;(S4D))
K¢ HE L AD,HF | SE

, {AD L HE
Ta co

= AD 1 (SHE)= AD L HF,ma HF 1 SE = HF 1 (SAD)

AD 1 SH
Ta cb sz = HL[Z + H})Z _ 94:2 = HE = 2\3/(;—0,
Ta lai c6 H;Z =H22 +ng - 9552 :HFZ%
= d(H:(54D)) = = = d (54:BC) =24 (H3(54D)) =

Cau 247. Cho hinh chép S.4BCD tir gidc ABCD 14 hinh thang can, hai day 1a BC va AD. Biét
SA=a2,AD =2a, AB = BC = CD = a . Hinh chiéu vuodng gbc clia S trén mit phiang ( ABCD)
trung v4i trung diém canh AD. Tinh khoang cach giita hai duong thang SB va 4D.

A 2 B, 21 c.2 D. 2
3 7 7 7
Pap 4n B
Goi H1a trung diém 4D => SH 1 (ABCD)
Goi M la giao diém cia BC = HM L BC viAHBC can tai H
AD//BC= AD//(SBC)=>d(AD;SB)=d(AD;(SBC))=d(H;(SBC))
. [SH L BC 3
Ta c6 = BC L(SHM),
HM 1 BC
ké HK | SM = HK 1 (SBC) '. \.\\
Xét ASHM vudng tai H, ¢ ! T | -+ ! = ' / ; Ay
T SH? ' HM ; N\
. . 1 i
Ma SH =/s4* ~4H" = ( a\/_ _.;;’_7_“ ek h__\},.g
o p.'\'r‘ ;
HM - H _a¥3 HK_aW i
2 7 y )
Viy d(SB;AD)=d (H;(SBC))= HK = “‘F BN
A N / r o3z 'R A a\/ﬁ \ A
Ciu 248. Cho hinh chop S.ABCD c6 day ABCD la hinh vuong canh a,SD = 2 hinh chiéu

vudng goc cua S trén miat phang ( ABCD) 1a trung diém H cuia doan 4B. Goi K 14 trung diém
cua doan AD. Tinh khoang céach gitia hai duong thang HK va SD theo a.
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A O3 g, 3 c. o3 p, @3

25 45 15 5
Pap an D
Ké HM L BD véi M e BD= BD | (SHM ) 5
Ké HE | SM(E e SM) ma BD | HE — (SHM )= HE 1 (SBD) !&\

III'llu
+)ASHM vubng, c6 12: 12+ ! Z:HE:M I|li-"I \\
HE> SH® HM JSH? HM? i .
2 2 AC  av2 I'I EF;_'E_};_ --f.--._"_‘
Ma SH =~/SD? —HD? =a\3va HM =2~ = fahro /7:,
4 4 JFE,.._I'_,F' 'I.V__'

2 - -.; e -
HE = (aﬁ. "f} : 1/25; - “;_/g = d(H;(SBD))= "‘5/5 Ll N7
z v

Mic khac HK //BD=> HK //(SBD)=d (HK;SD)=d(H;(SBD))

Vay khoang céch gitra hai duong thang HK,SD bang a

3
5
Céu 249. Cho hinh hop chit nhat ABCD.4,B,C,D, c6 ba kich thuéc AB=a, AD=2a,
AA, =3a . Khoang cach tir 4 dén mit phang (AIBD) bang bao nhiéu?

A a. B. %a. C. %a. D. éa.
Chon D.
. AI DI
:‘\ N\
* Trong (ABCD) dung AH 1 BD, 2 //i\ -
ta ching minh dugc BD L (A4 AH). o \\\ L
Trong (4,AH) dung AK 1 AH /3 \\\ N R
ta chimg minh dugc AK L (A4BD) =d(4,(4,BD))= AK Fa ‘);K .
/ :/ \\ N\
* Ta co L1 + ! i /‘f“:-%-"gq ------ ;-;-\- D
AK®  AH A4 P N
Sy
ma L __1 + ! =
AH® 4AB* AD? B ¢
1 1 1 4
do do == 12+ 12+ 12=—2+ st— = 92 :>AK=§a
AK® AB° AD” AA° a 4a” 9a 36a 7
Cau 250. Cho hinh choép S.4BCDco6 SC :@ day ABC la tam giac vudng tai

A, AB =2a, AC = a va hinh chiéu cta S trén mit phfmg ( ABQC) 1a trung diém cua canh AB.
Tinh khoang cach giita hai duong thiang BC va SA.

A2 B. 2 c. 2 p. 2

5 5 5 5
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Pap an B
Goi H 1 trung diém ciia 4B = SH 1 (ABC) i
+) HC =\ AH? + AC* = aNJ2 = SH =/SC? - HC? =% ﬂlﬁl \“*-\
+) d(H;BC)=Ld(4pc)=L AB4AC __a 'ﬁ, _'[ -

2 2Japract 5 SRy
Tir Aké dudng thang AD song song véi BC (nhu hinh v&). £ S T |'| ff_,-"
Tacod AD//BC = BC//(SAD)= d(S4;BC)=d(BC;(S4D)) & 1

L F

=d(B;(S4D))=2d (H;(S4D))=> d (S4; BC) =2.d (H;(S4D))
Ké HE L AD = AD | (SHE)ké HK L SE = HK 1 (SAD)

SH.HE 2a 4a
Ma HK =———— === — J(S4; BC
JSH? HE* 5 ( )=

Cau 251. Cho hinh chop S.4BCD c6 day ABCD la hinh thang vudng tai 4 va B, vdi
AB=BC=a, AD = 2a(a > O). Céc mit bén (SAC) va SBD cing vudng goc véi mat phang
day. Bié'tv goc gitra hai mat phang (SAB) va ( ABCD) bang 60°. Tinh khoang cach giita hai
duong thang CD va SB.

A. 2a\3 B. 2a\3 C. aV3 D. 3aV3
5 15 15 5
Pap 4an A

Goi [ 1a trung diém cia 4D => BI //CD =>d (SB;CD)=d (CD;(SBI))=d (C;(SBI))

Goi O 1a trung diém clia AC = BINAC =0
D@ thdy ABCI 1a hinh vudéng = OH 1 BI L

Ké HK L SO(K € SO)= HK L(SBI) ‘F\\ A ‘ a
Ké HE | AB(E e AB)=> AB | (SHE) ri W a’ __,;7’
— — —_ I.'l lI : T"\f H\- .EI s

= (54B),(4BCD)) = SE. HE) = SEH = 60° PAS e
g g 3 €
-lrﬂ' .rrh,.l-l' ¥ I-__..-"" -
A Apr bl A7y
ABHC ~ A = H1C L, o a2 LS. e
HA 2 3
= HA= 2";5 = HE = 2“;5 (vi AAHE vudng can tai E), SH = tan 60°. 2% 2“[ 2"{

MéckhécHO:OC—HC:% suy ra HK = —21-HO _2a\3

JSH?HO* 5
Cau 252. Cho hinh chop S.ABCD c6 ddy ABCD 1a hinh thoi canh a, ABC =60°,SD = av2.

Hinh chiéu vudng goc cua S trén miat phang ( ABCD) la diém H thudc doan BD sao cho
HD =3HB. Goi M 1a trung diém ciia canh SD. Tinh khoang céch giita hai duong thang CM va
SB.

A B. a\éﬁ C. —“f D. —af

40
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Pap an B
Goi K la trung diém cua HD = MK | SH = MK J_(ABCD)
Ké KE 1 MO tai E= KE 1 (MAC)=> d(K;(MAC))=KE

3a\/§ 3a\/§ av's

= KD = = MK =

+) BD=a~3= HD =

4 8 8
4 0K —0p—kp -3 _3aV3 _ a3
2 8 8
+) ASHM vudng tai K, c6 KE = MK KO =a m

JMK* KO* 32
Tacé SB//MO=>d(SB;CM)=d(B;(MAC))=2d (H;(MAC))

Mic khic d (H;(MAC))=2d(K;(MAC))=d (SB'CM ) =4 KE
a~30

8
Cau 253. Cho hinh chép S.4BCD c6 day ABCD ABCD 1a hinh thang vuéng tai B va C,
AB =2BC =4CD =2a, giad st M va N lan lugt 1a trung diém cta 4B va BC. Hai mat phang
(SMN) va (SBD) cung vudng goc v6i mit phang day, canh bén SB hop voi ( ABCD) mét goc
60°. Tinh khoang cach gitta SN va BD.

A. a\/E B. a‘fi C. a‘/i D. a,fi
15 65 55 35
bap an B g
D¢ dang chung minh dugc MN L BD
“Biét BD, AB, AD = cos DBAva sin BMN = z_]]\\,/

— cos DBA =sin BMN = ABHM vuéngtai H = BH 1 H”
Goi E 1a trung diém cua CD = BD//NE = HN L NE F,

Ké HK 1 SN,K e SN = HK | (SNE)=>d (BD;SN) = HK
+)

(SB,(ABCD)) =SB, BH | = SBH = 60° = SH = tan 60°BH

N _a a _al5

= + = BH = SH =3.—F&==
BH® BM® BN’ N I\B 5

+) ABHN vuong tai H, = HN =+/BN* —BH* :%

Vay khoang cach giira hai dudng thing CM va SB bang

L Il.fr:l
/

Ty
oy~
T

[

"

‘ k]
L.,

L3 PR,

Ma

+) ASHN vuong tai H, c6 12: 12+ 12:>HK:aJi
HK® SH® HN 65
Vay khoang cach giita hai duong thang SN va BD bang a, /%
Cau 254. Cho hinh chép S.ABCDcd6 day ABCDla hinh binh hanh thoéa man
AB=2a,BC = a\/E,BD = a+/6.. Hinh chiéu vuodng goc ctia dinh S 1én mat phang ( ABCD) la

trong tAm ciia tam giac BCD. Tinh theo a thé tich khdi chop S.ABCD , biét rang khoang cach
gitra hai duong thang AC va SB bang a.
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3 3 3 3
A, H2a g, HY3a c. Y p, Y2
3 3 3 3
Pap an A 5
AB=2a
Ta co = BD? = AB* + AD* = AABDvudng tai A4 mh
AD=ay2 ff W S
= ABCD la hinh chit nhét d (B, AC) = _ABBC 24 N ..
Jag s B A
Goi G la trong tdm cua tam gidc BCD. / RN e
Tl Bké dudng thing d //AC,ké GH Ld =d 1L (SGH) t’ Ry *'\/
Ké GK 1 SHma d L GK = (SGH)= GK L (SBH) b ﬂ
Khi d6 d(AC;SB)=d(AC,(SBH))=d(G,(SBH))=a
2a 1 1 1 GK.GH
Mi GH =d(G;d)=d(B; AC) ===, suyra =+ =8G=——2Z =2
a ( ) ( ) \/g uy GK2 SG2 GH2 GHZ —GK2 a

1 \/—_4fa

Vay thé tich khdi chop S.ABCD 1a V = 5.SG.SABCD 3 L 2424,

Cau 255. Cho hinh chop S.4BCD c6 day la hinh thoi tam O canh a va c6 goc BAD = 60".
Puong thing SO vudng goc voi mit phang day (ABCD) va SO = %Ta . Khoang cach tir 4 dén

mit phang (SBC) 1a

A. a3 B. 34 c. 2 p. 3¢
2 3 4

Chon D. ‘
*Taco AABD va ABCD @éu canh a.

AC cat (SBC) tai C, O la trung diém AC
= khoang cach d(4,(SBC)) = laf (O,(SBC))

* Trong (ABCD) dung OH J_BC
trong (SOH) dung OK L SH ta chu’ng minh dugc OK 2 g& )

= khodng cach d(0,(SBC))=0 A
AOBC vudng tai O c¢6 OH duodng cao = 1 > = ! >+ ! >, ASOH vudng tai O c6 OK
OH- OB° 0OC

. 1 1 1 1 1 1 1 1 1 64

duong cao = - = 5 Tttt = >+ -+ s = =
OK® OH® SO° OB° 0C” SO (aj a3 (3aj 9a
2 2 4
1

OK =3§“ Vay d (4, (SBC))=50K:%“

Ciau 256. Choturdién ABCD c6 AB, AC,AD d6i mot vudng goc va AB = AC = AD =3. Tinh
dién tich S cia tam giac BCD.

SNE) 27 "2 .

A §S=—— B. §=27. C.S=—. D. §=
2 2 3
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Cau 257. Hinh chép tam giac déu S.4BC c6 canh day bang 3a, canh bén bang 3a . Tinh
khoang cach / tir dinh S t&i mat phang day (ABC )

A h=a. B. h=a6. C.h=%a. D. h=a\3.

Cau 258. Cho hinh 18p phuong ABCD.A'B'C'D' canh a. Trong cac khing dinh sau, khang
dinh nao la khang dinh dang?

A. Khoang cach tir diém 4 dén mat phang (A'BD) bang %.

B. Do dai doan AC’ bang a\/g_
C. Khoang cach tir diém A dén mat phang (CDD'C’) bing a2

D. Khoéng céach tir diém A dén mat phang (BCC 'B') bang 3761.

Cau 259. Cho goc x/O\y =90" va mot diém M niam ngoai mat phiang chira goc )@ Biét
MO = 6. Khoang cach tir M dén Ox va Oy bing nhau va bing 2+/5 . Tinh khoang cach 4 tir
diém M dén miat phing (Ox, Oy).

A h=23 B. /h=2. C.h=22 D. h=4.
Cau 260. Cho hinh 1ap phuong ABCD.4,B,C,D, canh bang a. Trong cic khang dinh sau,
khang dinh nio 14 khang dinh dung?

A. Khoang cach tir 4 dén mit phing (BIBD) bing %.

e N a
B. Khoang cach tr AB dén B,D bang —.
g 1 g NG

C. Khoang cach tir 4 dén mat phang (CDCIDI) bang a2

D. AC =a 2.
Cau 261. Cho hinh chép tir gidc déu S.4BCD canh day bang canh bén bang «. Tinh khoang
cach h tr AD dén mp (SBC ) bang bao nhiéu?

A h=22, B h=a¥2. c.h=2 D. h=-2.

V3 V3 2 NG
Cau 262. Cho hinh lang try dimg ABC.4,B,C,.c6 d0 dai canh bén A4, =21. Tam gidc ABC
1a tam gi4c vudng can tai 4, BC =42 . Tinh khoang cach h tir A dén (AIBC ) .

23 C.h=42. p.p=22.
2 2
Cau 263. Cho hinh lap phuong ABCD.A'B'C'D' ¢6 canh bang a. Tinh khoang cach # giita

hai duong thang BB’ va AC.
; o

N EAEY B. h="2. C.h=2. D. /

2 2 3 3
Céu 264. Cho trdién ABCD, ki hi¢u A, h,,h,, h, lan luot 1a khoang cach tir mdi dinh dén mat
phang chira mit ddi dién véi dinh d6 ciia hinh tir dién. Khang dinh nao sai trong cac khang dinh
sau?

A h=T2. B. h
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A. b =h, = h, = h, chi xay ra khi t& di¢n d6 14 tir dién déu.

B. Co tr dién ma mot trong bfm khoang cach béng do dai mot canh cua tir dién.

C. C6 tir dién ma hai trong bon khoang cach bang do dai hai canh cua tir dién.

D. i = h, = hy = h, khi cac mat cia tr dién dong dang.
Cau 265. Cho hinh chop S.ABCD c6 ddy ABCD la hinh chit nhat va AB=2a,BC=a. Céc
canh bén cta hinh ch6p bang nhau va bang a2 . Tinh khoang cach & tir § dén mit phang day
(ABCD).

av2, B h= 2 Y PRALY D, h=Y3
2 4 2 4
Cau 266. Cho hinh hop chlr nhét ABCD.A’B'C'D' c6 ba kich thude
AB = a, DA = b, AA'" = c. Trong cac két qua sau két qua nao sai?

Na' +b* + ¢’
— s

B. Khoang cach giira hai duong thing BB'va DD' bang \a* +b” .

C. Khoang cach giita hai duong thang AB va CC’ bang b.

A. h=

A. Khoang céch tir diém 4 dén mat phang (A'BD) bang

D. P9 dai duong chéo BD' bang Va* +b” +c* . A’ B
Chon A. Y N
Dung AH L BD,AK L AH , d(A4;(4'BD))=AK ,véi I
R SN U SV S N TS B § el \x
AK*  AH?  AA? AA?  AB* AC* 4 b P 4 /'é/—\\- a 2
4K = abc ,ﬁ_/_ _\\7;_—:=
\/azb2 +b’c* +cta’ D = p

Céu 267. Cho hinh ling try ABC.A'B'C’c6 tit ca cac canh déu banga. Goc tao boi canh bén
va miat phang dy bang30°. Hinh chiéu H cia 4 trén mat phang (A'B'C") thudc dudng thing
B'C'. Khoang cach giita hai duong thing A4'va B'C' la:

VAL B. 2 c. B D. £
et oy e ) ‘3 )

Chon A.
H 13 trung diém B'C’. Dung HK | AA', d(AA’;B'C') = HK,

1 1 1 1 1 16 3

2" g2 2= 7T 25520 =4
HK® ~ A'H® AH (a\/g) (asin30') 34 4
2

Céu 268. Trong cac ménh dé sau day, m¢nh dé nao 1a dang?

A. Qua mét diém cho trude c6 duy nhat mot duong phing vudng goc v6i mot dudng phing cho trude.
B. Cho ba duong thang a, b, ¢ chéo nhau timg d6i mot. Khi d6 ba duong thang nay s& nam trong
ba mit phang song song véi nhau timg d6i mot.

C. Doan vudng goc chung cua hai duong thang chéo nhau 1a doan ngin nhét trong cic doan
thang ndi hai diém bét ky 1an luot ndm trén hai duong thang dy va nguoc lai.

D. Qua mét diém cho trudc c6 duy nhat mot mét phang vudng goc v6i mot mat phang cho trude.
Chon C.

Cau 269. Cho hinh 1ap phuong ABCD.A'B'C'D’ canha . Khoang cach tir C dén AC’ la:
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A. & B. ﬁ C. aﬁ. D. a\/g.
3 3 3 y 3
Chon D.
d(C;AC")=CK ,CK 1 AC' tai K 2 — <
al /
Cll<2:A1Cz+Cé’2: 12+L2=23_2:>CK:a\3/3 :’Ii/
(av2) @ 20 S A I P
P S\ -~
~ == 7 N\\
D C

Cau 270. Cho hinh chép tir giac déu S.ABCD , day c6 tam O va canh banga, canh bén bang
a. Khoang cach tir O dén (SAD) bang bao nhiéu?

AL B. L. c. L.

2 NG)

Chon C.

Goi M la trung diém AD,O0K L SM , d(0;(S4D))=0K
L1 1
OK> oM’ SO

a®  a a

SO’ =84*-A40*=a’——=—, OK=—

2 2 J6

Cau 271. Cho hinh chép S.4BC trong d6 S4, AB, BC vudng goc voi nhau timg doi mot. Biét
SA=3a, AB=a3 ,BC = a6 . Khoéang cach tir B d&én SC bang:

A. 2043 . B. a\3. C. a\2. D. 2a.
Chon D. s
Q
Ta co: BH.SC = SB.BC; SC =3+/2a,SB = 23a,
suyra BH =2a. A

SA L(ABC),ASBC vudng tai B; BH 1 SC tai H

=d (B, SC ) =BH

Céu 272. Cho ti dién déu ABCD canha. Khoang cach tir 4 dén mat ph (BCD) bang bao
nhiéu?

A. 2a. B. aﬁ C. 3_a‘ D. ﬁ
3 2
Chon B. 4
G latrong tam ABCD
2 B »
d(4:(BCD)) = AG =\ 4B~ BG" = [f] o0 c
D

Cau 273. Trong cac ménh dé sau, ménh dé nao dﬁng‘{ ) .
A. Cho hai duong thang cheéo nhau a vab, duong thang nao di qua mét diém M trén a dong
thoi cat b tai N va vudng goc voi b thi do 1a duong vudng goc chung ciia a vab.
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B. Buong vubng goc chung A cua hai dudng thang chéo nhau @ va b nam trong mit phing
chira duong thang nay va vudng goc voi duong thang kia

C. Goi (P) 1a mit phing song song véi ca hai dudng thang a va b chéo nhau, Khi d6, duong
vudng goc chung cua a va b ludn vudng goc voi (P).

D. Duong thang A 1a dudng vudng goc chung cua hai dudng thing ¢ va b néu A vudng goc
véica avab.

Chon C.

Cau 274. Cho hinh chép S.ABCD c6 SA J_( ABCD) day ABCD1a hinh thoi canh bang a va

B =60". Biét S4=2a.Khoang cach tir 4 dén SC la:
A. 3"2‘/5. B. 2"\6. C. 5“2‘@ D. 4“\6.

5

Chon B.

AABC d&u, AC =a
Dung AK 1 SC,AK =d(4;SC).
11 115 245

AK*  SA*>  AC? (2a)2 a 24’ 5

D c

Cau 275. Cho hinh chép tam giac déu S.ABC canh day bang 2a va chiéu cao bang a~/3 . Tinh
khoang cach tir tam O ctua day ABC dén mot mit bén

A. a\/g. B. Za\/g. C.a i D.a\/g.
S

2 3 10
Chon C.
Goi M 1a trung diém AB, dung OK 1 SM
d(0;(S4B))=0K

1 11 1 1 3
OK: oM’ SO Tt r 2 OK=a
[a\/g} (a\/g) A

3

Céu 276. Cho hinh thang vuong 4ABCD vudng & A4 va D, AD =2a . T¥R duong thang vudng
goc tai D voi (ABCD) liy diém S véi SD = a~/2 . Tinh khoang cach giita duong thang DC

va(SAB).

\/5 a 2a
A. a2, B. &2 c. L. p. =%
3 \/E s \B
Chon D.
Dyng DK 1S4 , d(DC,(S4B))=d(D,(S4B))=DK
1 1 1 1 1 3 2a By c
DK® SD*  AD® 24’ 4’ 4a® NE)

A B
Céiu 277. Cho tir dién OABC, trong d6 OA, OB, OC d6i mot vudng goéc voi nhau va
OA=0B =0C = a . Khoang cich giita O4 va BC bang bao nhiéu?
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A B, 43 C.a. D. <.
2 2 2
Chon A.
Goi K 1a trung diém BC,OKJ_BC,d(OA,BC)zOKz%.

Cau 278. Cho hinh chop S.ABCD c6 diy ABCD la hinh vudng canh a, tdmO. Canh bén
SA4 =a vavudng goc voiday. Goi / la trung diém cua SC, M la trung diém cua 4B . Khoang
cachtr / dén CM bang bao nhiéu?

A 2L B. aﬁ. C. aﬁ.
Js5 J10 J5
Chon B.
Dung OH L CM ,khid6 d(I;CM)=IH
IH>=0r +OH>, 0I =2 .01 =4 :>IH=a£
2 215 J10

B
Cau 279. Cho hinh chép A.BCD c¢6 canh AC L (BCD) va BCD la tam giac déu canh bang
a.Biét AC=a2 va M la trung diém cta BD . Khoang cach tir 4 dén duong thing BD

bang:
av11 4a\/§ 3a2 2a\/§
5

A. B. . C. . D. .

3 2 A 3

Chon A.

d(A4,BD)=AM =N AC* +CM> :ag

D
Cau 280. Cho tir dién SABCtrong d6 S4, SB, SC vudng goc voi nhau tung do6i mot va
SA=3a, SB=a,SC =2a.Khoang cach tir 4 dén duong thing BC bang:
3a42 7a\5 8a+/3 5a\/6

A. . B. C. . D. .
2 5 3 6

2
Dung AH 1 BC, d(A4,BC)=AH =~SA" +SH* = /9a2+[%aj =%a2

Cau 281. Cho hinh chép S.4BC trong d6 S4, AB, BC vudng goc voi nhau timg doi mot. Biét
SA=av3, AB=a+/3 . Khoang cach tir 4 dén (SBC) bang:

Chon B.

A. a\/§‘ B. a\/f‘ C. 2a\/§- D. a\/g‘
2 3 ; ’
Chon A.
3al|
Dung AH L SB, d(A,(SBC)):AH:STB:a‘z/E_ s B
2a >

Cau 282. Trong cac ménh dé sau, ménh dé nao dtng?

H 330



Tuyén chon va giéi thiéu: Nguyén Qudc Hoan 0913 661 886

A. Cho hai duong thang chéo nhau a va b . Pudng vudng goc chung luén nam trong mit phing
vudng goc voi a va chita duong thang b.

B. Pudng vudng goc chung cta hai duong thing a va b chéo nhau la mot dudng thang vira
vuong goc voi a vira vuong goc voi b.

C. Hai duong thang chéo nhau I3 hai duong thang khong c6 diém chung.

D. Poan vudng goc chung ciia hai dudng thang chéo nhau 1a doan ngén nhét trong cac doan ndi
hai diém bat ky lan lugt thudc hai duong thang ay.

Chon D.

Cau 283. Cho tir dién ABCD c6 AC=BC=AD=BD=a, CD=5b, AB =c. Khoang cach
gitta AB va CD 1a?

[x2 12 2 f4.2 22 2 [n 2 32 2 2 12 2

A 3a°-b"—c B. da”-b"-c C. 2a°-b"—c D. a —-b"—c
2 2 2 2

Chon B.

Goi M, N lan luot 1a trung diém AB,CD,
d(AB,CD):MN: AN? — AM?
:\/ADZ—CDz _AB’ :\/4a2—b2—cz
4 4 2

Cau 284. Cho hinh chép i gidc déu S.ABCD , canh day va canh bén bang a. Khoang cach tir
S dén (ABCD) bang bao nhiéu?

a a a
A —. B. a. C. —. D. —.
V2 2 B
Chon A.
d(S,(ABCD))= SO =S4’ - 40? =%
D
B

Cau 285. Khoang cich giita hai canh d6i trong mot tir dién déu canh a bang:

2a a\/z a\/_

A —. B. . C. 3 . D. 2a.
3 2 3

Chon B.

Goi M, N lan luot 1a trung diém AB,CD,

d(A4B,CD) :MN:JM:JW _ C4D2 j Afz
Vi —a’—a* a2

2 2
Cau 286. Cho hinh lap phuong ABCD.A'B'C'D" ¢6 canh bang a. Khoang cach giira hai dudng
thdng BC' va CD' la:
a2 a3 a3

B. . C. . D. .
2 2 4

A.

[NSHEN

Chon C.
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Goi O la tm hinh vuéng CDD'C’. d(BC',CD")=C'0=——

Cau 287. Trong cac ménh dé sau, ménh dé nao la dang?
A. Cho hai duong thang chéo nhau a va b . Pudng vudng goc chung luén luén nim trong mit
phang vudng goc v6i a va chira duong thang b .
B. Pudng vudng goc chung cia hai duong thang a va b chéo nhau 1a mot dwong thang d vira
vuong goc voi a va vira vuong goc voi b.
C. Hai duong thang chéo nhau I3 hai duong thang khong song song véi nhau.
D. Poan vudng goc chung ciia hai duong thang chéo nhau 1a doan ngin nhét trong cac doan noi
hai diém bat ki 1an lugt nam trén hai duong thang ay va nguoc lai.
Chon D.
Cau 288. Trong cac ménh dé sau ménh dé nao 1a sai?

Cho tir dién déu ABCD . Khoang cach tir diém D téi mat phang (4BC) la:
A. D¢ dai DG trong d6 G la trong tdm cia AABC.
B. D¢ dai doan DI trong d6 I 1a trung diém cta doan AM vé&i M 1a trung diém cta doan BC .
C. Do dai doan DH trong d6 H 1a hinh chiéu vudng gbc cua diém D trén mit phang (4BC).
D. D6 dai doan DK trong d6 K 13 tam dudng tron ngoai tiép AABC .
Chon B.
Cau 289. Hinh tr dién ABCD c6 AB,AC,AD 461 mot vuong goc va AB = AC = AD =3.
Dién tich tam giac BCD bang.

A2, B2 N2, p 2B

2 3 2

Chon D.

93

ABCD déu canh 32 , S\sep =(3\/§)2.£=—.
4 2 3 .
C
Cau 290. Cho hinh lang try tam gidc ABC.A'B'C" c6 cac canh bén hop vdi day nhiing goc
bang 60°, ddy ABC la tam giac déu canh a va A’ cach déu 4, B,C . Tinh khoang cach giita
hai day cua hinh lang try.

A. a. B. a\/E. C.23—a. D.#.

Chon A.

Khoang cach giita hai day bang duong cao A'H cia tir dién 4".ABC
A'H :
tan 60° e = A'H =a, G latrong tim tam giac ABC . AL

B
Céu 291. Cho hinh hép chit nhdt ABCD.A'B'C'D' ¢6 AB = AA'=a, AC =2a. Khoang cach
tir diém D dén mat phang (ACD'") la:
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B. —.

A. aVs . 2a
5 3

Chon D.

Dung DH 1| AC,DK | D'H
11 . 1 N 1
DK* DD DA* DC?

d(D,(ACD'))=DK,

Cau 292. Cho hinh chép S.4BCD c¢6 SA L (ABCD), SA=2a, ABCD la hinh vudng canh
bang a. Goi O la tim ciia ABCD , tinh khoang cach tir O dén SC .

VAL B, “03. a2 a2

. . C. . D. .
3 4 3 4

Chon A.

1 1
d(0,8C)==d(A4,5C)=—7=
(0.5€)=3d(4.5€)=—za

Cau 293. Cho hinh hop chir nhat ABCD.A'B'C'D' ¢6 AB=a,BC =b,CC" =c . Khoang cach
giita hai duong thang BB'va AC' 1a?

A 4ab B 3ab C 2ab D ab
Ja* +b? . Ja* +b? ' Ja® +b? . Ja* +b? '
Chon D. 3 D'
Dung BH L AC. B,/Ir '
BA.BC ab I 7
d(BB',AC"Y=d(B,(ACC"))=BH = = . 7
( ) ( ( )) AC \/az +b2 : // c
A 7
s L3
B —b— C

Cau 294. Cho hinh chép S.4BCD c6 ddy ABCD la hinh vudng tim O canh bang a,SA4
vuong goc v6i day (ABCD), SA = a . khoang cach giira hai duong thang SC va BD bang bao
nhiéu?

a a a a
A 2. B. ——. C =. )
J6 J7 2 y NG
Chon A.
a Qa
Dung OK 1 SC ,d(BD,SC)=0K . OK = $40C _ "2 _a
SC a3 6 D

0
C

Cau 295. Cho hinh chép tir gisc déu S.4BCD c6 canh bén bang canh d4y bang a. Khoang
cach tr C dén (SAD) bang bao nhiéu?

A. B. C.a.

5l
-

Chon D.
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d(C,(54D))=2d(0,(54D))= 2.%

Cau 296. Cho hinh hop thoi ABCD.A'B'C'D' c¢6 cac canh déu bang a va
BAD = BAA' = DAA' = 60°. Khoang cach giita hai mat phang day (ABCD) va (A'B'C'D') 1a
a10 a6 a5 a3

A. . B. . C. D.
5 3

Chon B.

A'.ABD la tir dién déu canh a
Khoang cach giita hai day 1a duong cao

a\/6

A'G cua tir dién A'ABD va bang =

Cau 297. Cho hinh hop chlt nhat ABCD.A'B'C'D' ¢6 AB =a,BC =b,CC’ = c. Khoang cach tir
B dén mit phing (ACC'A') la:
4ab 3ab

_—. B. —.
Ja+b’ Ja'+b?

A. C.

Chon D.

Dung BH L AC.

d(BB',AC")=d(B,(ACC'))= B =BABC ___ab

ac Ja* +b’

Cau 298. Trong cdc ménh d¢ sau ddy, ménh dé nao 14 sai ?
A. Cho a,b 1a hai duong thang chéo nhau va vudng goéc vdi nhau. Puong vudng géc chung
cua a va b I}ﬁm trong mit phiang chira dudng nay va vudng goc voi duong kia.

B. Khong thé c6 mét hinh chop tr gidc S.ABCD nao c6 hai mat bén (S4AB) va (SCD) cung
vudng gbc v6i mit phing day.

C. Cho u, v 1a hai vécto chi phuong ciia hai dwdng thing cit nhau ndm trong mit phing ()
va n 1a vécto chi phuong cua dudng thing A. Diéu kién cin va du @& A L () 1a nu=0va

nv=0.

D. Hai duong thing a va b trong khong gian c¢6 cac vécto chi phuong lan luot 13 u va v. Pidu
kién can va du dé @ va b chéo nhau 13 a va b khong c6 diém chung va hai vécto u, v khong
cung phuong.

Chon B.

Cau 299. Cho hinh chép S.ABCD c6 ABCD la hinh vuéng canh a, SA 1 (ABCD) va SA=a
. Po dai doan vudng goc chung cua SB va CD bang:

A. a. B. a/6. C. a\2. D. a\3.
Chon A. i i .
D9 dai doan vudng goéc chung bang khoang cach hai duong thang SB,CD bang BC =a
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Cau 300. Cho hinh chop S.ABCD c6 ABCD la hinh vuéng canh a, SA 1 (ABCD) va SA=a
. Khoang cach giita hai duong thang chéo nhau SC va BD bang:

A. a. B.%. C. a\/g. D. a\/g.

Chon B.
Cﬁ}u 301. Cho hinh lap phwong ABCD.A'B'C'D’ c6 canh bing a . Khoang cach giita hai duong
thang BD' va B'C la:

A D6 AL c. 6. p, @5
3 5 6 5
Chon C.
Taco BD' L B'C. d(BD',B’c)=ld(C';BD')=l.“\/5 Iy
2 2° 3 6

Cau 302. Cho hinh chép S.ABCD c¢6 ddy ABCD la hinh vuong tdam O, S4 vudng goc voi
day (ABCD). Goi K,H,M theo thtr tu 1a hinh chiéu vuong goc cia B,0,D 1én SC . Poan
vuong goc chung ctia hai duong thang SC va BD la doan thang nao dudi day?

A. BS. B. BK. C. DM . D. OH .
Chon D.

Chtng minh dugc OH 1L BD,OH 1. SC

Cau 303. Cho hinh chop tir giac déu S.ABCD c¢6 canh day bang « va chiéu cao bing a2
Tinh khoang céach tir tam O cia ddy ABCD dén mot mdt bén:
INEEN B, o5 c. 205 p. @2
2 2
Chon D.
Goi M la trung diém CD, OK L SM
111 V2

s=—+ >=> 0K =
OK® SO° OM

d(0,(SCD))=0K . a

Cau 304. Cho mit phang (P) va diém M ngoéi(P), khoang cach tir M dén (P) bang 6.
Lay A thudc (P) va N trén AM sao cho 2MN = NA. Khoang cach tir N dén (P) béng bao

nhiéu?

A. 4. B. 2. C.3. D.5.
Chon A. M
d(N,(P
AN _ (N )):d(N(P))=3.6=4
AM  d(M,(P)) 3
4
Cau  30S. Cho hinh hop ABCD.A'B'C'D'" ¢c6 AB=AA=AD=a va

AAB=A"AD = @) =60". Khi d6 khoang cach giira cac dudng thing chira cac canh di ciia
ta dién 4".ABD bang
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3a a\/§ a\/i

A, —. B. —. C.
2 2 2

Chon C.

Nhan xét 4'.ABD la tir dién déu canh a .
Khoang cach hai canh d6i lam nhu cau trén

Cau 306. Cho hinh lang tru tam gidc ABC.4,B,C, c6 canh bén bang a. Céc canh bén ctia ling
tru tao véi mat day goc 60°. Hinh chiéu vudéng goc cia A 1én mit phang (A181C1) la trung

diém cua BC,. Khoing cich gifta hai mat ddy cta lang tru bang bao nhiéu?
3

A, a—. B. ﬁ. C.a—.
2 3

Chon A.
Taco: A'H 1 (ABC)=> A'AH =60".

d((A'B'C'),(ABC)) =A'H=A"Acosb0° = a~—.

Cau 307. Cho khdi 1ap phuong ABCD.A'B'C'D'. Poan vudng goc chung cia hai duong
thang chéo nhau AD va A'C' la:

A. AA'. B. BB'. C. DA'. D. DD".
Chon A.

AA'L(A'B'C'D")
{A'C'C(A'B'C'D')
AA' L (ABCD)
{ADC(ABCD

—>A4'"L A'C'
— AA' 1L AD

Chu 308. Cho hinh chép SABCD c6 day 14 hinh thoi tim O canh a va ¢6 gbc BAD = 60°.
Puong thang SO vudng goc v6i mit phang day (ABCD) va SO = %Ta. Khoang cach tir O dén
mit phang (SBC) la:

AL B. 3¢, c. e D. "‘/3.
3 4 8 4

Chon C.
Trong mit phang (ABCD) :ké OK L BC(K € BC).

Ma BC L SO nén suy ra hai mit phang (SOK ) va (SBC ) vudng goc nhau theo giao tuyén
SK. Trong mit phing (SOK) :ké OH L SK(H € SK).
Suy ra: OH 1 (SBC)=>d(0,(SBC))=OH.
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Cau 309. Cho hinh chép S.4BCD co day 1a hinh vudng canh a. Pudng thang SA4 vudng goc
v6i mit phang ddy, S4 = a. Khoang céach giira hai duong thang SB va CD nhén gia tri nao
trong cac gia tri sau?

A. a. B. a\2. C. a\3. D. 2a.
Chon A.
Ta cé:d (CD,SB)=d(CD,(S4B))= AD =a.

Cau 310. Cho hinh chop tam gidc S.ABC véi S4 vudng goc voi (ABC) va S4 = 3a. Dién
tich tam giac ABC bang 24°, BC = a . Khoang cach tir S dén BC bang bao nhiéu?

A. 2a. B. 4a. C. 3a. . D. 5a.
Chon D. Fom
Ké AH vudng goc voi BC': - '\\
2 " .

S =L AH.BC — AH = 25use 3 _ 4, - \\ L™

2 ) BC a y - ""r.qh
Khoéng cach tir S dén BC chinh 1a SH LN >
Dua vao tam gidc vuong ASAH ta cd N \k e
SH =~/SA> + AH? =/(3a)* + (4a)’ =5a T E

Cau 311. Cho hinh chéop S.4BCD trong d6 SA, AB, BC d6i mot vudng goc va
S4 = AB = BC =1. Khoang cach giira hai diém § va C nhan gia tri nao trong cac gia tri sau ?

A. V2. B. \3. C.2. D. %
Chon B.
SA L AB
0 nén SA L (ABC)=>SA L AC
SA 1 BC

Nhu vy SC=+/SA> + AC? = \[SA> +(AB* + BC*) =3

Cau 312. Cho hinh chop A.BCD c6 canh AC L (BCD) va BCD 1a tam giac déu canh bang
a. Biét AC = a\/z, M 14 trung diém BD. Khoang cach tir C dén duong thang AM bang

A. a\/z B. a\/g. C. a\/E. D. a\/z
5 7 11 A 3

Chon C.
Do A ABC déu canh g nén dudng cao MC = %
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ACMC <66
Jacrmer 1
Cau 313. Cho hinh chop ti gidc déu S.ABCD c6 AB = SA = 2a. Khoang cach tir dudng thing
AB dén (SCD) bang bao nhiéu?

A. & B M C

a
= 3 -5

d(C,AM )=CH =

Chon B. i
Goi /,M lan luogt la trung diém canh AB va CD thi CD L (SIM)
Vé IH 1L SM tai H € SM thi IH 1 (SCD)
SO.IM
SM
A SAB déu canh 2a= SI=a3 = SM = a3

= d(A4B,(SCD))=d(1,(SCD))=1IH =

Va 0M=%1M=a:>SO: SM>—OM* =a 2

SOIM _a22a 246 B

SM a3 3
Céu 314. Cho hinh lap phuwong ABCD.A,B,C,D, canh bang a. Goi M 14 trung diém cia AD.
Khoang cach tir 4 dén mit phang (CIDIM ) bang bao nhiéu?

Cubi cung d (A4B,(SCD))=

2a 2a 1
A, — B. — C.—-a D. a
N N3 2
Chon A.
A M D A M p
B ! \.\\C
I et N
H N : ///‘\/ \\
Jis 70
A D
1 1 B, C

Goi N la trung diém canh DD, va H = AN nMD,. Khi d6 ta chimg minh dugc 4N | MD,
Suyra4N L (C,DM)
2a

5

Cau 315. Cho tir dién déu ABCD canh a. Khoang cich giita hai duong thang 4B va CD
bang bao nhiéu?

2 2
= d(A,(CDM))=AH =3P AD
AN 4D} +ND}

=d(4,(C,DM))

a a a
A. 5 B. NGl D. N
Chon B.
Goi M, N lan luot 1a trung diém cac canh CD, AB
Tam gidc MAB cantai M va A NCD cantai N _
a a2
Do d6 MN L AB, MN 1. CD = d(AB,CD)=MN =~BM* —NB’ = Ej ==
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Cau 316. Cho tir dién OABC trong d6 04, OB, OC @461 mot vudng goéc voi nhau,
OA=0B=0C =a. Goi I 1 trung diém BC. Khoang cach giita A/ va OC bang bao nhiéu?

A. a. B. L c. a3 D. 2
J5 2 2
Chon B. i A
Goi J latrung diém OB . Ké OH vudng goc 4J tai H.
Tam gidc AOJ vuong tai O, c6 OH la duong cao
a g
OH — 040J 2 _a
Jos* +or \/ . (ajz J5
a +| — 19) C
: N
Ta c6: OC//IJ nén OC//(ALJ) J I
B
Do d6: d(AI,0C) = d(OC,(ALT)) = d(0,(AL]))=OH = “‘5/5.

Cau 317. Tim ménh dé sai trong cac ménh dé sau day?

A. Khoang cach giita hai mat phang song song la khoang cach tir mot diém M bat ky trén mit
phéng nay dén mit phéng kia.

B. Néu hai du'ong thang a va b chéo nhau va vudng goc v6i nhau thi dudng vudng goc chung
clia ching nam trong mit phang (a) chira dudng nay va (o) vudng goc voi dudng kia.

C. Khoang céch giita hai duong thang chéo nhau a va b 1a khoang cach tir mot diém M thudc
(o) chira a va song song voi b dén mot diém N bat ki trén b.

D. Khoang cach giita duong thing a va mit phang (a) song song véi a 1a khoang cach tir mot
diém A bat ki thudc a téi mat phang (c).

Chon C.

Cau 318. Cho hinh chép S.ABCD c6 S4 J_( ABCD), day ABCD 1a hinh chir nhat. Biét
AD =2a, SA=a. Khoang cach tir 4 dén (SCD) bang:

A 22 B, 32 c. 2. p, 203

J7° 2 J5 N 3

Chon C. !
S4 L (ABCD) nén SA L CD; AD 1 CD.
Suy ra (SAD) 1 CD Trong (SAD) ké AH vuong géc SD tai H.
Khi do AHJ_(SCD)

SAAD al2a  2a\5

d(A4,(SCD)) = AH = _ -
(4.(scD)) JSA* +AD*  \Ja* +Q2a) 5

B c
Céu 319. Cho hinh hgp chir nhat ABCD.A4,BC\D, c6 AA =2a,AD =4a. Goi M la trung
diém AD. Khoang céch giita hai duong thang 4B, vA C,M bang bao nhiéu?

A. 3a. B. 2a\/§. C. a\/z.

Taco 4 B,//C\D, suy ra
d(AB.,CM)=d(4B,(CDM))=d(4,.,(CDM))
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Vi A4, =2a, AD =4a va M latrung diém 4D
nén AM L DM ,suyra AM L(C,DM)
=d(4.(CDM))=AM =2a\2.

Cau 320. Cho hinh lap phuong ABCD.A'B'C'D' canh a. Khoang cach giita
(AB'C) va (A'DC') béng

A. a\/g. B. a\/E. C. a
Chon D.
C6 d((4B'C),(A'DC"))=d(B',(4'DC"))=d(D',(4'DC"))
Goi O' 1a tdm cua hinh vudéng A'B'C'D’.
Goi I 14 hinh . Chiéu ciia D' trén O'D,
suy ra / 13 hinh chiéu ctia D' trén (4'DC').
d[(AB'C),(4'DC")]=d[D',(A'DC")]

a2
_ DODD ) ¢
'\/D,O’Z"FD,DZ a\/i 2 ) 3
+a
2
Céu 321. Cho hinh chép tam gidc déu S.ABC co6 canh day bing 3@, canh bén bang 2a.
Khoang cach tir § dén mat phang (ABC ) bang:

A. 4a. B. 3a. C. a. D. 2a.
Chon C. S

=D'l

* Goi G la trong tm tam giac ABC .
Do S.4BC 1a chép déunén SG L (4BC).

3a\3 2

A
5 :>AG=§AM=a\/§. ¢

o ASAG vuong tai SG =~/SA? — AG* =/4a* —3d® =a.

2a

« AM =

Cau 322. Trong mit phing (P) cho tam giac déu ABC canh a. Trén tia Ax vudng goc voi
mit phang (P) ldy diém S sao cho S4 = a.Khoang cachtir 4 d&én (SBC ) bang

A. a5, B. 2a. C. "m. D. a/3.

7
Chon C.
* Goi M latrung diém cua BC ;
H 12 hinh chiéu vudng goc ciia A trén SM.
*Tacd BC 1L AM va BC 1 S4 nén
BCJ_(SAM):>BCJ_AH.

Ma AH 1 SM ,dod6 AH L(SBC). Vay AH =d(A,(SBC)).

S
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a3 AS.AM a21

o AM =22 4H = =

2 NAS? + AM? 7

Cau 323. Cho hinh chép S.4BCD c6 day 1a hinh thoi tim O canh a va c6 goc BAD = 60".

DPuong thang SO vudng goc véi mat phang day (ABCD) va SO = %. Goi E la trung diém

BC va F latrung diém BE . Géc giira hai mit phang (SOF) va (SBC) la

A. 90°. B. 60°. C. 30°. D. 45°.
Chon A. s

* ABCD dunén DE 1 BC . Mit khac OF //DE = BC 1 OF (1).
* Do SO L(ABCD)=>BC L SO (2).

* Tr (1) va (2), suy ra BC L(SOF)=(SBC) L(SOF). —— c
Viy, goc gitta(SOF) va (SBC) bang 90°. g AL

A4

Cau 324. Trong cac ménh dé sau, ménh dé nao dang?
A. Puong vudng goc chung cua hai dudng thang chéo nhau thi vudng géc v6i miat phang chira
duong thang niy va song song v6i duong thang kia;
B. Mot duong thang 14 dudong vudng goc chung cia hai duong thang chéo nhau néu nd vudng
goc voi ca hai duong thang do;
C. Puong vuong goc chung cta hai duong thang chéo nhau thi ndm trong mat phang chira
dudng thang ndy va vudng goc voi duong thang kia;
D. Mot dudng thing 1a dudng vudng goc chung cia hai dudng thing chéo nhau néu no cit ca
hai duong thang do.
Chon A.

* Dap 4n A: Dung

* Dap an B: Sai, do phét biéu nay thiéu yéu t6 cat nhau.

* Pap an C: Sai, vi mit phang d6 chua chic da ton tai.

* Dap 4n D: Sai, do phat biéu nay thiéu yéu t6 vudng goc.

Céu 325. Cho hinh chop tir gide déu co canh day bang a va goc hop boi mot canh bén va mat
day bang o. Khoang cach tir tdim cua day dén mot canh bén bang:

A. a;/i cosa, B. a\/z tan C. a\2/§ sino. D. a\/z coto
Chon C.

¢ AC=a\2=0C=

a2
. 2
* Khoang cach can tim la doan OH .

a2

OH =0Csina = sin .

Ciau 326. Cho hinh chop S.ABCD c6 ddy ABCD 1a hinh chit nhat va AB =2a, BC =a. Céc

canh bén cta hinh chop bang nhau va bang a2 Goi E va F lan luot 13 trung diém ciia 4B va
CD; K 1a diém bt ky trén 4D. Khoang cach giita hai duong thang EF va SK la:
A. —“;B. B. —“36. C. "‘515. a2l

Chon D.
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Goi O=ACNBD, I 14 trung diém canh day BC.
Do §4=8B=S8C=SD nén SO L (4ABCD)
Tur d6 ta ching minh dugc BC L (SOI)

= OH 1 (SBC) (véi OH 1 BC tai SI)
EF//(SBC

(SBC) * en d(EF.SK) = d (EF.(SBC)) = OH

SK  (SBC)

1 a\/g a\/g
2

Thuec hién tinh toan dé duoc OC = EAc == 5 850= -

S00I  a\21
Jsorvorr 7
Cau 327. Cho hinh chop S.ABC c6 day ABC la tam gidc vudng tai B, AB = a, canh bén
SA4 vuong goc voi day va S4 = av2. Goi M la trung diém ciia AB. Khoang cach gitta SM va

Cubi cung d (EF,SK)=O0H =

BC bang bao nhiéu?
A2 B. = c. 43 p. 4¥3
3 2 3 g 2
Chon A.

Goi N la trung diém cua canh day AC. Khi d6 BC//(SMN)
Nén d(SM,BC)=d(B,(SMN))=d(4,(SMN))

Goi H la hinh chiéu vudng goc ciia A trén doan SM.
Ta c6 thé chung minh dugc MN L (SAM), tir do

‘A.AM 2
AH L (SMN)= d (4,(SMN)) = AH = 5 _a¥2

NSA*+am? 3
Cau 328. Hinh chép déu S.4BC c6 canh day bang3a, canh bén bang 2a. Khoang cach tir S
dén (A4BC) bing
A. 2a B. a3 C.a D. a5

Chon C.
Goi O la chan duong cao cia hinh chop.

2 411 =230 8 < o3

Taco AO=—AH =—3a.—=
3 3 2

d(0,(ABC))=50=\S84> - 40" =a

Cau 329. Cho hinh choép S.ABCD c¢6 ddy ABCD la hinh vuong tam O, SA vudng goc voi
dédy (ABCD). Goi K, H theo thir tu 1a hinh chiéu vudng géc cia 4 va O lén SD. Chon
khang dinh dung trong cac khang dinh sau?

A. Poan vuong goc chung cua AC va SD 1a AK.
B. Poan vudng gbéc chung cia AC va SD 1a CD.
C. Doan vudng goc chung cua AC va SD la OH.
D. Cac khang dinh trén déu sai.

Chon D.

Néu 4K 1 AC, do AK L AB= AK 1 (ABC)

= AK =S4 (vi SA L (ABC) = SA 1. SD = ASAD c6 2 gbc vuong (vO ly).
Theo tinh chat cta hinh vuéng CD L AC .
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Néu AC L OH, do AC L BD=> AC 1 (SBD)=> AC 1 SO = ASOA ¢6 2 gbc vudng (vd 1)
Nhu vay AC L AK, AC LCD, AC L OH

Céu 330. Cho hinh ling try t giac déu 4BCD.A'B'C'D’ c6 canh day bang a. Goi M, N, P
lan luot 1a trung diém cta 4D, DC, A'D'. Tinh khoang cach giita hai mit phang
(MNP) va ( ACC').

a2 a3

AL B. &< c. &2 D. &
3 4 3 4
Chon B.
D/ C/
P/
D N C A, : \: N B/
I | : \\
| \
M 0 :D}Iv\——:\:\]‘v' -=C
14/” :\r’/ -
A B Le-o77 s
A B

Nhan xét (4CC")=(ACC'A"). Goi O=ACBD, I =MN BD
Khi do, OI L AC, OI L A4' = OI 1 (ACC'A')

1 a\/z

Suy ra d ((MNP),(ACC"))=OI = JAC==

Cau 331. Cho hinh lap phuong ABCD.A'B'C'D' c6 canh bang 1. Khoang cach gitta A4 va
BD' bang:
A 22 g, V5 c. 3 p. Y2
5 7 3 2

Tacd: AA'//BB'= AA'/ /(DBB'D') = d(A44") = d(A,(DBB'D')) =A0 :g.

Cau 332. Cho hinh chép S.4BCD c6S4 J_( ABCD) , ddy ABCD 1la hinh thang vudng c6
chiéu cao AB=a.Goi I va J lan lugt 1a trung diém ctia AB vaCB . Tinh khoang cach giita
dudng thing 1J va ( SAD).

w2 . o a3

a
2 ) T3

Chon D.

A.

D. <
3

Chon B.

1J//AD = 1J / (SAD) = d (IJ(SAD)) =d (I,(SAD)) =14 = %

Cau 333. Cho mit phing (P) vahai diém A, B khong nam trong (P), bit d, = d(A,(P))
vad,=d (B,(P)). Trong cac két ludn sau két luan nao ding?

A. Néu % # 1 thi doan thang AB cét(P)

2

B. %ﬂ khi va chi khi doan thang AB cit (P)

2
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C. Néu duong thing AB cit (P) tai diém I thi A_d
IB d,
D. % =1 khi va chi khi doan thang AB//(P)
2

Chon C. i
A sai “doan thang”.
B sai “doan thang”.
Cding. . , , ,
D sai “hai diém c6 thé nam khac phia so vdi (P)” do d6 c6 thé duong thang AB cat (P).

Cau 334. Cho hai tam giac ABC va ABD nam trong hai mit phang hop voi nhau mot goc
60°, AABC can &C, AABD can & D. Puong cao DK ciia AABD bang 12¢m. Khoang cach
tr D dén (A4BC) bang

A. 3\3cem . B. 6/3cm. C. 6cm. ot D. 6v2cm.
Chon B. i fﬁ:'«-._h
Goi M 1a trung diém AB suy ra: o .
Goi H 14 hinh chiéu vudng goc cua D 1én CM - f iy .
= DH =d(D,(ABQC)) w77 !
T S eiatiiett
DH =5in 60".DM = 6+/3 I
PR ) |

Cau 335. Khoang cach giita hai canh ddi trong mot tr dién déu canh a 1a:

A. a\/E. B. a\/g. C. a\/g. D. a\/E'

Chon D.
Goi M 1a trung diém DC ,

H 14 hinh chiéu vudng goc cia M 1én AB .

. |BM LCD
Ta co: = CD 1 (ABM)
AM L CD
CD 1 MH
= MH =d(AB,CD)
AB 1 MH
MH = PAJI _ a2
AB 2

Céu 336. Cho hinh hop chit nhat ABCD.A B,C,D, c6 ba kich thuéc AB=a, AD=b, AA,
= ¢. Trong céc két qua sau, két qua nao sai ? .
A. khoang cach gitra hai duong thang AB va CC; bang b.

. . : ab
B. khoang cach tir A dén mét phang (BiBD) bang ———.
Na' +b’

abc

Na® +b* + ¢

C. khoang cach tir A dén mat phang (Bi1BD) bang

D. BD, =~a’ +b* +¢’
Chon C.
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Ay B,
™ d(4B,CC,)=BC=bh=> Ciu A ding.
1 1 1 d+b ab | :
M d(A,(BBD))=AH;——=—+—="— = AH=—u . |
(4.(82D) AH* @’ b (ab) NPT S =
Cau B dung. -
M Suy ra cau C sai. b c

M Suy ra ciu D dung, dudng chéo hinh chit nhat bang BD, =+/a” +b* +¢” .

Céu 337. Trong cac ménh dé sau, ménh dé nao sai?

A. Néu hai dudng thang a va b chéo nhau va vudng goc v6i nhau thi dudng thang Vuong gbc
chung cua ching nam trong mat phang (P) chita dudng thing nay va vudng goc voi duong
thang kia.

B. Khoang cach giira dudng thang a va mit phang (P) song song vdi a 1a khoang cach tir mot
diém A bat ky thudc a téi mp(P).

C. Khodng céch gilra hai duong thang chéo nhau a va b 1a khoang cach tr mot diém M thudc
mit phang (P) chira a va song song voi b dén mot diém N bat ky trén b.

D. Khoang cach gilta hai mat phang song song 1a khoang cach tir mot diém M bat ky trén mat
phang nay dén mat phang kia.

Cau 338. Cho hinh hop chit nhat ABCD.A'B'C'D" ¢6 AB = AA'=a, AC =2a. Tinh khoang
cach gitta AC' va CD":

a2 a a3 a
A. . B. —. C. . D. —.
2 3 2 2
Chon D. A’ B’
B’ E
E /////
! -
: .-
! »
D’ ; ,
- 1 /,’/ K /,//’/’ c
~o_ BGEE
~ FENG- -
C’ a VAN B
// \\\\\ a\/g
/) 22 TN\
D a C

M Ta c6 hinh chiéu cia AC’' trén mit phing (DCC'D’) la DC'LD'C nén

AC'LD'C=(ADC'B'YLD'C tai diém H la trung diém CD'. Tud H ta ké

HK 1 AC'=d(AC',D'C)=HK .

1 5d° 6 30 V30
:F:d:\/;a:Ta

M Taco Lz:%+—2 =>HK="a
d 3a 2a 10

Cau 339. Cho hinh chop 0.4BC c6 duong cao OH = %. Goi M va N lan lugt 1a trung
diém cia O4 va OB . Tinh khoang cach giira duong thang MN va (ABC )
NE B, 42 C.

a
T e >

w |

Chon A.
Khoang cach giita duong thang MN va (ABC ) :
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d(MN,(4BC))=d((MNP),(ABC))= OTH = #

B
Céu 340. Cho hinh chép S.4BCD c6 day 1a hinh vuéng canh a. Puong thing SA vudng goc
voi miat phang ddy, SA=a. Goi M la trung diém cta CD . Khoang céch tir M dén (SA4B)
nhan gia tri nao trong cac gia tri sau?

A. a;/E. B. 2a. C. a2, D. a.
s

Chon D.

a.

Khoang cach tt M dén (S4B): d (M,(SAB)) =d (D,(SAB))

Ciu 341. Cho hinh chop S.ABCD c6 day ABCD la hinh chir nhat vé1 AC = a5, BC = a2
. Puong thang SA4 vudng goc voi mat phang day. Tinh khoang cach gitta SD va BC.

2a av'3 3a
A, —. B. —. C. —. D. a+/3.
3 2 4 a3

Chon D.

Khoang cach gitta SD va BC: d(BC,SD)=CD = a 3.

Cau 342. Cho hinh tr dién O4BC voi OA, OB, OC d6i mot vuong goc va OA = OB = OC.
Goi I 1a trung diém cua BC, J 1a trung diém Al Goi K, L 1an luot 1a hinh chiéu vuong goc cua
O 1én Al va cia J 1én OC. Chon khang dinh dung trong cac khang dinh sau?

A. Poan vuong goc chung cua Al va OC 1a JLQ

B. Doan vudng goc chung cua Al va OC 1a IC

C. DBoan vuong goc chung ctia Al va OC 1a OK

D. Cac khang dinh trén déu sai.
Chon D.
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Cau 343. Cho hinh lang try ABC.A'B'C’" ¢o tat ca cac canh déu bﬁng a . Goc tao bdi canh bén
va mit phang ddy bang 30°. Hinh chiéu H cla A trén mit phang (A'B'C’) thu¢c dudng thing
B'C". Khoang cach giita hai mat phang day la:

a2

AL B. & c. & D. .
3 2 2 2

Chon C.

Do hinh ling try ABC.4'B'C’ ¢6 tit ca cac canh déu bang a
suy ra

AB’=AC’:B'H=HC’:A'H:%3AH=§.

Cau 344. Cho hinh chop S.4BCD cb day 1a nira luc giac déu ABCD ndi tiép trong duong
tron dudng kinh 4D = 2a va c6 canh S4 vudng goc v6i mit phang day (ABCD) voi SA = a6
. Khoang cach tir 4 va B dén mat phang (SCD) lan luot 1a:

A. a\/z;azz B. aﬁ;# C. a\/g;a22 D. aﬁ;#
Chon A. 9
Eld(A,(SCD)):AH;L=L+L=L:AH:aﬁ :
AH?* 64> 3a° 24’
1 a2
Md(B,(SCD))=d(I,(SCD))==.d(A4,(SCD))= .
(B.(SCD))=d (1.(SCD)) = 5. (4(5CD)) =

Cau 345. Cho hinh chop S.ABCD c¢6 day la hinh vuéng 4ABCD canh a. Céac canh bén
SA=SB=SC=SD=a?2. Khoang cach giita hai duong thing AD va SB la:

aﬁ a\/ﬁ a\/g a\/g

B C

2 6 7 T2

A.

Chon C.

M Khoang cach giita hai duong thing AD va SB1a: HK .

IZISHzSMz‘/2a2—a—2=M-SO= /7“2_“_2:“\/3
4 2 4 4 2
J6

SOMH %5 % a2
SM J7 7
PR
2

MCéo: HK =
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§6. MOT SO BAI TOAN VE GOC

Cau 1. Cho hinh chop S.ABCD c6 day ABCD l1a hinh chit nhat, canh SA vuong géc voi mat

phéng (ABCD) , SA=AB=a, AD =3a . Goi M la trung diém BC. Tinh cdsin gbc tao boi hai

mit phang (ABCD) va (SDM)
5

A2 B. 2 c.2 p. L

7 7 7 7
Huéng din giai

Keé¢ SH L MD,H e MD,

ma SA L MD = (SAH) L MD = AH 1 MD
Do d6 ((SMD),(ABCD))=(SH,AH )=SHA=¢

1 3q> J13

Talai ¢6: S, = 3aa =", MD=\CD" +CM* = a 5

28, 6a13 _7a\13

= AH =—4MD _ = SH
DM 13 13

= cosp= % = g Vay cosin goc gitta hai mit phang (SMD) va (ABCD) bing g

Vay chon dap an B.
Cau 2. Cho hinh chop S.ABCD c6 day ABCD la hinh thoi, c6 AB =2a va goc BAD =120°.
Hinh chiéu vuéng goc ctia S xudng mat phang day (ABCD) tring v6i giao diém 7 cua hai

dudng chéo va SI = % . Tinh géc tao béi mét phang (SA4B) va mit phing (ABCD)
A. 30° B. 45° C. 60° D. 90°
Huéng din giai
Tacd BAD =120°= BAI =60°

sin 60° = ﬂ
" AB __|BI=a\3
Suy ra: =
Al =a

Al
c0s60°=—
Goi ¢ 1a goc giita hai mit phing (SAB) va (ABCD)
Goi H 1a hinh chiéu vudéng goc cua I trén AB. Ta co:
ABJ_(SHI):>ABJ_SH
Do do: (/):(SH,IH) = SHI

11 3

Xét tam giac vuong AIB co: ! s=—+t-— < IH=—a
IH* 14~ IB 2

‘[21nSHI=%=L:>SHI=3OO hay ¢ =30°.

3

Vay chon dap an A.
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Cau 3*. Cho hinh chép tam giac S.ABC c6 day ABC la tam giac vudng tai 4, AB=a,SA=SB
va ACB=30°, SA L SB. Biét khoang cach giita hai duong thang S4 va BC bang %Ta' Tinh

csin goc gilta hai mit phiang (SAC) va (SBC)

R B V3 c. Y65 p. 295
33 13 13 11

Huwéng din giai
Goi D 1a trung diém cua BC, suy ra tam gidc ABD déu canh
a.
Goi /, E la trung diém cua BD va AB, H 1a giao cua Al va
DE. Khi @6 de thay H la trong tam tam giac ABD.
Taco Al L BC,DE 1 AB
Vi SA=SB= SE 1 4B,

suyra AB L (SDE) = AB 1 SH
Khi d6 ta c6 SH J_(ABC)

Goi K 14 hinh chiéu vuong goc cua I 1én S4, khi d6 IK 1a
doan vuong goc chung cua SA4 va BC.

2
Do d6 IK =d(S4;BC) = 3; bit SH = h, Al = ‘fAH:“‘f:SA: %+h2
Lai 6 ALSH = IK.SA=2S,, = “‘2/_ 3; “3 +h =>h=a

Goi M 14 hinh chiéu cta A4 1én SI, khi d6 AM L (SBC). Goi N la hinh chiéu ciia M 1én SC, khi
d6 SC L(AMN)=>((SAC),(SBC))=ANM = ¢

Taco: leaﬁ;SI:a@:AM:AI.SH: 3a
6 6 S 13
Mit khac IM = AI” — AM?> =22 V39 < ST = SM =1 —IM =2 -sc:“m
26 J39° 3
Ta lai c6 ASMN ~ASCT = N _SM - SMCT_ 3aV130
CI SC SC 52

AM 2310 J65
= tanp =——=—"——— hay cosp=—-.

MN 5 13

J65

Vay goc gitra hai mit phing (SBC) va (SAC) la @ véi cosp BT

Vay chon dap an C.

Cau 4. Cho hinh lang tru ABC.A'B'C' c6 AB=2a,AC=a,AA'=

=120°. Hinh

a10
2 b
chiéu vudng goc cia C' 1én mat phang (ABC ) 1a trung diém cta canh BC. Tinh s do goc giita

hai mit phang (A4BC) va (ACC'A4")
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A. 75° B. 30° C.45° D. 15°
Huwéng din giai
Goi H 1a trung diém BC. Tu gia thiét suy ra
C'HJ_(ABC). Trong d6 AABC ta co:

BC? = AC? + AB* =2 AC.4B.cos120° = 7a’

:>BC:a\/7:>CH:a\2/7
= C'H=C'C*-CH’ :“*f
Ha HK 1 AC.Vi C'H 1(ABC)=> duongxién C'K L AC
:((ABC),(ACC'A'))=C'KH (D (AC'HK vudng tai Hnén C'KH <90°)
AHAC 6 HEK =25mc _ Susc _ av3 s anCkH=ST 15 k=450 ()

AC ~ AC 2 HK

Tir (1) va (2) suy ra ((4BC),(ACC' 4'))=45°.

Vay chon dap an C.

Cau 5. Cho ling tru ABC.A'B'C' c6 day ABC 1a tam giac déu canh a, va
A'A=A'B=A'C= a\/% . Tinh gbc giira hai mat phang (ABB'A') va (ABC)

A.75° B. 30° C. 45° D. 60°
Huéng din giai
Goi H 1a hinh chiéu cua 4 trén (ABC)
Vi A'A=A4'B=A"'C nén HA=HB=HC, suy ra H 1a tim
cua tam giac déu ABC.
Goi 7, J lan luot 1a trung diém ctia BC, AB.

2

AT =AJa47 -4y = |2 L - L
NG
J:lcj—l_af:—a\/g = A'H=~NA"J-HJ* =
3 3 2 6
. |4'J L AB s e e g .
i = (A4'JC) L AB=> A'JC chinh la gbc giita hai mat phang (ABB'A') va
CJ 1L AB
a
o oA 2 o
(A4BC). Khid6 tan A === V3= 4'JC=60°. Vay chon d4p 4n D.
a

Cau 6. Cho khdi chop S.ABC c6 day 1a tam giac ABC vudng can tai B c6 AB = BC = 4. Goi
H 13 trung diém cta AB, SH L (ABC). Mit phang (SBC) tao voi day mot goc 60°. Cosin goc

giita 2 mit phang (SAC) va (ABC) la:

A B % c. Y10 p. -
5 4 5 J7
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Huéng din giai
Ké HP L AC = ((SAC),(ABC))=SPH = cos((SAC),(ABC))=cos SPH = %
Ta cé ngay ((SBC),(ABC))=SBH = SBH =60°
3tan60°=%=\/§:>SH=HB\/§=2\/§
AH 2
AAPH vudngcan P = HP="—==""_=\2
e NN

= SP*=SH* + HP* =12+ 2=14= SP=+/14

HP 2 1
=cos((S4C),(4BC))=—=—F—=—
((s40).(480) ===
Vay chon dap an D.
Cau 7. Cho khéi chép S.ABCD c6 déy la hinh thoi tim O canh a. Biét SO L (ABCD),AC=a

3
va thé tich khdi chop 1a a3 . Cosin goc giira 2 mat phing (SAB) va (ABC ) la:
A YO B.2 c.t p. 2
7 7 7 7
Huéng din giai
Ké OP L AB =>((S4B),(4BC))=SPO
opr

= cos((S4B),(ABC))=cos SPO =—

((548).(450) r
Canh AB=BC=a va
AC=a=> AB=BC=CA=a= AABC &u
:>sin60°=@:£:0P=—30A=—3.3=ﬁh co:

04 2 22
1 1 1 1 B a3
Ve incn :ESO.SABCD :§SO.2SABC :§SO.2E.a.a.sm 60° = SO. P
2 2
s SO =3a= SP’ = SO* + OP" = 94" +>4_ 1474
16 16
a3
L ospla cos((548),(4BC)) =L =4 __L vy chon dip an C.
4 SP 743 7
4

Cau 8. Cho hinh vudéng ABCD canh a,tam Ova SA L (ABCD) . Dé goc giita (SBC) va (SCD)
bang 60° thi do dai cta SA4
A.a B. a\2 C. a\3 D. 2a
Huwéng din giai
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= BD 1 (S4C)= BD 1 SC
154

1871
1L BD

((SBC),(SCD))=(BI,ID)=60°
Trudng hop 1: BID = 60° = BIO = 30°

BO a\/g a\/z
2 2

\ . |8C
Ké BI L SC tacd = SC L(BID)

Ta c6 tan BIO = E =0l = >0C = (vo 1y)

Truong hop 2: BID =120° = BIO = 60°

Ta co tanB]O:&: Ol = a\/g
10 6

ol 3 1

Tacod sinICO:%:T:ManICOz—:SAzAC.tanIC0=a

NG

Vay chon dap an A.

Cau 9. Cho hinh chop S.ABCD c6 day ABCD la hinh vuong canh 2a, S4=a,SB = V3 va
(SAB) vudng goc voi ddy. Goi M, N lan lugt 1a trung diém cia céc canh AB, BC. Cosin ciia
goc gitta 2 duong thang SM va DN la:

2 2 1 1
A —— B. — C.—— D. —
5 V5 V5 J5
Huéng din giai
Ké ME song song voi DN voi E € AD suyra AE :%
Pit @ 1a goc gita hai duong thang SM,DN nén

(SM,ME)=¢
Goi H 13 hinh chiéu cua S 1én 4B. Tacé SH L (ABCD)
Suyra SH L AD= AD 1 (SAB) = AD 1 S4

5a° a\/g a\/g
2 2

Do d6 SE2=SA2+AE2=T:>SE= va ME =

Tam giac SMFE can tai E, c6 cosa = cos SME = g

Vay chon dap an D.

Cau 10. Cho hinh chép S.ABCD c6 day ABCD 1a nira lyc giac déu ndi tiép dudng tron dudng
kinh AB=2a,54 = a3 va vuong goc v6i mat phang ABCD. Cosin clia goc giita hai mat phang
(SAD) va (SBC) la:

A2 B, Y2 c. Y2 p. Y2
2 3 4 5
Huéng din giai
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Goi 7 1a giao diém cua AD va BC
) {BD 1 4D
Ta co

= BD L (SAD)= BD L SI
BD 1S4

. [SI LBD
Ké DE L SI taco = SI 1 (BDE)
SI L DE

= ((84D),(SBC))=(DE, BE)

Tacod sinAIS:ﬁzﬁ ma sinA]S:%
ST 7 DI
— DE = DI.sin Als =2
J7
:tanDEB:@:ﬁ:cosDEBzﬁ.
ED 4

Vay chon dap an C.

Cau 11. Cho hinh chép S.ABCD c6 day ABCD l1a hinh thang vuong tai 4 va D, co
AB=2a,AD=DC=a, SA=a va SA L (ABCD). Tan cua goc giita 2 mét phang (SBC) va
(ABCD) la:

1 1
A — B. 3 C.\2 D. —
V3 J2
Huwéng din giai P
I3 |l.:"\,||I
Taco ((SBC),(ABCD))= ACS ;xh .
Hh .
Taco AC =+ AD* +DC* = a2 R S
sS4 1 g
= tan ACS = "= = —. T T
an ic £ 11' '*~,L,-' o A
Vay chon dap an D. n :

Cau 12. Cho hinh chép S.ABC c6 day ABC 1a tam giac déu canh a, S4 L (ABC),SA =a\3.
Cosin clia goc gitta 2 mit phang (S4B) va (SBC) la:

-2 2 -1 1
A, — B. — C. = D. ——
V5 V5 V5 J5
Huéng din giai
CM 1L AB

Goi M 1a trung diém AB. Tacé { = CM L(SAB)=CM L SB

CM 1S4

1L MN

L opy = SBL(CMN) = (($4B),(SBC)) = (MN,NC) = MNC

SB
Ké MN 1 SB taco
SB

Taco tanSBA:%:ﬁ:SBA:60°.

Ta c6 sin SBA = % — MN = # — cos MNC =—— . Viy chon dép #n D.

J5
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Cau 13. Cho tr dién ABCD c6 cac mat (ABC) va (ABD) 1a céc tam giac déu canh a, cdc mat
(ACD) va (BCD) vudng goc v6i nhau. Tinh sé do ciia goc giita hai mat duong thang AD va
BC
A. 30° B. 60° C.90° D. 45°
Huwéng din giai

Goi M, N, E lan luot 1a cac trung diém cua cac canh CD, AB, BD

. {AB 1 BN
Ta co:

= AB L (BCN)=> AB L MN
AB L CN

Do AACD cantaiA = AM 1 CD
= AM J_(BCD) = AM 1 BM = AAMB vuong tai M

AB
:>MN=—=%

2
— DM = NDZ—NMZ:JE—i:a\E
4 4 2

AMNE 1a tam giac déu = MEN = 60°. Do {

NE//AD

= (4D, BC)=(NE,EM )= 60°
EM //BC
Vay chon dap an B.

Cau 14. Cho hinh chop S.ABCD c6 day ABCD 1a hinh vudng canh 2a, SA=a,SB = a3 va
mat phang (SAB ) vudng goc véi mat phang day. Goi M, N lan luogt 14 trung diém ctia cc canh
AB, BC. Tinh cosin ctia goc giita hai dudng thang SM, DN

75 245 5 35

A — B. — C. — D. —
5 5 5 5

Huéng din giai
Goi H 1a hinh chiéu cia S trén 4B, suy ra
SH L (ABCD)
Do do6 SH 1a duong cao cua hinh chop S. BMDN
Ta c6: SA° +SB> =a’ +3a’ = AB> = ASAB vuong

taiSiSMz%za.

Ké ME||DN(EeAD):>AE:%

Pit @ 1a goc giita hai duong thang SM va DN.
Ta co: (SM,ME)=¢ . Theo dinh ly ba duong vudng goc, ta co: SA L AE

Suy ra SE =~/SA” + AE® = "*ZE,ME: AM? + AE? :#

SRS

ASME can tai E nén SME = ¢ va cos¢ = S = g Vay chon dap an B.
a
2
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Cau 15. Cho ling try ABC.A'B'C' c6 d6 dai canh bén bang 24, day ABC 1a tam giic vudng
tai A, AB =a, AC = a+/3 va hinh chiéu vudng goc ciia dinh A' trén mat phang (ABC ) la trung
diém cta canh BC. Tinh cosin cta goc giita hai duong thang 44", B'C"

A B.
4

3

D. —

c.+
2 2

NG

Huéng din giai
Goi H la trung diém cia BC = A'H L(ABC) va

AH=%BC=%\/a2+3a2 =a

Dodd: A'H> = A'A* — AH*> =3a*> = A'H = a3
3

A 1 a
Vay VA'.ABC ZEA H'SAABC :? (tht)

Trong tam gidc vuong A'B'H ¢6 H'B=~A'B"+ A'"H" =2a nén tam gidc B'BH la can tai
B'. Dat ¢ la goc gitra hai duong thang A4' va B'C' thi ¢ = B'BH

Vay cosp = ﬁ = i Viay chon dap an B.
Ciau 16. Cho lang try ABC.A'B'C"' c6 day ABC la tam giac can AB = AC =a, BAC =120° va
AB' vudng goc voi day (A'B'C'). Goi M, N lan luot 13 trung diém cac canh CC' va A'B',
mit phang (AA'C ') tao voi mat phing (ABC ) mot goc 30°. Tinh cosin cua goc gitra hai duong
thang AM va C'N

A~ B. 2, = c. 2= D. 2,

19 39 29 29
Huéng dén giai

Ta co:

BC? = AB*+ AC*—2A4B.ACcos A=3a* = BC =a-3

Goi K 13 hinh chiéu caa B' 1én 4'C", suy ra A'C'J_(AB'K)

Do doé: AKB'=((A'B'C'),(AA'C'))=30° . Trong tam giac A'KB' c6 KA'B'=60°,4'B'=a
nén

a3

B'KZA'B'Sin6OOZT
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Suy ra AB'=B'K.tan30°=%

Goi E 1a trung diém cta AB', suyra ME||C'N nén (C'N,AM)z(EM,AM)
Vi AB'J_C'N:>AEJ_EM:>(C'N,AM)=AME

1

2 Cva2+C|Av2 _A1B|2
AE=EAB':%;EM2=C'N2= ( ) V7

= EM ="
4 2

2
AM? = AE? + EM? = 2% 5 qp1 = “@. Vay cos AME =YE _» /l.
16 4 MA~ \29

Vay chon dap an D.
Cau 17. Cho hinh chop S.4ABC c6 day ABC 1a tam giac vudng tai B, AB = a\/z, AC =2a. Mit
bén SAC 1a tam giac cin tai S va ndm trong mat phiang vudng goc vdi day. Canh bén S4 hop

v6oi mat day mot goc o thdéa man cosa = % Goc giita hai duong thang AC va SB bang

A.30° B. 45° C. 60° D. 90°
Huéng din giai Ta,
Goi H 1a trung diém ciia AC khi d6 SH L AC _l,-':" E'IHM
Mt khac (SAC) L(ABC)= SH 1 (ABC) A ‘n‘\
s H
-~ z
Mit khic BC=vAC'~AB =a\2=AB nén tam gidc A
ABC vudng can tai B dod6 BH L AC. PV - \“_.Lr:
Lai c6 SH L AC = AC 1 (SBH) do d6 B L AC. T W
i Wl
Vay chon dap an D. ;p

Cau 18. Cho hinh lang tru déu ABC.4'B'C' c6 canh day bang 2a. Goi G 1a trong tim tam
gidc ABC. Khoang cach tir diém C dén mit phang (BGC ') bang #. Goc gitta hai duong

thang chéo nhau B'G va BC gan bang
A. 61,28° B. 64,28° C. 68,24° D. 52,28°
Huéng din giai
Goi M 1a trung diém ciia AC ta c6: BM 1 AC
Dung CE L CC'= CE J_(C'MB)

Do d6 d(C,(BC'M)):d(C,(BC'G)):GE:#
Khido ——=—1 + 1 oozl
CE* CM* cc*”
Lai co
BMzaﬁ:»BG:zaf:B'Gz BG2+BB'2=—a\é§Tuo*ngtutac() c'G:“\?
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C'B"+GB"-GC” 3
2C'B'.GB' J39

Mit khac B'C'Y/BC = (BC,B'G)=(B'C",B'G)=C"'B'G ~61,29°

Do vay cosC'B'G = = C'B'G~61,29°

Vay chon dap an A.
Ciu 19. Cho hinh chép S.ABCD c6 SA, SB, SC d6i mot vubng goc voi nhau va
SA =SB =SC =a. Tinh goc gitra hai duong thang SM va BC véi M 1a trung diém cua AB
A. 30° B. 60° C. 90° D. 120°
Huéng din giai
Qua B ké dudng thang d song song v&i SM
Va cit duong thang S4 tai N
Do d6 (SM,BC)=(BN,BC)=NBC
Tacod SM || BN va M la trung diém ctia AB
Nén SN =S4 =SC =a=> NC =a 2
NV =25M = a2
Ma BC =+/SB* + SC* = axJ2 = ANBC 1a tam giéc déu
Vay NBC =60°=(SM,BC)=60°.
Vay chon dap an B.
Céu 20. Cho tu dién déu ABCD canh a. Tinh goc giita hai dudng thang CI va AC, véi I 1a
trung diém cta 4B.
A. 10° B. 30° C. 150° D. 170°
Huéng din giai
Ta c6 I 13 trung diém ciia 4B nén (CI , CA) =1CA

Xét tam giac AIC vudng tai [, co Al = 4B = AC & AL = 1
2 2 AC 2

Suy ra sin /ICA _ 14 :l:> ICA=30°= (CI,CA) =30°

CA 2
Vay chon dap an B.
Céu 21. Cho hinh chép S.ABCD c6 day ABCD 1a hinh chir nhat. Cac tam giac SAB, SAD, SAC
la cac tam gidc vudng tai A. Tinh cosin goc gitta hai duong thang SC va BD bict
SA=3,4B=a,AD=3a.

N 4 g

B. — C. — D. —

AL
2 2 130 130
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Huéng din giai

Ta c6 cac tam giac SAB, SAD, SAC 1a cac tam giac vudng tai 4. i
Nén SA L AB,SA 1L AD = SA L (ABCD) ,"F"( s,
7 TR
Goi O =AC N BD . Va M la trung diém cua SA. Do d6 OM || SC RTH \-1 S
ERTL
Hay SC||(MBD) nén (SC,BD)z(OM,BD)zMOB Il,f Lo ~.
If.'liE__I;_ _.'1"___-:‘_;:_‘3:
BM =~ AM* + AB* = AB® = a\/_ _5C_ a13 . S S
2 2 !"-_I'I.*"‘- '] L'~:'._ "
BD _ay10. d

BO =

2 2

Ap dung dinh 1y cosin trong tam giac MOB ta dwgc BM* = OM* + OB* —20M .OB.cos MOB
OM’+OB*—BM*> 8

20M .OB V130

Céu 22. Cho hinh chép S.ABCD c6 day ABCD la hinh thang vudng tai 4 va D, S4 vudng goc
v6i mat phang day. Tinh cosin goc gitia hai duong thang SD va BCbiet AD = DC =a, AB=2a

< cosMOB =

. Vay chon dap an D.

,SA:z‘“/g
3
] 2 3 4
A — L= C. 2 ) Y
J42 J42 J42 J42

Huéng din giai
Goi M la trung diém cta AB. Tacdé AM = AD=DC =a
Ma AB song song voi CD nén AMCD la hinh vudng canh 4.
Do d6 DM song song v6i BC.

Suy ra (SD, BC)=(SD,DM )= SDM
Lai c6 SM =~/S4> + AM> _aV21
Va DM =a~J2,SD =/SA> + AD* = a\21

2 2 2
Ap dung dinh 1y cosin trong tam gidc SDM, ta dugc cos SDM = SD”+ DM” = 5M = 3 .
2SD.SM J42

Vay chon dap an C.
Cau 23. Cho tir dién déu ABCD canh a. Tinh cdsin goc gifra hai duong thang 4B va CI vé6i 1
1a trung diém cua AD.

S 3 S

A — B. — C. — D.l
2 4 6 2
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Huéng din giai
Goi H la trung diém ctua BD. Ta c6 IH || AB=> AB|| (HIC)
Nén (AB,C]) = (IH,IC) =HIC.

av3
2
Ap dung dinh 1y cosin trong tam giac HIC, ta dugc

Ma IH=%,CH=CI=

2
a
2 2 2 (J
s e —uct - \2) 3
2HI.CI 2an§ 6
202

= cos(A4B,CI) = % Viy chon dap an C.
Cau 24. Cho ling try ABC.A'B'C" c6 tat ca cac canh day bang a. Biét goc tao bai canh bén
va mit day 1a 60° va H 1a hinh chiéu cta dinh 4 1én mat phang (A'B 'C ') , H trung v6i trung
diém cta canh B'C'. Goc giita BC va AC' 1a 0. Gia tri cia taner 1a:
A.3 B. -3 C. 1 D. -1
3 3
Huéng din giai
Tacod A'H 1a hinh chiéu ciia A4' 1én mit phang day
Do d6 (A44',(ABC))=(A4A",A'H)=AA"H = 60°

Laico A'H=%= AH.tan60°.£:£:B'H nén
2 2 2
AB':"‘/E
2
Va AA'= AH =a=>AC'=a
cos 60°

Mit khéc (BC,AC')=(AC',B'C')= AC'B'=a

AC|2+BVC|2_ABV2 _l
2.AC'B'C' 4

Suy ra tana =, | 12 —1=3. Vay chon dap an A.
cos” a

Cau 25. Cho hinh chép S.ABCD c6 day ABCD la hinh thang vudng tai AD, voi
AB =3a,AD =2a, DC = a . Hinh chiéu vudng gbc clia S xudng mit phang (ABCD) la H thude
AB véi AH =2HB . Biét SH =24, cosin cua goc giita SB va AC 1a:

A.Q B.ﬂ C.l D._—1
2 6 5 5

Do d6 cosa =
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Huéng din giai
Qua B ké dudng thang d song song v&i AC va cat CH tai K
Tacod (SB,AC) = (SB,BK) =SBK =¢

Xét hai tam giac dong dang ACH va BKH c6 CH = AH =
HK BH
Nén
_ 2 2 _

HK—C—H—a\/g—BK: SB=+/SH* + HB®> = a\/5

22 SK =/SH* + HK> :“221

2 2 op2
Do d6 cos SBK =cos ¢ = SB + BK™ ~SK” _ l Vay chon dap an C.
2.SB.BK 5

Cau 26. Cho hinh chop S.ABC c6 day ABC 1a tam giac vudng tai B, SA vudng goc voi day.
Biét SA=a; AB=a; BC= a2 . Goi 7 14 trung diém cua BC. Cosin cia goc giita 2 dudng
thang A7 va SC la:

A. 2 B. - 2 C. 2 D. Q

3 3 3 8
Huwéng din giai

Goi H 1a trung diém cua SB = [H song song v6i SC.
Do d6 SC||(4HI )= (AI,SC)=(AI,HI)= AIH

Tacd Al =+ AB* + BI =¥

_SC _ SA* + AC? .

2

2 2 2

AH:\/AB +4S° BS' a2

2 4 2
Ap dung dinh 1y cosin trong tam giac AHI, c¢6

2 2 2
cos gz - AL+ HI — AH =£=\E-

241.AH 3 3

Vay chon dap an A.
Cau 27. Cho lang tru dimg ABC.A'B'C"' c6 day ABC latam gidccantai 4, BC=a,AA'= a2

va IH

va cos BA'C = % Tinh goc giita dudng thing A'B va mit phang (AA'C’C)

A. 30° B. 45° C. 60° D. 90°
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Huéng din giai
Piat AB=x thi 4'B*=A4'C’ =x"+24°
Ap dung dinh 1y ham s6 cosin trong A4'BC, ta cé:
A'B*+4'C’ - BC?
24'B.A'C
2x* +4a’ —a’ 5

o) 6

cosBA'C =

Ké BH 1 AC,khid6 BH 1(A44'C'C)
Suy ra goc gitta duong thang 4'B va mit phang (AA'C'C)
la goc BA'H . Trong tam giac vuong A'BH c6

a\E

BH = l = BA'H =30° . Vay chon dap an A.

a\/_
Cau 28. Cho lang tru dung ABC.A'B'C" ¢b ddy ABC la tam giac vudng can tai B. Biét
AB=3cm,BC'= 3+2¢m . Tinh goc hop boi duong thang BC' va mit phang (ACC'A')

A. 90° B. 60° C.45° D. 30°
Huéng din giai

Tinh géc hop boi duong thang BC, va mit phang ( ACC'A ')

sin BA'H =

Goi H 1a trung diém cua canh AC, suy ra HC' 1a hinh chiéu
clia BC' 1én mit phang (ACC'A')
Do d6 (BC',(ACC'4"))=(BC',HC")

W2

Ta c6 tam giac BHC' vuong tai H, canh BH = Tcm

Ta cod sin HC'B =—— BH _1 = HC'B =30°. Vay
BC' 2

(BC',(4CC'4'))=30°
Vay goc gitra hai mit phing (ABB 'A') va (ABC ) bang 60°. Viy chon dap 4n B.
Ciau 29. Cho hinh hop ABCD.A'B'C'D" c6 day ABCD la hinh thoi canh a, géoc A = 60°. Chan
duong vudng goc ha tir B' xudng mit phang (ABCD) trung voi giao diém ciia hai duong chéo
cua day ABCD. Cho BB'=a . Tinh goc gilra canh bén va day

A. 30° B. 45° C. 60° D. 90°
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Huéng din giai
Tinh goc giita canh bén va mat phing day.
Goi O=ACNBD.
Theo gid thiét ta cé B'O L(ABCD)
B'BN(ABCD) ={B}
B'O L(ABCD),0 €(ABCD)
= Hinh chiéu B'B trén (4ABCD) la OB
= (B'B,(ABCD))=(B'B,BO)=B'BO. Tam gi4c
ABD ¢6 AB=AD =a,BAD =60° = A4BD 14 tam

gidc déu = OB =%

Trong tam gidc vudong B'OB: cosB'OB =——=

a
OB i
BB' a

:%:B'OB:60°.
Vay chon dap an C.
Cau 30. Cho hinh chép S.4ABCD c6 day ABCD 1a hinh vudng cé canh bang 4a. Hai mit phang

2
(S4B) va (SAD) cung vudng géc v6i ddy. Tam gide SAB 6 dién tich bang 8a 3\/8 . Cosin ctia
goc tao boi duong thang SD va mit phing (SBC ) bang:
a0 p. Y0 et p. 12
5 5 25 25

Huéng dén giai
Goi H 1a hinh chiéu vudng goc ctia D trén mat phang (SBC )

= (SD,(SBC)) = HSD = cos(SD,(SBC)) = cos HSD = i—g

1 1 84°\/6 darJ6
3

Suse = SAAB = SA4a = = Sd=—

1 .
Vossc = EDH'SSBC va

1 1 4a/6 1 3246
VD.SBC = VS.BCD = E'SA‘SBCD = 5 3 54(1461 = 9
3 3
= Lprs,, 3206y 3206
3 9 Sepe
. (BC L 4B 1 1
Tu = BC 1 (S4B)= BC L SB= Sy, =—BC.SB =—.4a.SB =2a.5B
BC 1 54 2 2
2
2
SB* =S4’ + AB* = (4";/6J +16a’ = 803“ = SB=a % = Sgpe =20° ?
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3246 4a10

Thé vao (1) = DH =

3.24° & >
3
2 2
SD? = SA® + AD? =(4“3*/€J 11602 =% L sp-a /83—0

= SH* =SD* - HD* =

804’ _(4a\/ﬁ Jz 304’

3 5 15
B 304
jSA:a‘/ﬁjcos(SD,(SBC)):S—Hz 15 V19 Chon A.
15 SD 80 5
a [E—
3

Cau 31. Cho hinh chop S.ABCD c6 diay ABCD la hinh thang vudng tai 4 va D,
CD =2a,AD = AB = a . Hinh chicu vuong goc ctua S trén mat day 1a trung diém H cia doan

AB. Khoang céch tir diém H dén mit phing (SCD) bang #. Tan cua goc giita duong thang
BC va mit phang (SCD) bang:

A2 B. g C. % D. 242

Huwéng din giai
Goi P 1 hinh chiéu vuéng goc ctia B trén mit phing (SCD)

= (BC,(SCD))=BCP = tan(BC,(SCD)) = tan BCP = ﬁ—g
AB//CD = AB//(SCD)
a2
= d(H,(SCD))=d(B,(SCD))=BP => BP = 3
Tacod BC? = AD* +(CD~-AB) =a* +(2a~a) =24°
2
2
= PC* = BC* — BP* =24’ —("\5] = 169"
a2

= PC =43—“:> tan(BC,(SCD)) =% = 43a =g. Vay chon dap 4an B.

3
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Cau 32. Cho hinh chép S.ABCD cé day la hinh chit nhat ABCD ¢6 AB =2a; AD = 2a/3 va
SA L (ABCD). Goi M la trung diém ctia CD, biét SC tao véi ddy goc 45°. Cosin géc tao boi
duong thing SM va mit phang (ABCD) la:

NRE] g, Y3 c. 277 p. Y27
13 29 29 29

Huwéng din giai
Tir S4 L (ABCD) = (SM,(4BCD)) = SMA

= cos(SM,(ABCD)) = cos SMA = g—g

Tir S4 L (ABCD) = (SC,(A4BCD)) = SCA

= SCA = 45° = ASAC vudng can tai 4

= SA=AC =~ AB> + BC* =\/4d* +12d* = 4a
= SM? = SA> + AM* =164’ +13a° = 29a’

_AM _a13 377
SM a29 29
Cau 33. Cho hinh chép SABC co6 day la tam gidc vudbng can tai B co
AB=BC=a;54 L (ABC) . Biét mat phang (SBC) tao v&i ddy mot goc 60° .Cosin goc tao bdi

dudng thang SC va mit phang (ABC ) la:

= SM =a~29 = cos(SM,(ABCD)) . Vay chon dap an C

R g 30 ¢ 40 p, 10
15 10 20 5
Huéng din giai
Tir S4 L (ABC)= (SC,(ABC))=SCA=> cos(SC,(ABC))=cos SCA :%

AABC vudng can B = AC = AB2 = a2
+ Ta c6 ngay
(SB,(ABC)) = SBA=> SBA = 60°

3tan60°:%=\/§:>SA:a\/§

= SC* = SA*> + AC* =3d* +2d> = 54> = SC = a5

= cos(SC,(ABC))zﬂzﬁz av10
SC a5 5

Vay chon dap an D.

Cau 34. Cho hinh lang tru dimg ABC.A'B'C' c6 day la tam gidc vudng tai B co

AB=a\[3,BC=a.Biét 4'C =3a. Cosin goc tao boi dudng thing A'B va mit day (ABC)

la:

N p 40 G p 45
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Huéng din giai

Lang tru dung A'B'C'.ABC= A'A L (ABC)

AB
= (A4'B,(ABC))= A'BA=>cos(A'B,(ABC))=cos A'BA =3
AABC vuong tai B=> AC*> = AB* +BC* =3a’ +a’ =4a” = AC =2a
= A'A=A4'C*-AC* =9a° —4a’ =5a"
= A'B*=A'A* + AB* +5a* +3a* =84 = A'B =2a\2
AB a3 \/>
AB 2ay2 4
Cau 35. Cho hinh chop S.ABCD c6 day ABCD la hinh vudng canh a, mét bén S4B la tam giac
déu va SC = a\/z . Goi H va K lan luot 1a trung diém ctia cac canh AB va AD. Cdsin cla gbc
giita SC va mit phang (SHD) la

= cos(A4'B,(ABC))=cos A'BA = . Vay chon dap 4n C.

A2 B. |2 c |2 . |2
5 3 5 2
Huwéng din giai
Tacod SB>+BC* =SC* =2a> = SB 1. BC ma BC | AB
= BC L (S4B)=> BC L SH ma SH 1 AB=>SH 1 (ABCD)

Ké CE L HD = CE L (SHD)=>(SC,(SHD))=(SC,SE)=CSE

Ta c6 %CE.HD = %SABCD = CE = 2“5\6
:SE:\/SCZ—CEQ:(Z: sCSE_?(Ej %

Vay chon dap an A.

Cau 36. Cho khdi chop S.4BC c6 day la tam giac can tai 4 co 4B = AC = 4a, goc BAC =120°

. Goi M 1a trung diém cua BC, N 1a trung diém clia 4B, ASAM 1a tam giac cén tai S va thudc

mit phang vudng goc véi day. Biét SA = a2 . Goe giita SN va mit phang (ABC ) la:

A. 30° B. 45° C. 60° D. 90°

Huéng din giai

Ta c (SN,(4BC))=(SN,NH)=SNH

Ta c6 MAC =60° = AM =2a,MC =2a~/3

:AHz%AMza:SHz SA*> — AH* =a

Ta c6 NH —EBM a3
= tan SNH =1 =L = sNH =30° (SN,(4BC))=30°
NH 3

Vay chon dap an A.
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Cau 37. Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh vudng canh a, hinh chiéu vudng goc
cua S lén (ABCD) la trong tim G cua AABD. Biét SG =2a, cosin clia goc gitra SD va
(ABCD) la:

A= B. - |~ c. > D. -, |>
21 21 41 41

Huwéng din giai
Ta co (SD,(ABCD)) =(SD,GD)=SDG

Ta co DG—EDM AM* + AD* =

SG 65

GD 5

= c0s SDG = \/E = cos(SD,(4BCD)) = \/E
41 41

Vay chon dap an C.
Cau 38. Cho hinh chop S. ABCD c6 day ABCD 1a hinh chit nhat canh 4B =4a,AD = a3 .

= tan SDG =

Piém H nam trén canh 4B thoa man AH :%HB. Hai mit phang (SHC ) va (SHD) cung

vuong goc v6i mit phang day. Biét SA = a~/5 . Cosin cua goc gifra SD va (SBC ) la:

5 5 4 1
A = B. [~ C\G D=
12 13 13 3
Huwéng din giai
g
M,
In “{w\
P N
SRS
i N
_-'—‘_'__._.__H_--’_ i""l:-:'_'__':‘;‘-:::r'-}ﬂ
.-—_'---d.__'_._——'- —_ = I-;-F_ T “""'
—i—— T M v
£ a r

Ké HE L SB= HK 1 (SBC).Goi E=DH nBC,ké DF //HK (F € EK)
= DF 1 (SBC)=>(SD,(SBC))=(SD,SF)= DSF

Ta c6 SH =+/SA> = AH? =2a. Xét ASHB ¢6 12= 12+ 12= 132:>HK=6—a
HK? SH® HB* 36a J13
Taco LH_HB _3_ HK _EH 3 _ np -89 Tacs SD=SH>+DH’ =242
ED CD 4 CF ED 4 J13
Za\/l SF_[5
— SF =+/SD*> - DF? = 0s DSF =-—= |- . Vay chon d4p 4n B.
\/E sp 13 2y chon dap
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Céu 39. Cho hinh chop tam giac S.ABC c6 day la tam gidc déu canh a. Tam gidc SAB can tai
S va thugc mat phang vudng goc véi day. Biet SC tao voi day mot goc 60°, goi M 1a trung di€m
cua BC. Cosin goc tao véi SM va mat day la:

A. COS(p=T6 B. cosgozL C. cosgo:? D. COS(pzi

V10 V10
Huéng din giai
Goi H 1a trung diém cta AB khi d6 SH L AB
Mat khac (SAB) L (ABC) suy ra SH L (ABC)

Khi d6 CH :%: SH = CHtan60°:37a
Do M 1a trung diém ctia BC nén HM = B—2C = %
cos SMH = A = ! . Vay chon dap an B.

JEM? +sH? V10

Céu 40. Cho hinh chop tu giac déu S.ABCD cé canh bén va canh day bang a. Goi O 1a giao
diem cta AC va BD. Khang dinh nao sau day dung?

A. Goc gitra duong thang SB va mit phang (SCD) bang 90°.

B. Goc giita duong thang SB va mit phang (SCD) bang goc giita duong thang BC va
mit phang (SCD) .

C. Géc giita duong thiang S4 va mit phing (SCD) 16n hon goc giita duong thang BC
va mat phang (SCD) .

D. Goc giita dudng thing S4 va mit phang (SCD) bang tich cta V2 vei goc gitta
dudng thang SO va mit phang (SCD) .
Chon dap 4an B

d(B,(SCD))
SB
d(B,(SCD))
BC

Ta co: sin(SB,(SCD)) =

Tuong ty sin(BC,(SCD)) =
Mit khic SB=BC =a
nén sin (S/B,_(—SC\D)) =sin (m)

Céu 41. Cho tir dién ABCD c6 canh AB, BC, BD bang nhau va d6i mot vuéng goc véi nhau.
Khang dinh nao sau day dung?

A. Géc gitta AC va (BCD) la goc ACD B. Géc giita AD va (ABC) 1a géc ADB
C. Géc giita AC va (ABD) 1a goc CAB D. Géc gitta CD va (ABD) 1a géc CBD
Chon dap an C

Tac: (AC,(BCD))= ACB;(AD,(ABC))= DAB
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(AC.(4BD)) = C4B;(CD,(4BD)) = CDB.

Céu 42. Cho diém S khong phu thudc mit phang (P) , doan vudng goc SH =1 va cac doan
xién SA=2,SB=3 va SC =4.Goi a, 3,y lan lugt 1a goc tao béi S4, SB, SC va mit phing
(P). Khing dinh nao sau ddy ding?
A. o <45° B. [ >45° C. p<y D. y > 60°
Chon dap an A
. SH 1 . I . |
Taco: sma=—=—=a=30°%sinf=—;siny=—=45°>a>L>y.
sS4 2 p=3siny =4 P>y

Cau 43. Cho hinh vuéng ABCD c6 tim O va canh bang 2a. Trén dudng thang qua O va vudng
goc voi (ABCD) 1y diém S. Néu géc gitta S4 va (ABCD) ¢6 s do bang 45° thi do dai doan
SO bang

_a\/g a~?2

D. SO =

A. SO =a\3 B. SO =a\2 C. SO . -

Chon dap an B

Tacé: SO L (ABCD)= (S4,(ABCD))=SA0 = 45°

Lai c6 AC=2av2 = 04=a\2 =50=04=a2 .
Céu 44. Cho hinh chép S.ABCD, c6 day ABCD 14 hinh vudng canh bang a; S4 vudng goc voi
day va S4 = a6 . Goc gitra SC va (ABCD) c6 s6 do bang

A. 30° B. 45° C. 60° D. 75°
Chon dap an C

—— 54 6 g 3
Ta c6: tan SCA = —— = a6 _ V3= 8CA=60°. Dod6 SC,(ABCD)=60°.
AC a2

Céu 45. Cho hinh chép S.4BC c6 day ABC la tam giac déu canh a. Hinh chiéu vudng goc cua
S1én (ABC ) tring voi trung diém ciia canh BC. Biét tam giac SBC 1a tam giac déu. S6 do cia
goc gilra S4 va (ABC ) bang

A. 30° B. 45° C. 60° D. 75°
Chon dap an B

Goi H 1a trung diém ciia BC suy ra SH L (ABC)

3
a SH = a~'3
2 2
Cau 46. Cho hinh chép S.ABC c6 day ABC 1a tam giac vudng canh huyén BC = a . Hinh chiéu
vudng goc cua S 1én (ABC ) tring voi trung diém ctia canh BC. Biét SB = a , khi d6 s6 do goc
gitra S4 va (ABC ) bang

A. 30° B. 45° C. 60° D. 75°

Laico AH = 3@:45":(@).
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Chon dap an C 5
Goi H la trung diém ctua BC suy ra SH L (ABC ) . ,_7‘-.,_.%
- E. “"“n
ra 1
Laico AH =2 =%, Laico SH = STy CY P
2 2 2 A A i
N - T
e < SH — o (o T oy S TP
Khi d6 tanSAH=E=\/§:>SAH=6O =(84,(4BC)). s f
Iy

Cau 47. Cho hinh chép S.ABCD, cé day 1 hinh vudéng canh a. Puong thang S4 vudng goc voi
mit phang day va SA = a. Goc giita duong thang SC va mp (SAB ) la &, khi d6 tan nhan

gia tri nao trong cac gia tri sau?

1
A. tang =— B. tana:\/z C. tana =1 D. tana:\/g

V2
Chon dap an A
{CB 154

Ta cé

= CB L (S4B)
1 4B

3(m=@:>tana=tan@=£ a__ 1

SB a2 2

Cau 48. Cho hinh chép S.ABCD, c6 day 1a hinh vudéng canh a. Puong thang S4 vudng goc voi
mit phang ddy va SA4 = a . Géc giita mp (SCD) va mp( ABCD) la «, khi d6 tana nhén gia

tri nao trong cac gia tri sau:
3
A. tanazg B. tana =1 C. tana:\/z D. tana:x/g

Chon dap an B
Tacé SA L (ABCD) va AD L CD

:(m):ﬁ:tana=tanﬁ4=%=l.
Cau 49. Cho hinh lap phuong 4BCD.A'B'C'D'. Xét mit phang (A'BD) . Trong cac ménh
de sau, ménh dé nao dung?

A. Goc gitra mat phang (A 'BD) va cic mdt phang chira cac mit cua hinh 1ap phuong
bang nhau

B. Géc giita mit phing (A'BD) va cac mat phang chira cac mit cia hinh lap phuong
bang nhau va phu thudc vao kich thudc ctua hinh 1ap phuong.
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C. Goc gitta mat phang (A'BD) va cac mit phang chira cac mit ctia hinh lap phuong
X . 1
bang ¢ ma tana zﬁ .
D. Ca ba ménh dé trén déu sai.

Chon dap an A
Goi M =A'BNAB'= AM | A'B

' "o AD AD
= a =((4'BD),(4BB'4")) = DMA:tana_AM e=\2.
V2
Goi N=A'DNAD'= AN L A'D
' oA AB AB
= f=((4'BD),(4DD'4")) = BNA:>tan,B__N =2
2

Dodé aa=p.
Hon nita (CDC'D'")//(ABB'A")=> & = ((4'BD),(4BB'4")) = ((4'BD),(CDC'D"))
(BCC'B")//(ADD' 4"y = B = ((4'BD),(4DD'4")) = ((4'BD),(BCC'B"))
Tu d6 A dang va B, C, D sai.
Cau 50. Cho hinh chép S.ABC c6 SA L (ABC) va day ABC la tam gidc vudng tai A. Khang
dinh nao sau day sai?
A. (S4B) L(A4BC)
B. (S4B) L (S4C).
C. Ve AH L BC,(H € BC) = goc AHS la goc giita hai mat phang (SBC) va (ABC).
D. Géc giita hai mat phang (SBC ) va (SAC ) la goc ACB.
Chon dap an D
Tir S4 L (ABC)=(S4B) L(A4BC)= A dung
{BA L4c
Ta co
BA 1 S4

RO rang C dung.
Néu D diing thi SC L BC va SC L AC ma diéu nay khong xay ra
nén D sai.
Cau 51. Cho tir dién ABCD ¢c6 AC = AD va BC = BD . Goi I la trung diém ctia CD. Khang
dinh nao sau day 1a sai?
A. Géc giita hai mat phang (ACD) va (B CD) la goc AIB.

B. (BCD) L (4IB).

= BA 1 (SAC)= (S4B) L (SAC)=> B ding
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C. Géc giira mit phing (ABC) va (ABD) l1a géc CBD. c

D. (ACD) L (AIB). A
Chon dap an C 7 f \
Tam giac ACD can tai A va tam giac BCD can tai B. ! . Y

y CD L4 ! Ty
Ma [/ 1a trung diém cta canh CD = =CD L (IAB) N ! A el
CD 1 IB - Pt

T d6 ta c6 ngay A, B, D dung. d

Néu C dung thi AB 1 BC va AB 1 BD ma ta khong thé c6 diéu nay nén C sai.
Cau 52. Cho hinh chép S.ABC ¢6 SA L (ABC) va AB 1 BC. Géc gifta hai mat phang
(SBC) va (ABC) la goc nao sau day?
A. Goc SBA B. Goc SCA C. Goc SCB D. Goc SIA véi I 1a trung diém ctia BC
Chon dap an A
BC 1 AB Y
Ta c6 = BC 1(S4B)=> BC L SB = ((SBC),(ABC))=SBA.
BC 1 54

Céu 53. Cho hinh chop S.ABCD c6 day ABCD 1a hinh vudng va S4 vudng goc vdi mat phang
day. Khang dinh nao sau day sai?

A. Goc giira hai mat phang (SBC ) va (ABCD) la goc ABS
B. Géc gitra hai mit phiang (SBD) va (ABCD) la goc SOA (véi O la tam cita hinh
vudng ABCD)
C. Goc giira hai mat phang (SAD) va (ABCD) la goc SDA
D. (SAC) L (SBD)
Chon dap an C
Tacs AB L BC = ((SBC),(ABCD))=SBA=> 4 ding

+) 40 1 BD = ((SBC),(4BCD)) = SOA=> B ding

+) (S4D) L (ABCD) = C sai

. {BDJ_AC
BD 1 SA

Cau 54. Cosin cua goc giira hai mat phang cia tir dién déu bang
A. ﬁ B. Q c. L
2 2 2

= BD 1 (SAC)=(SBD) L (SAC)= D ding.
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Chon dap an D

¥
Ké SH 1 (ABC) tai Hvagoi I = BH N AC. ;
Ta co cos(m)=cos§ﬁ =£. H:’ N
s i A
TamgiécABCdéu:]H=£. fo f:'.r \
2\/5 L H!_’i-::.;;. [
AC\3 Trypeermee | xl}j;
Tam giac SAC déu :>]S——:COS((SAC),(ABC))ZE. #

Céu 55. Cho hinh chop tam giac déu S.ABC c6 canh day bang a va dudng cao SH bang canh
day. SO do ctia goc hgp bdi canh bén va mat day bang

A. 30° B. 45° C. 60° D. 75°
Chon dap an C
Goi I =BH N AC.

Go6c hop bai canh bén va mat day 1a géc S/éE .

Ta co tan@—SH £
HB HB
Tam giac ABC déu :>BH:£:i.
5
= tan SBH = —— =3 = SBH = 60°_

J3

N . 5 . 2
Cau 56. Cho hinh chép tr gidc déu c6 canh day bang a\/z va chiéu cao bang %. S6 do

clia goc giita mat bén va mat day bang
A. 30° B. 45° C. 60°
D. 75°

Chon dap an B
Tacé SO L (ABCD) va tir gidc ABCD 1a hinh vudng.

Ké OP L CD(P e CD) = ((SCD),(4BCD)) = SPO.

a2
Lai co tanS/l%=&= 2 =1:>STI%=45°.
OP a\/z

Cau 57. Cho hinh chop tir giac déu c6 tit ca cac canh déu bang a. Cosin cua goc giita mot mat
bén va mot mat day bang

A

1
B. —
2 V3

C.

1
D. —
V2

W | =
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Chon dap an B
Tacé SO L (ABCD) va tt giac ABCD la hinh vudng.

Ké OP L CD(P e CD) = ((SCD),(4BCD)) = SPO.
2
Canh SO = SC? —0C? = ¢ —(LJ - s0="2

NG 7

2 2
= SP* = SO + OP” =%+(%) — SP= “‘2/3

a
:cos%—@ 2 l

P a3 B
2
Céu 58. Cho hinh chop tam giac déu S.ABC c6 canh day bang a, gbc giita mot mat bén va mit
day bang 60°. Khi do, do dai duong cao SH bang

Al B. av3 C. a2 p. &3
2 2 3 3
Chon dap an A 5
Goi M 14 trung diém cua BC = AM L BC. /i\
Taco ASBC cin = SM L BC suyra BC 1 (SAM). / E"qnﬁ
- oo
= ((SBC),(4BC))=(SM,AM ) = SMA = 60°. Ao Illh\ e
? gt
Goi H 14 hinh chiéu ctia S trén mat phang (ABC) ) e, " Y
T
SH Cl ‘“*.HL.-"

Khi d6 SMH = 60° = tan SMH = M = SH =tan 60°.—=

f 2 3
Cau 59. Cho hinh chép S.ABCD, c6 diay ABCD 14 hinh vudng canh bang a; S4 vudng goc voi
day va S4 = a6 . Goc gitra SB va (SA C ) thoa man hé thirc nao sau day?

A. cosoz:E B. sinoc:E C. cosoc:—2 D. sing =—
14 14 14

Chon dap an B

Goi O la tam cta hinh vuéng ABCD.

Tacéd AC L BO va SA L BO=>BO L (SAC).
= SO 1a hinh chiéu ctia SB trén mit phang (SA C ) .

BO

:m:@&/S\O) BSO = sin BSO = =~
SB

a2
2

\/ﬁ .

Ma BO = va SB = SA2+ABzza\/7:>sinBS/\O:7
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Cau 60. Cho hinh lang tru dung ABC.A'B'C' ¢6 AB=AA'=a,BC=2a,CA= a\/g.
Khang dinh nao sau day sai?

A. Pay ABC la tam giac vudng

B. Hai mit phing (AA'B'B) va (BB'C') vudng goc véi nhau

C. Goc giira hai mat phang (ABC) va (A'BC) ¢6 s6 do bang 45°

D. AC'=2a+2
Chon dap an C
Cau 61. Cho hinh chép S.ABCD c6 day ABCD la hinh thang vuong tai 4 va B, S4 vudng goc
Voi (ABCD) , AB=BC =a,AD = 2a . Néu gbc giita SC va mit phang (ABCD) bang 45°

thi goc giita mat phang (SAD) va (SCD) béang
J6
A. 60° B. 30° C. arccos T D. 45°

Chon dap an A
Ta ¢6 AC 13 hinh chiéu ctia SC trén mat phang (AB CD) .

Khi d6 (SC,(4BCD)) = (SC, AC) = SCA = 45° = Sd = AC .
Goi M 1a trung diém cia AD = CM 1 AD = CM J_(SAD).
Ké CH L SD ma CM 1 SD c (SAD)= SD L (CMH).

= ((54D),(SCD)) = (CH,MH ) = CHM .

Ma CM = aCH—2—:>smC/H]\\4—(CjAI§—{ CHM =60°.

NE)
Cau 62. Cho hinh ldp phuong ABCD.A'B'C'D" ¢6 canh bang a. Goi M, N, P lan luot la
trung diém cia BB',CD, A'D'. Goc gitta MP va C'N bang
A. 30° B. 45° C. 60° D. 90°
Chon dap an D

Taco MP.C'N = (MB'+B'P).(C'C+5N) =MB'C'C+B'PCN (1)

Mit khiac B'P=B'A'+ A'P = B'P.ﬁV:(B'A#ﬁ).ﬁV:B'AEW ©)

2 2
a a

T (1), 2) suy ra MP.C'N =MB'.C'C+B'ACN = 5" 0=>MPLC'N.

Cau 63. Cho hinh chop tam giac S.ABC c6 day la tam gidc déu canh bang 2a va S4 vudng goc
v6i day. Dé thé tich cua khdi chop S.ABC bang a3\/§ thi goc giita hai mat phiang (SBC ) va
(ABC ) bang

A. 60° B. 30° C. 45° D. Dap an khac
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Chon dap an A

. . 1
The tich khoi chop S.ABC1a V .. = ESA'SAABC = S4=3a.
SM 1 BC

Goi M la trung diém cia BC = .
AM 1 BC

:BCL(SAM):(W)=(W=@.

—— A
Xét ASAM vuodng tai A, c6 tan SMA = S—

=3 = SMA = 60°.

a\/_

Ciu 64. Cho t&r dién ABCD c6 AB= 72cm, CA =58cm,BC =50cm,CD =40cm va
CD L (ABC ) . Khi d6, goc giita hai mat phang (ABC ) va (ABD) bang

A. 45° B. 30° C. 60° D. Pap an khac

Chon dap an A
Ké CH L AB(H € AB)= AB 1L (CDH).
= ((4BD),(4BC))=(DH,CH )= DHC < (0;90°).
Xét AABC o6 cos ACB =1
145

— sin ACB = 1;‘: = S, =1440

1 2.1440

Ma S,y = CH.AB = CH = =40 =CD

R

= DHC = 45°.
Cau 65. Cho hinh lang trudimg ABC.A'B'C" ¢6 day ABC la tam giac can voi AB=AC =a
,80c BAC =120°, BB'=a vallatrung diém cua CC"'. Cosin cua goc giira hai mat phang
(ABC) va (AB']) bang
A. Q B. 3 C. ﬁ D. ﬁ
2 10 2 3
Chon dap an B

Goi M 1a trung diém ciia BC = BAM = 60°.

Xét AABM vudng tai M, c6 sin MAB = ij\;
:>BM=sin60°.AB="f —2.BM =a-3.

Tacéd AB'=~AB*+B'B* =a~J2,IB'=IC*+B'C" :_a\éﬁ—.
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a5
2

1 azx/ﬁ 1 az\/g
1 )

= Sy = ALAB' = Vi Syue =5 AM BC=—

Va Al =\ AC* +IC? =

= AI’ + AB” = IB"” = AAB'I vuédng

Ma mp(ABC) 1a hinh chiéu cia mp(A4B'I) = cosp = % = % :
Cau 66. Cho lang tru ABC.A'B'C' c¢6 day la tam giac déu canh bang a,
AA'= A'B=A'C =m.Dé géc giita mit bén (ABB'A') va mit ddy bang 60° thi gia trj cia

mla

A. B. C. D.

aN21 a7 aN21 a~3
3 6 6 2

Chon dap an D

Goi M 14 trung diém cua 4B = AB L CM .

Ma A'A=A'B=A'M L AB= AB L (A'MC).

Khi d6 ((4'4B),(4BC))=(A'M,CM )= 4"MC = 60°.

2
Xét AA'AB c6 A'M L AB= A'M =~ A'A> — AM* = |m’ —%. ;/

— 4 ! A
Vi OM =8B €t 0+ OV~ 24" ACM cos THIC “F*'f;:-':_‘!‘ N7
342 a\/g a3 o ) h'.!"ir
=>m’=m’ +——2m.——.cos60° = m = :
4 2 2 z

Cau 67. Cho hinh chép tir gidc déu S.ABCD co canh day bang a. Goi O 1a tim cia ddy va M,
N lan luot 13 trung diém cta S4, BC. Néu goc giita MN va (ABCD) bang 60° thi d6 dai doan
MN 13

AL g Y5 c. 10 D, 2
2 2 2 2
Chon dap an C
Dung MH J_(ABCD) = MH //SO va MH =%
Ta co: AC:a\/E:HC:?’af;NC:%
Do d6 HN =+HC? + NC*> —2HC.CN cos45° = a\iﬁ
Do 6 MN cos MNH = HN => MN = —1 =“*/E.
cos 60° 2
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Cau 68. Cho hinh chép S.ABCD c6 day ABCD 1a hinh vudng tam O. Biét SO L (A4BCD),
SO = a+/3 va dudng tron ndi tiép day ABCD cb ban kinh bang a. Goc hop bdi mdi mit bén

v6i day bang
A.30° B. 45° C. 60° D. 75°
Chon dap an C 5
Dyng OH L CD,laicé SO L CD = CD L SHO ;’ﬂh
Mit khac OH =r =a i AR
— S0 T AN
vi tan SHO =~ =3 = SHO = 60° Tl L\ NP
, N .l.:-:.:.-‘_.-.r' - -;l.._:i_ _-k;;
Do d6 ((SCD),(ABCD))=60°. p 4 v

Cau 69. Cho hinh chép S.ABCD, c6 diay ABCD 14 hinh vudng canh bang a; S4 vudng goc voi
day va SA =a6 . Goc B giita AC va (SBC) théa man hé thirc ndo sau dy?

A. cosﬂ:ﬂ B. sinﬁ’:£ C. cosﬂzﬁ D. sinﬂ:@
7 7 7 7
Chon dap an D
BC 1L AB
Dung AH 1 SB. Tacé: =BC 1l (SAB)
BC 1 84
Khido AH L (SBC). j,’*:_
£y
Mt khae AH =448 _ a6 fooN T
\/SAZ + ABZ \/7 F;:"\:J . 'lll'- 1"'\-_‘.‘ Iy
S -
— 4H 6 \/ N N
Suyra sin 8 =sin ACH = f £ ‘*-.}"- -
y ﬂ C \/— l.:.-—.!‘h-'

Cau 70. Cho hinh chép S.ABC c6 day ABC la tam glac déu canh a. Hinh chiéu vudng goc cua
S'lén (ABC ) tring voi trung diém H ciia canh BC. Biét tam gidc SBC 1a tam giac déu. Tinh s6

do cua goc gitra SA va (ABC) .

A. 60° B. 75° C. 45° D. 30°
Chon dap an C o
=T
Ta c6 tam gidc ABC déunén AH 1 BC;AH = a\2/§ ;‘__x"f 7 “'\,
e ¢ "

- , . A N a\/g ,.-'".‘ / kS

Mat khac tam giac SBC déu canh a nén SH = - f X
2 a ‘-‘. . . '—"—::,:Ir.l':
Do SH L (ABC) = SH | AH = ASHA vudng cén tai H. ‘M“uh i 'Z-;,,;”
Il‘-"l I‘-.

Khi d6 SAH = 45° suy ra (S4,(ABC)) = 45°. ¥

Cau 71. Cho hinh chop S.ABCD c¢6 day ABCD 1a hinh vudng canh a,
SA L (ABCD),SA =aJ6.Goi a 1 goc gitra SC va mp(ABCD). Chon khang dinh dung
trong cac khang dinh sau?
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A. o =30° B. cosa=? C. a =45° D. a =60°
Chon dap an D
Tacé: AC = a2 suy ra tan@:ﬁ:&:\/g

AC a2

Do d6 a = SCA = 60°
Cau 72. Cho hinh chép S.ABCD, déy ABCD 14 hinh vuéng canh bang a va S4 L (ABCD).

Biét S4 = # Tinh géc gitta SC va (ABCD).

A. 30° B. 60° C.75° D. 45°
Chon dap an A
Taco: AC =a~/2 suyra tan@zsi:ﬁ:L. Do d6 a = SCA = 30°
AC 3a2 B

Cau 73. Cho hinh lap phuong ABCD.4B,C\D,. Goi a la goc gitta AC, va mp(4,BCD,).
Chon khang dinh diing trong cac khing dinh sau?

A. o =30° B. tano :l C.
V3
a =45° D. tana:\/z

Chon dap an D
Goi O 1a tam hinh 1ap phuong va 7 1a tdm hinh chir nhat
Al 1 AB

ABB, 4, ta co: = AI L (BCD,4,)
AI 1 BC

Khi do (AC,,(4,BCD,))= A0l

a2
— Al

Mit khic tan AO] = —=—2_=\2

o)) a

2
Cau 74. Cho hinh chép S.ABC c6 day ABC 1a tam giac vudng canh huyén BC = a . Hinh chiéu
vudng goc cua S 1én (ABC ) trang v6i trung diém BC. Biét SB = a . Tinh s6 do goc gitra S4
va (AB C ) )
A. 30° B. 45° C. 60° D. 75°
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Chon dap an C X
Tam giac ABC vuong tai A nén AH = % = % f,;-"" I,T“-.;
.-"'--. f ""-
oo
Lai c6 SH =+/SB> —BH* = ay3 : / b
2 R RE T IR R -
... Tl I’f .
—_—  E—— — . '--_..'
Khi d6 tanSAsz—Z=\/§:>(SA,(ABC))=SAH=60° R

ﬂ'
Cau 75. Cho tir dién 4BCD déu. Goi a 1a goc giita AB va mp (B CD) . Chon khiang dinh ding

trong cac khang dinh sau?

A. cosoz:—3 B. cosoc:—3 C. cosa=0 D. cosa =—
3 4 3
Chon dap an A nﬂ'
Goi M 1a trung diém cta CD va H 1 trong tAm tam giac BCD _/"‘f AT
2 2 £ TN
Khi d6 AH L (BCD). Mt khéc g~ 2py 23 _a3 P R TN
3 3 2 2 ,{:\.._:.:-'--“.Ii -'é---ll------.-';-:'.
To-ll ~
— -\" ? - L’J
Do d6 cos SBH = BH \/_ — = cosa = ﬁ s jf"'j’
AB 3 3 P
Cau 76. Cho tam giac ABC vudng can tai 4 va BC = a . Trén duong thang qua 4 vudng goc
4 X 6 I4 2
véi (AB C ) lay diém S sao cho SA4 = a\z/_ . Tinh s6 do goc gitra duong thang SB va (ABC ) .
A. 75° B. 30° C. 45° D. 60°
Chon dap an D
BC a
Taco AB =
N &
— — I.'lu"-\.‘_
Do SA L(ABC)= (SB,(ABC))=SBA g
— F
Mt khic tan SBA = 2o = YO, av2 _ J3 g .
AB 2 2 P L
_— .l" ,r" .H‘__d_.--
Do @6 (SB,(ABC))=60° o
0 do (SB.( ) e

Cau 77. Cho hinh chop S.ABCD c6 day 1a hinh chit nhat ABCD ¢6 AB =2a; AD = 2a/3 va
SA L (ABCD). Goi M 1a trung diém cua CD, biét SC tao véi day géc 45°. Cosin goc tao bdi
duong thing SM va mit phang (AB CD) la:

6 p A i o 7T
13 29 29 29
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Chon dap an C

i
Do S4 J_(ABCD) nén (m) = SCA = 45° ;,r'? ‘*«._ 5
Khi dé SA = AC =V AB* + AD* =4a J,’ Eﬁ, N
Lai c6 MD = CzD = AzB — AM =~ AD* + DM* = a+/13 ;.-'J ,.; \1 . __j\,j
Khido cosSMA =M ____AM ____ 377 >0 ." ?‘*__ f-'f‘h
SM - sa+am® 29 o
Do d6 cos(m) = @

Cau 78. Cho hinh chop SABC c6 day la tam giac vudng can tai B co
AB=BC=a;S4 L (ABC) . Biét mit phing (SBC) tao v&i day mét goc 60°. Cosin goc tao

boi duong thang SC va mit phang (ABC ) la:

A Ji0 g, Y10 ¢, Y10 p, Y10
15 10 20 5
Chon dap an D T
Do SA L (ABC) lai c6 BC L AB= BC L (SBA) rt\\
L
- Voo
Khi d6 ((SBC),(ABC)) = SBA = 60° Vo
Taco SA= ABtan60° = av/3; AC =~/ AB* + BC* = a2 \",\ \\_\\
Khi d6 cosSCA—AC A€ m EL N ki

\/m+ AC? \‘%\,f

Do d6 cos (TS’C/,(-M) = T

Cau 79. Cho hinh hop chit nhat ABCD.A'B'C'D" c6 day ABCD la hinh vuéng canh bang
2\/5, AA'=4. Tinh goc giita duong thang 4'C véi mat phang (AA'B'B).

A. 30° B. 45° C. 60° D. 90°
Chon dap 4n A A+ ;__T .2
Goc can tinh 1a CA'B. e,
— B 2 1 Salomloa 1
Taco tan A B~ 2C 22 = CA'B=30°. SR bt
AB J¥is B

Cau 80. Cho hinh lang tru dtng ABC.A'B'C' c6 day la tam giac vudng tai B co
AB = ax/g;BC =a.Biét A'C =3a. Cosin goc tao boi duong thing A'B va mat day (ABC)
la:

A Y10 g, Y10 c. Mo p, I3
4 6 4 5
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Chon dap an C o .
Tacd: AC =+ AB* + BC* =2a;A4' =~ A'C* — AC? = a 5 f**:.;,ﬂ P
, e (A AR - T \ T
Do AA' 1 (ABC) nén (A'B,(ABC))= A'BA \
. E .::\.-_": """::__::"’l'—“
Lai ¢ cos A'BA = A'B = 4B a\/_ \/_ x“‘*J_, ol
AB JaB+ 44" Bd+sa@ 4 3

Cau 81. Cho hinh chép S.ABC c6 day ABC 1a tam gidc vudng tai 4, ABC = 60°, tam giac
SBC 1a tam giac déu va c¢6 canh bang 2a va nam trong mat phang vuéng goc vai day. Tinh goc
giita duong thang S4 va mat phang day (ABC )

A. 30° B. 45° C. 60° £ D. 90°
Chon dap an C S,
Goi H 14 trung diém ctua BC ta c6: SH L BC ’//: ‘H
Mit khéc (SBC) L (ABC) nén giao tuyén SH L (ABC) S ‘\'
,f’ = '*uﬁ
Lai co: SH:BC\E:a\/g;AHZEZaX/5 _f**:' A
2 2 2
— — — -~
Do d6 tanSAH=%=ﬁ:>SAH=60°=(SA,(ABc)). ,f,-

Céu 82. Cho hinh chop S.4BCD c6 day ABCD la hinh vudng canh a. Tam giac SAD dél{ va
nam trong mat phang vuong goc vdi day. Tinh tan cta goc gitta duong thang SB va mat phang
(4BCD).

A3 B. @ C. % D. /5
Chon dap 4n B {_k‘:.‘
Goi H 1a trung diém ctia AD ta c6: SH 1 AD f
Mat khac (SAD) L (ABC) nén giao tuyén SH L (ABCD) !'i : i ., ‘“HHH

|'I : :Ii- "‘,...i.l ..:.__._._‘.:"-E.'
Lai cé: SH:AD—ﬁza*B;HBz T AF < foas.n T e
2 2 2 J.._- " -\1.\. r o
. - pe
Do d6 tan SBH = % AN tan(SB,(ABCD)).
HB 5 5

Cau 83. Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh vudng canh a. Tam gidc SAB déu canh
a va nam trong mat phang vudng goc voi day (ABCD) . Tinh cot cua goc gitta SD va (ABCD)

J15 V3

B. 1~ C. 3 p. X2

5
A — .
V15 5 2
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Chon dap an A
Goi H 1a trung diém ciia 4B ta c6: SH 1 AB
Mat khac (SAB ) L (ABC ) nén giao tuyén SH | (ABCD)

Lai co: s = ABY3 _ "*/g;HDz A+ AD =43
2 2 2
Do do cotﬁ— HD \/— > =Co t(m)

s 3 15
Cau 84. Cho hinh chép S.ABCD c6 day ABCD 1a hinh vudng canh a. Hai mat phang (SAB )
va (SAC ) cung vudng goc véi day (ABCD) va SA =2a. Tinh cosin cta goc gitta dudong
thang SB va mit phing (SAD)

A. ﬁ B. i c. L D. 1
5 2
Chon dap an B
SAB) 1L (ABCD
(S4B) L( ):SAL(ABCD)
(SAC) L (ABCD)
‘ AB 1 AD
Lai co: { = AB 1 (S4D)
154
Ta co:
SA sS4 2 2f e
cos BSA = 22 ——=cos|SB,(SAD))Céau 85. Cho hinh chép
B st 148" 5 (85(540))

S.ABCD c6 day ABCD la hinh vudng canhva. Tam giac SAB déu va nam trong mit phang vudng
gbc voi day. Goi H, K lan lugt 1a trung diém cua cac canh AB va AD. Tinh tan ctia géc tao boi
giita duong thing S4 va mat phang (SHK ) .

AANT B. V2 C. V7 V14
4 7 4
Chon dap an C

Ta c6 sin(S4,(SHK ))

SA
2 2 2
Laicéld.HK=SAHK=a—:>d= a __ 4 __ 4
2 8 4HK 4%ﬁ 22
:>sin(§,(ﬁ]()):L
22
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I
= tan (SA4,(SHK )) = 2—*51 -
1—=

8

1
Cau 86. Cho hinh lang tru ABCD.A'B'C'D" ¢6 day ABCD 1a hinh thoi canh a, BAD = 60°
. Hinh chiéu vuéng goc cia B' xuong mit day trung véi giao diém hai duong chéo cua day va
canh bén BB'= a . Tinh goc gilta canh bén va mat day.
A. 30° B. 45° C. 60° D. 90°
Chon dap an B

Ta co OB=@:A—=g
2 2 2
3008@'=%=13@'=600.
BB' 2

Cau 87. Cho hinh chép S.ABCD c6 day ABCD la hinh chir nhat véi AB =a,BC =2a. Hai
mat bén (SAB ) va (SAD) cling vudng goc véi mit phang day (ABCD) , SA = a\/15 . Tinh
goc tao boi duong thang SC va mit phing (ABD) ?

A. 30° B. 45° C. 60° D. 90°
Chon dap an C

Taco SA L (ABCD)= (SC,(ABD))=SCA.

L6 tanSCA=SA V15w <o eoe.
AC \/c12+4a2

Cau 88. Cho hinh chop S.ABCD c6 day ABCD la hinh vudng canh a, tdm O. Canh bén S4 = 2a
va vuong goc voi mat day (ABCD) . Tinh tan ctia goc giita dudng thang SO va mit phang day

(4BCD).
A.2\2 B. 3 C.2 D. 1

Chon dap an A

Ta co tan(SO,(ABCD)) = tan SOA = od =
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CAu 89. Cho hinh chop S.ABCD c¢6 ddy ABCD la hinh vuéng canh a. Biétrang S4 L (ABCD)

, SA= a\éﬁ . Goi M 1a trung diém cua BC. Tinh goc gitta duong thang SM va mat phang
(4BCD).
A. 30° B. 45° C. 60° D. 90°
Chon dap an C
a\15
Ta c6 tan(m):tan@:j;[: 2 - -3 3(m)=60°

Cau 90. Cho hinh chép S.ABC ¢ day ABC 1a tam gidc déu canh a, canh bén SA =2a va
vudng goc voi day. Tinh sin clia goc giita dudng thang SC va mit phang (SAB ) .

A ES p. 31 e B3 p. Y15
10 17 2 10
Chon dap an D
Goi M la trung diém cua 4B = CM 1 AB g
CM L AB N
Ta c6 = CM 1 (S4B) ma SC L (ABC)={S}
CM 154 \lﬁ
. (SC.(S4B)) — (SC,5M) = H5C \Fx “
-,
Taco v =33 svr —Jsat v an® =NV j'* ____________ o
2 2 A }". LTIIIIzest
kT -~
— N —
= SC =~/SM?* + MC? = a5 :sinMSC:A;—g:%. EL"‘

Cau 91. Cho hinh chép S.ABCD c6 day ABCD 1a hinh vudng tdm O, canh béng 4a, canh bén
SA = 2a . Hinh chiéu vudng goc ctia dinh S 1én mit phang (ABCD) 1a trung diém H cta doan

thang 40. Tinh tan goc giita duong thang SD va mat phang (AB CD) )

A5 B. 1 C.@ D. 3

5

H 384



Tuyén chon va gidi thiéu: Nguyén Qudc Hoan 0913 661 886
Chon dap an C
Tacé SDN(ABCD)={D} va SH 1L (ABCD)
. (SD.(ABCD)) - (SD,HD) - DI

Taco AH =%AC=% (4a)’ +(4a)’ = a2

— HD =~ AH? + AD* —2AH .AD.c0s45° = a~/10

sS4 2a 0

:>tanS/l-)E= = = .
AH aJ10 5
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Cau 92. Cho hinh chép S.ABCD c6 day ABCD la hinh chit nhat voi AB=a, AD = a\/g .

Hinh chiéu vudng goc H cua S 1én mit dy tring véi trong tim ctia tam giac ABC va SH = %

. Goi M, N 1an lugt 13 trung diém ctia cac canh BC, SC. Tinh tan ciia goc giita duong thang MN

va mit phiang (AB CD) )
4

A — B.
5

Chon dap an B
Qua N ké dudng thing song song véi SH cat CH tai K
= NK L (4BCD).

Tacd MN N(ABCD)={M} va NK 1 (A4BCD)

c.2 D. 1
3

Bjw

= (MN,(4BCD)) = MN,MK = KMN

Taco NK =L SH =% Tacé BH =L BH =22
2 4 3 3
5 > Sa 1 Sa
— SB=+/SH> +HB* =22 = MmN =—sB =22
6 2 12
MK =MV NK? =% = tankuN =K _3
3 MK 4

Céu 93. Cho hinh ch6p S.ABCD c¢6 day ABCD la hinh vudng tdm O, canh bang a, SO vudng
goc voi mat day. Goi M, N lan lugt 1a trung diém cua S4 va BC. Tinh géc gitta dudong thang
aN'10

7

A. 30° B. 45° C. 60° D. 90°

Chon dap an C
Qua M ké duong thing song song v&i SO cit AC tai H
=>MH L (ABCD) :

Tacd MN N(ABCD)={N} va MH L (ABCD)

MN va mit phang (ABCD) , biét MN =

= (MN,(4BCD)) = (MH, HN) = MNH

Ta co CH:%AC:%WZ?)CI\/E

4
— HN =+ CH? + CN? —=2C.C.cos45° = a\iﬁ
a~30 ——  MH

— MH = MN? - NH? = :»tanMNH:H—N=\/§ — MNH = 60°.

4
Ciu 94. (THPT CHUYEN LAM SON-THANH HOA LAN 1 NAM 2018): X¢ét tir dién
OABC c6 04,0B,0C dbi mot vudng goc. Goi @, .7 lan lugt 1a goc giita cac duong thang
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04,0B,0C  véi miat phang (ABC) Khi d6 gi4d tri nho nhat cua biéu thic
= (3 +cot’ a).(3 +cot’ ,6’).(3 +cot’ }/) 1a:
A.48. B. 483. C. 125. D. 86 khéc.
Pap an C
Cdch 1: Dit hé truc toa d6 Oxyz = toa d0 cac diém A(a;0;0), B(0;b;0),C(0;0;c).
Dung cong thirc tinh goc giita duong thing va mit phang ta co duoc két qua:
. — — be
sma=cos(nABC,u0A)= - = -
J(be)’ +(ca)’ +(ab)
Viét két qua tuong ty = sin’ @ +sin’ g +sin’ y =1,
Cich 2: T dang thirc:
1 11 1 _OH® OH’ OH’
2 = 2 + 2 + 2 = 2 + 2 + 2
OH- 0A OB~ OC o4~ OB~ OC

=1 sin’ a+sin® f+sin’ y =1.

1 1 1 1
M=|24+— || 24— || 24+— | voi = >27.
= Dang ( XJ( YJ( Zj VoL X+Y+7Z=1= XYZ

Bién d6i M =8+4 l+1+1 +2 1+1+1 +L
XY YZ ZX) XYZ

M>8+43‘/ +2.3. 3/ +—>8+433+239+27—125

Dau "=" xay ra dugc nén c6 My, =

Cau 95. Cho hinh chép S.ABCD c¢6 day ABCD la hinh vuoéng canh a va canh bén S4 vuong

. 6 . . ,
goc voi day. Biét SAZ%. Tinh s0 do goc gilra hai mat phang (SBD) va mat phang day

(ABCD).
A. 60°. B. 30°. C. 45°. D. 90°.

Chon A
Goi O 1a giao diém cua AC va BD.

Taco: BD L AC (do ABCD 1a hinh vudng)

BD 184 (do SAL(ABCD))

Suyra BD L(SAC)=>BD LSO (do SO (SAC))
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(SBD)(A4BCD) = BD
Ta lai ¢6: 1O (SBD),SO LBD = ((SBD),(ABCD))=(S0,AC)=504.
AC =(ABCD), AC L BD

a\/6
4 —
Tam giac SAO vuong tai 4 nén tan SOA4 = S =2 - V3= 504=60°.
40 a2
2

Cau 96. [THPT CHUYEN HUNG VUONG - PHU THO 2018 - LAN 1]: Cho hinh hop
chit nhat ABCD.A'B'C'D' cb cic canh AB =2,4D =3,44'=4. Goc giita mat phang

(ABD') va (AC'D) 1a . Tinh gi4 tri gin ding clia goc @?

A. 425" B. 33,1°. C. 53,4". D. 61,6
Chon D
Cich 1: Hai mit phing (AB'D') va (4'C'D) c6 giao tuyén la EF nhu hinh v&. Tir A’ va D’

ta ké 2 doan vudng goc 1én giao tuyén EF s& la chung mot diém H nhu hinh vé&. Khi d6, goc
giita hai mat phang can tim chinh 1a goc giita hai dudng thaing AH’ va DH

DB Q’D,F DA_5 o BA_ 5

Tam giac DE’F lan lugt co6 D'E = = =——=—;FF=——=
2 2 2 2
61 28 \/305
Theo hérong ta co: Sp = £ Suyra D'F =—D2 = ———
4 EF 10
———  HA"+HD"-A'D® 29
Trong tam giac D'A'H c¢6 cosA'HD'= =
2HA'.HD' 61

Do dé A'HD'~118,4° hay (A'H.D 'H)=180°~118,4° = 61,6°

Cdch 2: Géan hinh hop chit nhat ABCD.A'B'C' D' vao hé truc toa dd nhu hinh v€. Khi d6
A(0;0;0),B(2;0;0),D(0;3;0),C(2:3;0), 4'(0;0;4),B'(2;0;4),D'(0;3;4),C'(2:3;4)

Goi nT 1a véc to phap tuyén ciia (AB'D'). C6 n, = [EE] =(-12;-8;6)

Goi a 1a véc to phap tuyén ciia (4'C'D). C6 n, = [A'C’;A’D] =(-12;8:6)
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Goi (& 1a goc giira hai mit phang (AB'D')va (4'C'D)

mn, |29
cosa = |[;—r—| =——- Vay gia tri gan dung cua goéc a 1a 61,6" .
]| 61
Cau 97. (THPT Viét Tri): Cho hinh chop SABCD ¢q day ABCD 13 hinh thang vuong tai
AvaB. AB-BC=a, AD =2a. SA vudng goc véi mat phing day, SA=2. Goi M, N lan
luot 14 trung diém cua SB va CD. Tinh cosin goc gitta MN va (SAC).

1 35 55

2
A. B. c. X2 D. ——
NG 10 10 J5

Ta dé chitng minh dugc tam gidc ACD vuong tai C, tir d6 chiig minh dugc CN vudng
goc v6i mit phang (SAC ) hay C 14 hinh chiéu vudng goc cua N trén (SAC ) . Puong thing MN

cit mat phang (SAC ) tai J xac dinh nhu hinh v&. Suy ra goc gitta MN va (SAC ) la goc NTC

IN 1a duong trung binh trong tam giac ACD suy ra IN=a, IH l1a dudng trung binh trong
. Dua vao dinh 1i Talet trong tam giac MHN ta dugc

V22

SA = %SA = %. Dua vao tam giac JIC vudng tai I tinh dugc JC =?.

tam giac ABC suy ra [H =%BC =§

w=2mH=-2
3 3

N | =

V2 /10

Ta dé tinh duoc CNZa2 , JN = 3

JC 55

Tam giac NJC vudng tai C nén COS]VJ\C ==
JN 10
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Cau 98. Cho hinh chop tir giac déu S.4ABCD c6 ddy ABCD la hinh thang vudng tai 4 va B, biét
ting AB=BC=a, AD =2a,S4=a\2,54 L (ABCD). Tinh gbc giita duong thing SC va
mit phang (SAD) .

A. 30° B. 45° C. 60° D. 90°
Chon dap an C
Goi M 14 trung diém cua 4D = CM 1 AD

, {CM 1 AD

Ta co

CM 154

ma SC N (SAC) ={S)

= CM 1 (S4D)

= (SC.(S4D)) = (SC.5M) = MSC
Tacd CM =a,SC =/ SA> + AC* =2a
= SM =~/SC* —CM? = a3

— tan MSC =M _ 3 = MSC = 60°.
CM

Cau 99. Cho lang tru dimg ABC.A'B'C'cé day ABCla mot tam gidc can voi
AB=AC= a,ﬁf =120°, canh bén BB'=a. Goi I 1a trung diém CC'. Ching minh ring tam
gidc AB'Ivudng & A. Tinh cosin cta goc giita hai mat phing (ABC ) v (AB'I )

NRUER B, Y30, c. 10 p. V5.
10 10 J30 J30
Pap an B.

Ap dung dinh 1y cosin cho AABC ta cé: BC? =a® +a* —2a%cos120° = 34°.
Ap dung dinh 1y Py —ta — go cho tam giac:
AB'BA ¢6:B'A* =2a°

2 2
AICA c6: AI? =a? +| L] =57,
2 4

2 2
AB'C'T c6:B'I? =322+ =137
4 4
2
Ta co: B'A* + AI* =24 +5%=13” —B'I* = AAB'I vudng & A.
2
Taco: S,,,, =+ SALAB =l i a \/ﬁ. S, =~ sin120° =ﬂ.
4 2 4
23
. , .~ . - < N [l r S
Goi o¢la goc gitra hai mat phang (ABC) va (AB I). Ta co: cosp =245 = 4 _ 3 =\/%.
SAABI 512\/E \/E 10
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Cau 100. Cho lang tru ding OAB.O'A'B' c6 cac day la cac tam giac vudng cén
OA=0B=ua,AA'=aV2 . Goi M,P lan luot 1a trung diém cac canh OA, AA'. Tinh dién tich
thiét dién khi cét lang try béi (B'MP)?

215 522415 522415 215
A. B. C. D.
1242 1242 62 62
Pap an C.

Goi R la giao diém ciia MP va OO' , Q la giao diém ciia B'R véiOB.

Thiét dién 12 t&r gidc MPB'Q , ta co: 22 — RO _ 1

—— _—--0Q=2.
O'B' RO 3 3

Ta giac AMQB 13 hinh chiéu vudéng goc cua tir gidic PMQB' trén mit phang (OAB) nén:
S amos A’ B’

SPMQB' = .
cos

V6i ¢ 1a goc tao boi hai mat ph:fmg(OAB) Vél(MPB 'Q) .

1. 1, 5.,

Ta co: SAMQB =Sos _SOMQ - 211 _Euz :Ea
MQ L OH

Ha OH L MQ, ta c6: Q = MQ L (OHR)
MQ 1 OR

V@y:ap:ﬁ (O/HT{ nhon)

a
. 2
Ta c6: cos = cosOHR = OH = OH = V13 = 2 . Vay: Spmop :M.
RH \JoH? + OR? \/az 2 15 1242
13 2

Cau 101. Cho hinh chép S.4BCD c6 day ABCD la nira luc gidc déu noi tiép dudng tron
duong kinh 4B =2a, S4 vudng goc voi (ABCD) va SA = a~/3 . Tinh tan cta goc gifra hai

mit phang (S4D) va (SBC).

1
A V14, B.ﬁ. C.\5. ) D. V7.

Chon D.
Goi J=ADNBC, ABCD lantra luc gidc déu nén
AD=DC=CB=a, Al=IB=a.

BD 1 SA
BD 1 AD .

= BD L(SAD)=BD L SI

(SAD)N(SBC)=sI ;»{

Vi vy theo truong hop dic biét ta chi can dung DE 1 SI véi E€SI .

Khi d6, SI L (BED)= (W\(SSBC)) = (EB,'/E\D) — BED, (ViABED vudng tai D)
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AAIB ddunén BD =av3 , SI=+/SA* + AI* = a7

DI w3

Hai tam giac vuéng SAI va DEI ddng dang nén: % =—=DE=—+.

SI J7
. —  BD
ABDE vuéng tai D = tanBED = = J7 A

Cau 102. Cho tam gidc ABC vudng cantai A c6 AB=a, trén duong thang d vudng goc véi
(ABC) tai diém Ata ldy mot diém D . Tinh goc giita hai mat phéng(ABC) Ve‘l(DBC), trong

trudng hop (DBC) 1a tam gide déu.

A. arccosl B. arccos—3 C. alrccos—3 D. arccos—3
3 3 4 6

Pap an B.

Goip la goc gitra hai mat phéng(ABC) Vé(DBC).

Theo cong thire dién tich hinh chiéu cua da giac, ta co: S

aasc = Sappc-COS®
2
Ma:S, .. — - DB.DC.sin60" zlaﬁ.aﬁ.ﬁz @3
2 2 2 2
S
Mat khac:S, ,,. = %AB.AC = %az = cosp =24 — @ =p= arccos?3 .

ADBC
Cau 103. Cho hinh chop S.4BC c6 day ABC la tam giac vudng can voi BA=BC=a,

SA L (ABC) , SA=a.Goi E,F lan luot 1a trung diém cua cac canh AB, AC . Tinh cosin g6c
gitta hai mit phang (SEF) va (SBC).

A B. . .

3
D. —.
V10 V10 2410

Nhdn xét: Giao tuyén ciia hai mat phing (SEF ) va (SBC ) 1a duong thang St di qua S va

§H
(e

song song v6i EF va BC nén ta xac dinh hai duong thang qua S va lan luot nam trong hai
mit phing (SEF ) va (SBC ) va cung vuong goc voi St (ta di chung minh hai du!.'(‘mg thang d6
la SE va SB).
Chon A.
EF c (SEF)
Vi { BC = (SBC) = giao tuyén ctia (SEF) va (SBC)
EF /I BC

la dudng thing qua S, song song véi BC, 1a St.
{BC LAB (gt)

= BC L(S4B)=> BC L SB hay St L SB.
BC 154 (viSAL(A4BC))

Tuong tu EF L(SAE) = EF L SE ma EF //St = St L SE .
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Vay SB va SE ciung di qua S va cing vudng goc véi St nén goc giira hai mat phang ( SEF )
va (SBC ) bang goc gitta hai duong thang SB va SE .

Co SE =~/SA*> + AE? =“25 . SB=~SA*+ AB> = a2 ; BE=%

2 2 2
Theo dinh 1i cosin ta c6: cos BSE = SE+5B" —BE” _ 3

= @' = arccosi .

2SESB 10 Jio
Cau 104. Cho hinh chop S.4ABC c6 day ABC la tam gidc vuong can tai B, SA=a va
SA L (ABC), AB = BC = a . Tinh goc giita hai mit phang (SAC) va (SBC).

A. 45°. B. 30°. C. 60°. D. 90°.
Chon C.
Ta co (SAC)m(SBC) =SC.Goi F latrung diém AC = BF L (SAC).

_ —

Dung BK 1 SC tai K = SC L (BKF) = ((SAC),(SBC)) = (KB,KF) = BKF _

a2
ACFK ~ ACSA— TK _SA _ ppe _FCSA_ 5 a
FC SC a3 6
a2
ABFK vuéng tai F :»tani[(?:% =—2— =3 = BKF =60° =((S4C),(SBC)).
J6

Cau 105. Cho hinh chép S.ABCD c6 ddy ABCD la nira luc giac déu noi tiép dudng tron
duong kinh 4B =2a, SA vudng goc voi (ABCD) va S4 =a+/3 . Tinh goc gitta hai mat phang
(SBC) va (SCD).

V10

A. arccosﬂ B. arccos—5 C. arccos— D. arccosﬂ
5 5 7 10 3
Nhdn xét: Theo dinh nghia goc gitia hai mat phang ta di xac dinh hai duong thang
1an Iugt vudng goc voi hai mit phing (SBC ) va (SCD).

Chon A. .
Vi ABCD la nua luc giac deunén AD=DC=CB=a.
Dung dudng thang di qua 4 va vudng goc véi (SCD) .

Trong mit phang (ABCD) dung AH 1L CD tai H
=CD1l (SAH ) .

Trong mit phing (SAH ) dung AP L SH

=CD 1 AP :APJ_(SCD).

Dung dudng thang di qua 4 va vudng goc véi (SBC )
Trong mit phing (SAC) dung AQ 1 SC.

, BC 1 4C
Lai co AQ L BC vi { = BC 1(S4AC)= BC L 40 . Vay AQ L(SBC).

BC 1 .54
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Suy ra goc giita hai mit phang (SBC ) va (SCD) 1a goc giira hai duong thang lan luot vudng
goc voi hai mit phang dy 14 AP va AQ.
> a3 I S a3
AH =AD" —HD? = |a* - = 2 o — _ o yp DY
4 2 AP*  AS® AH? J5
Tam giac SAC vuong cantai 4 = AQ = % = a26 .

AAPQ vudng tai P = COS@:%:@ = P/A\Q: arccos@.
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§7. MOT SO BAI TOAN TONG HQP
Cau 1. Cho hinh chop S.4BC c6 S4 J_( ABC) va day ABC latam giac can 6 4. Goi H la
hinh chiéu vuoéng goc ciia 4 1én ( SBC ) Khang dinh nao sau day dung

A. HeSC. B. HeSB.

C. H e8I (véi I 1a trung diém cua BC). D. H trung vdi trong tam tam giac SBC .
Huéng din giai P

Chon C.

ABC la tam gidc can ¢ 4 khi do
Goi [ 1a trung diém cua 4/ L BC
Mt khac SA L ( ABC)= SA L BC

Véy tacoé BC L( SAI)
Ké AH L SI (H eSI)
H 1a hinh chiéu vuéng géc ciia 4 1én ( SBC).

Cau 2. Cho ta dién ABCD c6 haimatbén ACD va BCD lahai tam giac can c6 day CD . Goi
H 1a hinh chiéu vuéng goc clia B 1én (ACD). Khang dinh nao sau day sai

A. He AM (v6i M 1a trung diém cia CD).

B. (ABH) 1 (ACD) .

C. AB nam trén mit phang trung truc ctia CD.

D. Goc gitra hai mit phang (ACD) va (BCD) la géc ADB.

Huwéng din giai

Chon D. ) 5
Goi M 1a trung diém cua CD khi d6 ta cod g
AM L CD,BM 1 CD

Ké BH 1AM (H e AM)= BH L(ACD)
= H la hinh chiéu vudng goc ctia B 1én (ACD)
Vay A4,B,C dang, D sai.

c

Cau 3. Cho hinh ling try tir gidc déu ABCD.A'B'C'D" c6 canh day bang a, goc giira hai mat
phing (ABCD) va (ABC ') ¢6 s6 do bang 60°. Canh bén cta hinh ling tru bang:

A. 2a. B. 3a. C.a\3. D. a/2.
Huéng din giai
Chon C.
Ta c6: CC' L(ABCD) va BC L AB(hv) (1)

= AB 1L BC' (2)

AB1BC [ABL(BCC'B")
Mat khac: =

AB L BB' |BC'<(BCC'B')

Tur (1) va (2) suy ra: CBC'=60" la goc gitta (ABC") va (ABCD)

H 395



Tuyén chon va giéi thiéu: Nguyén Qubc Hoan 0913 661 886

Xét ABCC' vuong tai C c6: tan 60° =%3 CC'=BC.tan60° = a+/3 .

Cau 4. Cho hinh lang try dmg ABC.A'B'C"' c6 day ABC la tam giac vuong BA=BC =a,
canh bén A4'= a2 . Goi M 1a trung diém cia BC . Tinh khoang cach giita hai duong thang
AM,B'C.

A. d(AM,B'C):a;/E. B. d(AM,B'C)z#.
C. d(AM,B'C)=“77. D. d(AM,B'C)zaSS.

Huéng din giai
Chon C. B’
Goi N latrung diém cua BB';
B'C||MN
ta co
MN < (AMN)

= B'C||(AMN) N

Do d6 d(AM,B'C)=d(B',(AMN)).

Mit khac N 1a trung diém cia BB'

Nén d(B',(AMN))=d(B,(AMN))
Ké BI L AM thi AM L(BNI),ké BH L NI=> BH 1 (AMN) nén d(B,(AMN))=BH

o+ - L 1T 1, lzzlz:»BH:—“ﬁ.Vayd(AM,B'c):“ﬁ.
BH® BN® BI’ BN BA BM® a 7

Cau 5. Cho hinh lap phuong 4BCD.A'B'C'D" ¢6 canh bang a. Khang dinh nao sau day sai
A.Néu o 1a goc gitta AC"' va (ABCD) thi cosa = \/g

B. ACC'A' 14 hinh chit nhat c6 dién tich bang 24°.
C. Tam giac AB'C la tam giac déu.
D. Hai mit A44'C'C va BB'D'D ¢ trong hai mit phiang vudng goc voi nhau.
Huéng din giai
Chon B.
A. Tacéd: CC' L (ABCD)=> AC 1a hinh chiéu cia AC" trén (ABCD)

— C'AC = & 1a goc gitta AC' va (ABCD)
Ma AC =a~J2. Xét A4A'C! vuong tai 4' c6: AC'=~a’ +2a’ =a\3

Xét AACC' vudng tai C' co: cosazﬂzﬁz 2 Vay A ding
AC' a3 N3
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B. ACC'A' 1a hinh chi¥ nhat c6 dién tich 1a: S = 44'.AC =a.a\2 =a’\2. Vay B sai
C. Tam giac AB’C la tam giac déu vi: AB'=B'C = AC = a2 . Vay C dung

BD L AC;(hv)

BD 1 A4';(A4A4' L (ABCD))

Ma BD < (BB'D'D). Do d6: (ACC'A") L(BB'D'D). Viy D dung.

D. Ta cé: { = BD 1(ACC'A4")

Cau 6. Cho hinh chép déu S.4ABCD c6 canh d4y bang a. Goi SH 1a dudng cao cia hinh
chop. Khoang céach tir trung diém 7 ciia SH dén (SBC ) bang b. Tinh SH .

2ab ab 2ab 3ab
A SH=——"—-——— B.SH=————— C.SH=———— D.SH=———
\a* —16b* Ja* —16b* \3a* —16b* NJa* —16b*
Huéng dan giai §
Chon A.
. . .2 ) . |BC L HE
Goi E 1a trung diém ciia BC, ta cd = BC L (SHE)
CL1SH
B
= (SHE) L(SBC).Dodé IK L SEthi IK 1 (SBC)=IK =b.
E
Ta o6 ASKI ~ ASHE = & _ 5K e
HE SH &
2
o sH =TESK oy ma HE =% 1K = b, 5K =NSP 1K =[S
IK 2
a [SH? 2ab 2ab
Nén (*) < SH =— b &> SH=————. Viy SH =———.
) 26\ 4 Va® -16b* Ja® —16b*

Cau 7. Trong lang try déu, khang dinh nao sau day sai ?
A. Pay la da giac déu.
B. Cic mat bén 1a nhimng hinh chit nhat ndm trong miat phing vudng goc voi day.
C. Céc canh bén la nhitng dudng cao.
D. Cac mét bén 1a nhitng hinh binh hanh.

Huéng din giai
Chon D.

A. Vi lang tru déu nén cac canh bang nhau. Do dé day 1a da giac déu.
B. Vi lang tru déu 14 ling tru dimg nén cic mat bén vudng goc véi day.
C. Vi lang try déu 1a lang try dimg nén cac canh bén vudng goc vai day.

D. Vi lang tru déu la ling try ding nén cac canh bén bang nhau va cling vudéng goc véi day.
Do d6 cac mét bén 1a nhitng hinh vudng.
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Cau 8. Trong khong gian cho tam giac déu SAB va hinh vuéng ABCD canh a nam trén hai
mdt phang vudng goc. Goi H, K lan luot la trung diém cua AB, CD . Tacd tan cua goc tao
boi hai mit phang (SAB) va (SCD) bang :

B 23 5 &

A, —. B. —. C.—. D. —.
3 3 3 2

Huéng dan giai
Chon B.

Ta c6: S €(SAB)N(SCD). Goi d =(SAB)(SCD) véi d € S;d€ ABE CD

Do d6: d =(SAB)N\(SCD).

Mat khéc: (SAB) L(A4BCD); ma HK 1 AB(hv)=> HK 1 (S4B) hﬁq
q TR
Vi H la trung diém ctia AB = SH | AB=>SH 1L d (vi d€ AB) S
! . II}__:-_‘t;._:: .:.'.'.j'
= d 1 SK (theo dinh li ba duong vudng goc) Vi N t"—._ o

Do d6: KSH =a 1a goc gitia (SAB) va (SCD) -'

Ma SH la duong cao trong ASAB déu canh a = SH = #
Xét ASHK vuodng tai Hco: tana = HK -4 23 .
SH a3 3
2

Ciu 9. Cho hinh chop S.4BC c¢6 hai mat bén (SBC ) va (SAC ) vuong goc voi day (ABC )
Khang dinh nao sau day sai ?
A. Pay 1a da giac déu.
B. Cac mit bén 1a nhimng hinh chit nhat ndm trong mit phing vudng goc voi day.
C. Cac canh bén 1a nhitng dudng cao.
D. Cac mat bén la nhitng hinh binh hanh.
Huéng din giai
Chon D.
(SBC) L(ABC)
Ta c6: {(SAC) L (A4BC) = SC 1 (ABC).Do d6 cau A4 va B ding
SC= (SBC)r\(SAC)

C. Sai. vinéu A'e SB thi hai mit phing (SAB) va (SBC ) phai vuodng goc véi nhau
theo giao tuyén SB

H 398



Tuyén chon va gidi thiéu: Nguyén Qubc Hoan 0913 661 886

SC L (4BC)

SC = (84C) = (SAC) L (ABC) theo giao tuyén AC

D. Taco: {

Ma BK 1a dudng cao cua AABC = BK | AC = BK J_(SAC). Vay D. dung

Cau 10. Cho hinh lap phuong ABCD.A'B'C'D'. Xét mit phang (A'BD). Trong cac ménh
dé sau ménh dé nao dung?

A. Géc giita mat phang (A 'BD) va céc mit phang chira cc canh ciia hinh l4p phuong biang o

. 1
ma tana = —.

V2

B. Goc giita miat phang (A 'BD) va cac mit phang chira cac canh cua hinh lap phuong bang o

. 1
ma sino =—.
3
C. Géc giita mit phang (A'BD) va cac mit phiang chtra cac canh cua hinh lap phuong phu
thugc vao kich thudc ctia hinh 1ap phuong.

D. Goc giita mit phang (A'BD) va cac miat phang chira cac canh cua hinh 1ap phuong bang
nhau.
Huéng din giai
Chon D.
ABCD.A'B'C'D" 1a hinh 1ap phuong nén

hinh chiéu ctia tam giac 4'BD 1én cac mit
chira céc canh cua hinh 1dp phuong 1a cac
tam giac bang nhau. Goi S, la dién tich c4c tam giac nay

Laico S, =S8, ,.cosa.

Cau 11. Cho hinh chép tir gisc S.ABCD , c6 ddy ABCD 1 hinh thoi tim / canh bang 4 va

NG

gbc A =60, canh SC = aT va SC vudng gbe véi mit phang (ABCD). Trong tam gidc SAC

ké IK 1 SA4 tai K. Tinh s do goc BKD.
A. 60°. B. 45°. C. 90°. D. 30°.
Huéng din giai
Chon C.

Ta ¢6 CHzﬂza;(CAzzAlza\/S) :

CS? +CA?
1K=lCH=la=zB=1D.
2 2
v&i H 14 hinh chiéu ctia C 1én S4,
K 1a hinh chiéu ctia 7 1én S4.
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Cau 12. Cho hai tam gisc ACD va BCD nam trén hai mit phang vudng gbc v6i nhau va
AC = AD = BC = BD = a;CD = 2x . véi gi tri ndo clia x thi hai mat phang (ABC) va (ABD)
vudng goc.

NCAES B. <. c. o2 D. 2.
3 2 _ 2 3
Huwéng dan giai
Chon D.
YCBT < ACJD vubng can tai J
AB a+a

@1J=1C:1D:7@4x2:2/112=2( —x2)<:>x:%

(Véi I 1atrung diém CD; J 1a trung diém AB)
Cau 13. Trong cac ménh dé sau, ménh dé nao dang?
A. Néu hinh hdp c6 hai mat 14 hinh vudng thi n6 14 hinh 1ap phuong.
B. Néu hinh hop c6 ba mit chung mét dinh 13 hinh vuéng thi n6 14 hinh lap phuong.
C. Néu hinh hdp c6 bdn dudng chéo bang nhau thi n6 1a hinh lap phuong.
D. Néu hinh hop c6 sau mit bang nhau thi n6 14 hinh 1ap phuong.
Huéng din giai
Chon B.

Cau 14. Cho hinh chép S.4BCD c6 day la hinh vudng canh a. Puong thang S4 vudng goc
v6i mit phing day, S4 = a. Goc gitra mat phang (SCD) va mat phang (ABCD) la «, khi do
tan nhan gia tri nao trong cac gia tri sau?

NG

A. tana:ﬁ B. tanazT C. tana:\/g D. tana =1

Huéng din giai
Chon D.

D@ thy tam giac SAD vudng can tai 4 va SDA=a

Cau 15. Cho hai mat phang (P) va (Q) song song v&i nhau va mot diém M khong thudce
(P) va (Q) Qua M c6 bao nhiéu mit phang vudng goc voi (P) va (Q)?
A.2. B.3. Gl D. V0 s0.
Huwéng dan giai
Chon D.
Qua M dung duong thang d vudng coc voi (P) va (Q) Khi d6 c¢6 vo s6 mat phang
xoay quanh d théa yéu cau bai toan.

H 400



Tuyén chon va gidi thiéu: Nguyén Qubc Hoan 0913 661 886

Cau 16. Cho hinh chép tir giac déu S.ABCD , c6 ddy ABCD 1a hinh vudng tim O . Cac canh
bén va cac canh ddy déu bang a. Goi M 1a trung diém SC . Goc giita hai mét phang (MBD)
va (ABCD) bang:
A. 90°. B. 60°. C. 45°. D. 30"
Huéng din giai
Chon D.
Goi M' la trung diém OC .

1 1 a aZ\/E

Co SAMBD :EMOBD =—.E.a 2=

b

2 4
1 11 a’
S =—MOBD=—.~aJ2.aJ2 =<,
ABMD o 2°4 4
Do do cosoczSAB—M'D=£:>a=450
ABMD 2’

Cau 17. Trong cac ménh d€ sau, m¢nh de nao dung?

A. Hai miat phang ciing vudng goc véi mot mit phing thir ba thi vudng goc véi nhau.

B. Hai mit phang vudng goc v&i nhau thi moi dudng thing nim trong mit phang nay s& vudéng
gdc voi mat phang kia.

C. Hai mit phing ctng vudng géc v6i mot miat phang thi song song véi nhau.
D. Ca ba ménh dé trén déu sai.

Huéng din giai
Chon D.

- ]
[/ 7

o %

Pap an A4 sai Déap an B sai
Hai mit phang (R) va (Q) clng vudng géc
voi (P) nhung (Q) E(R) . Vay dap an C sai.
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Cau 18. Trong cac ménh dé sau ddy, ménh dé nao la ding ?
A. M6t mit phiang () va mot duong thing a khong thude («) cing vudng goc véi duong
thang b thi (o) song song véi a.

B. Hai duong thang phan biét cing vudng goc voi mot dudng thiang thi vuéng goc véi nhau.
C. Hai miat phang cing vudéng goc véi mot mat phang thi cit nhau.
D. Hai duong thiang phan biét ciing song song voi mot mit phang thi song song véi nhau

Huéng din giai

— (7
4

Chon A.

bap an A4 dung. Dép an B sai.

1 P—

AV / L/

/ / Dap an D sai.

Péap an C sai.

Cau 19. Trong cac ménh d¢ sau, ménh dé nao sai ?

A. Hai mit phang phan biét cting vudéng goc véi mot mit phing thi song song véi nhau.

B. Qua mét dudng thang ¢ duy nhat mot mit phang vudng goc véi mot duong thang cho trude.
C. Hai mit phing phan biét ciing vudng goc véi mot duong thang thi song song voi nhau.

D. Qua mot diém c6 duy nhat mot mit phing vudng goc voi mot mit phang cho trude.

Huéng din giai
Chon D.

£ T/

diniv 1

/ Qua mot dudng thang cé vé s6 mit phing
vuong goc voi mot mat phang B dung

bap an 4 dung
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T

L 7 :
L / o

Qua mot diém c6 vo sb6 mit phang vudng goc
bap an C ding. v6éi mot mat phang cho trude Bap an D sai.

Cau 20. Trong cac ménh dé sau, ménh dé nao sai ?
A. Cho dudng thing a vudng géc véi duong thang b va b ndm trong mit phang (P). Moi
mit phang (Q) chira a va vudng goc véi b thi (P) vuong goc voi (Q)

B. Néu duong thing a vudng goc voi dudng thang b va mit phang (P) chira a, mat phing
(Q) chira b thi (P) vudng goc véi (Q).

C. Cho duong thang a vudng goc véi mit phang (P), moi mit phang (Q) chta a thi (P)
vuong goc voi (Q)

D. Qua mot diém c6 duy nhat mot mit phang vudng goc véi mot dudong thang cho trude.

Huéng dan giai
Chon B.

Pap an B sai.
Dap an 4 dung.

Pap an C dung. bép an D ding.

Cau 21. Hinh hop 4BCD.A'B'C'D’ 1a hinh hop gi néu tir dién AB'C'D’ déu.
A. Hinh lap phuong B. Hinh hop chit nhét
C. Hinh hop thoi D. Pép sb khac
Huéng din giai
Chon A.
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B/

/
Céu 22. Hinh hop ABCD.A’B'C'IZ))/' tr& thanh hinh mcng try tir giac déu khi phai thém cac diéu
kién nao sau day ?

A. Tét ca cac canh day bang nhau va canh bén vudng goc v4i mit day.

B. C6 mot mat bén vudng goc voi mat day va day 1a hinh vuong.

C. Cac mat bén 14 hinh chir nhat va mat day 1a hinh vuéng.

D. Canh bén bang canh day va canh bén vudng goc v6i mit day.
Huéng din giai
Chon C.
Cau 23. Trong cac ménh dé sau, ménh dé nao dang ?
A. Goc giita mat phang (P) va mat phang (Q) bang goc nhon giita mit phiang (P) va mat
phang (R) khi mit phing (Q) song song v&i mit phang (R).

B. Goc giita mit phang (P) va mat phing (Q) bang goéc nhon giita mit phang (P) va mat
phang (R) khi mat phang (Q) song song v6i mit phang (R) (hodc (Q)=(R)).

C. Géc giira hai mat phang luon 1a goc nhon.

D. Ca ba ménh d trén déu dung.

Huéng din giai
Chon D.
Cau 24. Cho hinh lang tru dung ABC.A’B’C’ c6 day ABC latam giac vudngtai 4, voi AB=c
,AC =b,canh bén A4’ =h.Mit phang (P) di qua 4> va vudng goc véi B’C. Thiét dién cua

lang try cat boi mat phang (P) c6 hinh:
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A. h.lva h2. B. h2vah3.  C. h2. D. A.l1.
Huwéng dan giai
Chon A.
Goi (P) la mit phing di qua A' va vudng goc véi BC. TwA' ta dung A'K'LB'C', vi
(ABC) L(BCC'B") nén A'K'LB'C'= A'K'L(BCC'B"Y= A'K' L BC" (1).
Mit khac trong mat phang (BCC'B") dung K'x L B'Cvacit B'B tai 1 diém N (2) (diém gi
dé chua c6 cho nén cho tam diém N ).

. . . |BC'LA'K'
T (1)va (2)tacod: = BC'L(A'K'N)
BC'LK'N
Céu 25. Cho hinh chép tir gide déu S.ABCD 6 SA=SB. Géc gitra (S4B) va (SAD) bang
a . Chon khing dinh ding trong cac khang dinh sau ?

A. cosaz—% B. cosaz% C. a= 60° D.

cosa =—
3

Huéng dan giai
Chon A.

Goi d6 dai canh cﬁa‘hinh chop déu S.4ABCD 13 a. Goi 1 la trung diém cua SB ta cc’g DI 1. SB
(vitam gidc SBD déu)va Al 1L SB (vitam giac SAB déu). Vay, goc gilra hai mat phang (S4B)

va (SAD) chinh la goc AID. s
Tacod: AD=a2 (duong chéo hinh vuong),

a\3
2

Al = DI === (dudng cao tam giac déu)

Ap dung dinh 1y cosin cho goc / trong tam gidc AID taco :
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a\/g ’ a\/§ ’ 2
AI? 4 DI* — AD? (2] {2} (o)

cos(AID) = = =——. Vay cosa=——.
(4ID) 2A4D.DI z(“ﬁ] (a\/i] 3 3
12 J1 2

Cau 26. Trong cac ménh de sau, m¢nh de nao dung?

A. Hai mit phang cing vudng goc véi mot mit phang thir ba thi vudng goc véi nhau.
B. Hai mit phang vudng goc voi nhau thi moi duong thang nam trong mat phang nay
s€ vuodng goc voi mat phang kia.
C. Hai mit phing cing vudng goc v6i mot mat phang thi song song voi nhau.
D. Ca ba ménh dé trén déu sai.

Chon D.

Cau 27. Cho hai mit phing (P) va (Q) , a la mot dudng thang nim trén(P). Ménh dé nao
sau day sai ?
A.Néu a//b véi b=(P)N(Q) thi a//(Q). B.Néu (P) L(Q) thi a L(Q).
C.Néu a cit (Q) thi (P) cat(Q). D.Néu (P)//(Q) thi a//(Q).
Huéng din giai
Chon B.
Goi b=(P)N\(Q) néu a//b thi a//(Q).

Cau 28. Cho hinh hop chit nhat ABCD.4'B'C'D". Géc giira hai dudng thang chéo nhau A4'D'
va AB la
A. 30°. B. 45°. C. 135°, D. 90°.
Huéng din giai
Chon D.

Do AB 1 (AA'D'D).

Cau 29. Cho hinh chép déu S.ABC cb canh day bang a, goc giita mot mit bén va mat day
bang 60°. Tinh d6 dai duong cao SH .

f a2 a a3
3

A. SH=—— B. SH = C.SH:E D. SH =

Huwéng din giai
Chon C.

Goi G, M lan luot 1a trong tam, trung diém cia ABC,BC. Taco % =tan 60’ < SH :%

Cau 30. Cho hinh chép S.ABCD v6i ABCD la hinh chit nhattdm O c6 AB=a, AD =2a. S4
vudng goéc véi day va SA=a. G(_)i(P) la mat phang qua SO va vudng goc véi (SAD). Dién
tich thiét dién cia (P) va hinh chép S.ABCD bang bao nhiéu?

V3 N2
=

A. a’ B. a°—. C.
2

a
~ 2 -
Hudéng dan giai
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Chon B.
Goi MN la doan thflng qua O vudng goc AD (M, N thuéc AD, BC)tacod MNJ_(SAD)
nén SMN 1a thiét dién can tim. A SMN vudng tai M nén Sy, = SM# =a’ g

Cau 31. Cho hinh lang try tir gidc déu ABCD.A'B’C’D’ ¢6 ACC’ A’ 1a hinh vudng, canh bang
a . Canh day cua hinh lang tru bang:

A. av2. B. “\E. C. a3, D. “\E.

3 . 2
Hudéng dan giai

Chon D.

By f,

Goi O latam ABCD,tam gidc AOB vudngtai O nén 4B = \/EOA ——AC =

Cau 32. Cho hinh chép tam giac déu S.ABC c6 canh day bang a va dudng cao SH bﬁng
canh day. Tinh s6 do goc hop bai canh bén va mit day.
A. 30°. B. 60°. C. 45, D. 75°.
Huwéng din giai s
Chon B.

Goi H latam day, ta co tan@zj—[ZI:\/g.

Céu 33. Trong cac ménh dé sau, ménh dé nao dang?
A. Hai mit phang cung song song v&i mot mat phang thi ba thi song song véi nhau.
B. Qua mdt dudng thang cho trudc c6 duy nhat mot mit phang vudéng goc véi mot mét phang
cho truge. ) ) . .
C. C6 duy nhat mét mat phang di qua mot di€m cho trude va vudng goc voi hai mat phang cat
nhau cho trude. i
D. Hai mat phang cung vudng goc voi mot mat phang thir ba thi vudng goc v6i nhau.
Huwdng dan giai
Chon C.
Cau 34. Cho hinh lang tru 4ABCD.A'B'C'D' . Hinh chiéu vudng goc cia 4’ 1én (ABC ) trung
v6i truc tim H ciia tam giac ABC . Khang dinh ndo sau day khéng ding ?
A. BB'C'C 1a hinh chi¥ nhat. B. (AAH)L(A'B'C).
C. (BB’C'C) J_( AA’H). D. (AA'B'B) 1 (BB’C'C).
Huéng din giai
Chon D.
Ta c6 BC L(AAH) nénBC L BB’ ;néu (AAB’B)L(BB’C’C) thi BC L AB vd
lyvi H trung 4.

Cau 35. Cho hinh lang tru dang ABC.A’B’C* ¢c6 AB = AA’ =a, BC = 2a, C4A = a\/g.
Khing dinh nao sau day sai ?
A. AC = 2a\2.
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B. Goc giita hai mit phang (ABC) va (A’BC) 6 s6 do bang 45°.
C.Haimat (A4’B’B) va (BB’C’) vuodng goc nhau.
D. Day 4ABC la tam giac vudng. 3
Huwdéng dan giai
Chon A.
Cau 36. Hinh hop ABCD.A’B’C’D’ 1a hinh hop gi néu tir dién A4’ B’D’ ¢6 céc canh dbi vudng
g6c
A. Hinh lap phuong B. Hinh h¢p tam giac ~_ C. Hinh hdp thoi D. Hinh hop tir gidc
Hudéng dan giai
Chon A.
Tacdo AA' L B'D', A'D' 1L AB', A'B' L. AD', suyra ABCD.A’B’C’D’ 1a hinh 13p phuong.

Cau 37. Cho hinh 1ap phuong ABCD.A'B'C'D' canh a. Khoéang cach gita AB' va BC'

la:
A a. B, 43 AIES p, &3
2 45 3
Huéng dan giai
Chon D. .
d(AB',BC")=d(A4B',(BDC"))=d(B',(BDC"))=d(C,(BDC")) y
4
I S
Goi O=BDNAC =(BDC') L(CC'0) theo giao tuyén C'O. /" = i
Ké CH 1 C'0=CH L(BDC") = d(C,(BDC")) = CH AR DA
I ag— L]~
Taco 12: 12+ IZ:CH:a\/g. I,'#\\L,—" ¢
CH® C'C* CO 3 RN

Cau 38. Cho hinh chop S.ABCD ¢6 déy 1 hinh thoi ABCD canh & c6 gbc BAD ="60° va

3 .
SA=SB=SD = a3 . Khoang cach tr S dén (ABCD) va do dai doan SC theo thir ty 1a:
a15 a3 a3 a7 aN15 a7 a3 a7
A. ; . B. ; . C. ; . D. ; .
6 3 2 2 _ 6 2 3 2
Huéng dan giai S
Chon C.

Theo gia thiét ta c6 ABD déu canh g nén S.4BC la chop
tam giac déu, goi G 1a trong tdm tam giac ABD, khi do
SG L (ABCD)=>d(S,(4BCD))=SG va tam gidc SAG

vuong tai G . A D

a3

Ta co AG:T:SG: SB* - AG* =

a

615 SC=+/sG*—cq* =L

Ciu 39. Cho hinh chép S.ABCD c6 ddy 1 hinh thoi ABCD canh a ¢6 goc BAD = 60° va
a3

2

A. 30°. B. 60°. C. 45°. D. 90°.
Huéng din giai

SA=SB=SD = . Xéc dinh s6 do géc gitra hai mét phang (SAC) va (ABCD).
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Chon D.
Ta co SG (SAC),SG 1L (ABCD) = (SAC) il (ABCD) , do do gbc gitra hai mat

phing (SAC) va (ABCD) bing 90".
Cau 40. Cho hinh chop S.ABCD ¢6 déy 1 hinh thoi ABCD canh a c6 gbc BAD = 60° va
SA=S8B=SD = #. Tam giéc 1a tam giac gi ?

A. Tam giac can B. Tam giac vudng C. Tam giac déu D. Tam giac thuong
Huwéng dan giai

a1 a3

Trong tam giac SBC c6 SC = T’BC =a,SB = > ta thdy BC = SB” +SC” nén tam giac

Chon B.

SBC vuong tai S'.

Cau 41. Cho hinh chop S.ABCD c6 day 13 hinh thoi ABCD canh a c6 goc BAD = 60° vi
av'3
2

A. /5. B. 1. C. \3.

Huéng din giai

SA =SB =SD =——_Tinh tang véi ¢ la goc gitta (SBD) va (ABCD).

1
D. —.
3
Chon A.
SG

Ta c6 (SBD)N(ABCD)=BD,SG L (ABCD),GO L BD = ¢ = /SOG = tanp = oG J5
Céu 42. Trong cac ménh dé sau day, hay tim ménh dé dang
A. Hai mét phang phan biét cing vudng goc v6i mot mat phang thir ba thi song song v6i nhau.
B. Néu hai mét vudéng goc v6i nhau thi moi dudng thang thuéc mat phang nay s€ vudng goc
v6i mat phang kia.
C. Hai mjt phing (a) va ( ﬁ) vudng goc v6i nhau va cat nhau theo giao tuyén d . Vi mdi
diém A thugc () vamdi diém B thude () thi ta c6 dudng thing AB vudng goc véi d .
D. Néu hai mit phang (a) va ( Jij ) déu vudng goc v6i mat phang ( ]/)thi giao tuyén d clia (a)
va ( ﬂ) néu c6 s& vudng goc vai ( }/).
Huéng din giai
Chon D.
Cau 43. Cho hinh hop ABCD.A'B'C'D'cé tat ca cac canh déu bang nhau. Khang dinh nao
sau day sai?
A. ACLB'D". B. AB'L CD".
C. AD'1 CB'. D.(44'C'C) L(BB'D'D).
Huwéng din giai
Chon D. . )
Vi tat ca cac canh cta hinh hdp bang nhau nén tat ca cac mat ctiia hinh hdp 1a hinh thoi.
Do dé AC L BD,AB' L BA',AD'1 A'D.
Cau 44. Tudién S.ABC cdbadinh A4, B, C tao thanh tam giac vudng can dinh B va AC =2a
,cb canh SA vudng goc voi mit phang ABC va SA = a . Trong miat phang SAB, vé AH vudng
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goc voi SBtai H. Tu trung diém O cliia AC, vé OK vudng goc vc'ri(SBC) cat (SBC) tai K

. Khang dinh sai 1a:
‘“3/3. D. OK = 2"\/3.

A. (S4B) L (SBC). B. AH L(SBC). C. AH =

Huéng din giai s
Chon D.
BC 1 AB,BC 1 SA= BC L (SAB)

= (SAB) L (SBC ) theo giao tuyén SB
AH 1 SB= AHJ_(SBC)

a

A
aN6
3
Vi OK vudng goc véi (SBC ) cit (SBC ) tai K nén OK la dudng trung binh cta tam giac ACH

a6

nén OK =——.
6

Ap dung hé thirc lugng trong tam giac vuong SAB tacé AH =

B

Ciau 45. Hinh chop S.ABCD c6 day la hinh thang vudng ABCD vuong tai A va D, co
AB =2a, AD=DC =a, c6 canh S4 vudng goc voi mat phfmg (ABCD) va SA=a.Goi @ la

goc giita hai mat phang (SBC ) va (ABCD) . tan @ co gia tri la:

NG}

1
A= B. 1. C. 3. D. —.
2 7
Huéng din giai
Chon A. s
Ta chung minh dugc tam gidc ABC vuong tai C va AC = 2

Mait khac (SBC ) 1L (ABCD) theo giao tuyén BC,
S4 L (ABCD) nén goc giira hai mat phang (SBC )
va (ABCD) 1a £ZSCA= tang = 42 :
AC 2 D c

Céu 46. Cho a,b,c 1a cic dudng thing. Ménh dé nao sau déy 1a dung ?
A.Choa L b . Moi mit phang chira 5 déu vudng goc véi a.
B. Néu a L bhva mit phing (a)chtra a ; mit phang( ) chuab thi (8) L(a).
C. Cho a L b ndm trong mit phang (a) . Moi mit phing ( J/j ) chua ¢ vavudng goc voi b thi
(B)L(a).
D. Cho a//b, moi mit phang (a) chira ¢ trong d6 ¢ La va ¢ L b thi déu vudng goc véi mat
phing (a,b).

Huéng din giai
Chon C.
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Cau 47. Cho hinh chép cut tir gisc déu ABCD.A’B’C’D’ canh cta day nhd ABCD bang %

va canh cta day 16n 4’B’C’D’ bang a. Goc giita mat bén va mat day bang 60°. Tinh chiéu
cao OO’ cua hinh chop cut da cho.

“33 B. 00’=“23 C. 00’=2"3\/g D. 00’=3“f

Huwéng din giai

A. 00’ =

Chon A.
Goi M 1a trung diém ciia B'C', N 1a trung diém ciia BC, O,0' la tim cua hai day.

Také NH L O'M va géc mit bén va mit ddy 1d NMH = 60° .
MaOM=20N=%=pmm-%=00=-23
2 6 3 3

Céu 48. Cho ba tia Ox, Oy, Oz vudng goc nhau tirng d6i mot. Trén Ox, Oy, Oz lan luot 14y cac
diém 4, B,C saocho OA=0B=0C=a. Khéng dinh nao sau day sai ?
A. Ba mit phang (OAB ) (OBC ) (OCA) vudng goc voi nhau tirng d6i mot.
3a\/§
>

a’\3

C. Tam gidc ABC c6 di¢n tich S = T D. 0.4BC 14 hinh chop déu.

B. Tam giac ABC cochuvi 2p=

Huéng din giai

Chon B.

04 1 (OBC)
A ding vi: OB L (OAC)

OC 1 (OAB)
Bsaivi: p= 0A+023+0C = 362/5 =p =3a\2

2
: a2) 3 2

C dang vi: AABC déu canh a\/E:>S:( 4) :az\/§

D dung vi: AABC déu canh a\/E, cac mat bén la tam giac can .
Cau 49. Cho hinh lang tru 4ABCD.A ’BW’C’D’ c6 day ABCD la hinh thoi, AC = 2a . Cac canh
bén vudng goéc véi day va 44’ = a. Khang dinh nao sau day sai ?
A. Hai hai mat bén A4°B’B va AA’D’D bang nhau.
B. Cac mat bén ctia hinh lang tru 1a cac hinh chit nhat.
C. Hai mat bén ( AA°C ) va (BB ’D) vuong goc voi hai day.
D. Goc gitra hai mit phang (A4°C’C) va (BB’D’D) c6 sb do bing 60°.
Huwéng din giai
Chon D.

A dang.
B ding

H411



Tuyén chon va giéi thiéu: Nguyén Qubc Hoan 0913 661 886

C ding
AC 1 BD

D sai vi: { = AC L (BB'D'D)=( A4C’C) L(BB'D’D)
AC L B'B

Cau 50. Trong cac ménh dé sau, ménh dé nao dang?
A. Néu hinh hop c6 hai mat 1a hinh chit nhat thi n6 1a hinh hdp chit nhat.
B. Néu hinh hop ¢6 ndm mat la hinh chir nhat thi n6 12 hinh h¢p chir nhat.
C. Néu hinh hop c6 bon mat 1a hinh chit nhét thi n6 1a hinh hdp chit nhat.
D. Néu hinh hp c6 ba mit 1a hinh cht nhét thi n6 1a hinh hop chir nhat.
Huwéng din giai
Chon B. )
A sai vi day c6 thé 1a hinh binh hanh.
B dung i
C sai vi ddy c6 thé 1a hinh binh hanh
D sai vi day c6 thé 1a hinh binh hanh.
Cau 51. Cho hinh chép cut déu ABC.A’B’C’ véi day 16n ABC cb canh bang a. Day nho

A’B’C’ ¢b canh bing %, chiéu cao 00’ = % . Khéng dinh nao sau day sai ?

A. AA’=BB’=CC’=%.

B. Ba dudng cao A4’ BB’,CC’ddng qui tai S.
C. Day 1on ABC c6 dién tich gip 4 lan dién tich day nho 4’B’C”.
D. Goc gitra canh bén mat day 1a goc SIO ( [ 1a trung diém BC). s

Huéng din gidi

Chon A.

aﬁjz )

A saivi SO=200"=a=>S4=+50"+04" = a2+( 3

l AB.AC.sinA

. . . Sie __ 2 —4
B dung. C ding vi : S ] -
ABC EA'B'.A'C'.sinA'

Céu 52. Cho hinh chép tam gidc déu S.ABC v6i SA=24B . Géc giita (SAB) va (ABC) bing
a . Chon khing dinh ding trong céc khang dinh sau?

1
A.a = 60" B. cosa = C. cosa=—= D. cosa =——=

1
35 45 B NE
Huéng din giai:
Chon B.
Cach 1: Goi M la trung diém cua AB,
H 14 hinh chiéu cia S 1én mit phang (ABC ) .

. o — MH 1
Taco ((SAB),(ABC))za=SMH:>cosa=SW=m. - qVC

Cadch 2: Goi O 1a tdm cua tam giac déuvABC . B
Goi CON AB = H suy ra H 1a trung diém AB( vi AABC déu)
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s
= OH 1 ABva OHz%CH:%.ABz\E:AB6\/5

Tim goc giira (SAB) va (ABC)
(SAB)N(ABC)= 4B
OH 1 4B = SH 1 4B (1)
SO L AB (SO L(4BC))
(SAB)N(ABC)= AB A
Taco < OH L AB, OH < (ABC) 5
SH 1 AB,SH — (SAB) H

= ((S4B).(4BC)) = (SH:0H | = SHO =
2
Tir (1) suy ra SH:m:\/(zAB)z_(%J :gw
P 4
_ 6~ _1
SH \/;_5143 35

Tuddétacd: cosa =

Cau 53. Cho hinh chép tir giac déu c6 canh day bang a2 va chidu cao bang #. Tinh sb

do cta goc gitta mat bén va mat day

A. 45°. B. 75" C. 60°. D. 30°.
Huéng din giai:
Chon A. s
Gia st hinh chép déu S.4BCD , c6 SO = ‘“2/5 , AB=av2.

Goc gilta mat bén ((SAB),(ABCD))=5SMO,véi M 1a trung diém AB.

a2

Ta co 0M=T:>tan§4\0=1:>w/\0=45°.

Cau 54. Cho hinh chép tir giac déu S.ABCD c6 day ABCD la hinh vudéng tim O . Céc canh
bén va cac canh day déu bang a. Goi M la trung diem SC.DJ§ dai OM bang:

AL B, &2 c. B3 . D. a3
2 2 ) 3
Huwéng dan giai
Chon A.
Tacé AC =a~2,0C =—= 50 =~/SC> -0C> =-L,
2 2

ma SOLOC:OM:%SC:%.

Cau 55. Cho hinh chop S.4ABCD c6 ddy ABCD la hinh vudng canh a. Canh bén S4 vudng
gbe voi day va SA = a3 . Goi @ 13 goc giita hai mit phang (SBC) va (SCD). Chon khing
dinh dung trong cac khang dinh sau?
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A. 00522@ B. cosﬂzl C. singzﬂ D. sinﬂzl
2 4 2 4 . 2 4 2 4
Huwéng dan giai s
Chon C.

Tacd SB=SD =2a

Vi ASCD = ASCB (c.c.c) nén chan duong cao ha tr B
va D dén SC cua hai tam gidc do trung nhau va d6 dai
duong cao bang nhau = BH = DH

Do d6 ((SBC),(SCD)) = DHB = ¢

Ta c6 03:01):%:“\25

12: 12+ 12: 12+L2:i2:>BH:DH:&a
BH® SB° BC® 4a” a 4a 5
Lai c6 BH = DH va O latrung diém BD nén HO 1| BD hay AHOB vudng tai O

OH =~/BH? - OB* :\/{2\/5“}2—[“\5}2 - ma
5

2 10

30 2
. .9 OH 19 N6 .9 OB o A0
Taco sin—=——=—==—:sin—= = =
2 BH 25 4 2 BH 25 4
5 5
Cau 56. Cho hinh 13p phuong ABCD.A'B'C'D" ¢6 canh bang a . Cit hinh lap phuong boi
mét phang trung tryc cua AC'. Thiét dién 1a hinh gi? . .
A. Hinh vuong B. Luc giac déu C. Ngi gidc déu D. Tam giac déu
Huwéng dan giai

Chon B.
Tacd AC la hinh chiéu ciia 4C' 1én (ABCD). Ma AC L BD nén AC' L BD, (1)
. AD 1 (AA'B'B)
Taco = A'BL AD
A'Bc (AA'B'B
L A'B 1 (AB'C'D)
Laico A'B L AB' suyra = AC'L A'B, (2)
AC'c (AB'C'D)
Tu (1) va (2) suyra AC'L(A'BD), (3)
Mit phang trung truc AC' 1a mat phang (o) di qua trung diém 7 ctia AC' va L AC' 4)
mp(a) qua [ 4 B

Tu (3) va (4) suyra y

(3) va (4) suy {(a)//(A,BD) =

Do d6, qua [ dung MQ//BD .
MN//AD
NP//B'D'//BD

ung

QK //B'C//A'D
KH //IBD

Ma MN = NP=PQ=0K =KM =

a2
r 2 2
Suy ra thiet dién Ia luc giac deu.
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Cau 57. Cho hai duong thang chéo nhau a va b ddng thdi a L b. Chi raménh dé ding trong
cac ménh dé sau:
A. mjt phing (Q)chtra b va dudng vudng goc chung cia @ va b thi mp(Q) La.
B. mit phing (R) chira b va chira dudng thang b' L a thi mp(R) Lla.
C. mit phang () chita a, mp(B) chira b thi (o) L (B).
D. mit phing (P) chtta b thi mat phang (P) Lla.
Huéng din gidi
Chon A.
Gia st AB la doan vudng goc chung cua a va b thi mp(Q)=(4B,b) ma
al AB,alb, a J_(AB,b) =al mp(Q)

Cau 58. Cho hinh chép tir gidc déu S.ABCD, O 1a tim hinh vuéng ABCD, AB =a, SO=2a
. Goi (P) 1a mat phiang qua 4B va vudng goc voi mit phang (SCD). Thiét dién cia (P) va
hinh chop S.ABCD 1a hinh gi?
A. Hinh thang vuong B. Hinh thang can _ C. Hinh binh hanh D. Tam gidc can
Hudéng dan giai
Chon B.
Do AB = (SCD) nén giao tuyén cta (P)va (SCD) s& song song véi CD.
Ma S.4BCD la chép tir gidc déu. Nén thiét dién 13 hinh thang can
Cau 59. Cho cac ménh dé sau véi (a) va ( £ ) 1a hai mit phang vudng goc voi nhau véi giao
tuyén m = (a) m( ﬂ) va a,b,c,d 1a cac duong thang. Cac ménh dé sau, ménh dé nao dung?
A.Néu b Lm thi b=(a) hodc b=(p). B.Néu b Lm thidL(a).
C.Néu ac(a) vaaLlm thial(p). D. Néu c//m thi ¢//(a) hodc c//(f).
Huéng din giai
Chon C.
Do ac(a), alm, (o) L(B) nén aJ_(ﬁ)

Cau 60. Cho hinh chép S.ABCD c6 ddy ABCD la hinh chit nhat tim O va khoang cach tu
A dén BD bang % Biét SA L (ABCD) va SA=2a. Goi a la géc giira hai mit phing

((4BCD),(SBD)). Khang dinh nao sau day sai ?

A. (SAC) 1 (ABCD) B. (SAB) 1 (SAD) C. a=50C D. tana =+/5
Huéng din gidi
Chon C.
Goc gitra hai mit phang ((ABCD),(SBD)) la géc gitta SH va AH trong d6 H 1a chan
duong vudng goc ha tr 4 cua tam giac ABD.
Céu 61. Ménh dé nao sau day l1a dung ? i . i
A. Hai mdt phang vudng goc v6i nhau thi moi duong thang nam trong mat phang nay s€ vuong
goc voi mat phang kia i
B. Hai mat phang phén biét cung vudng goc v6i mot mat phang thi vudng goc voi nhau.
C. Hai mat phang phan biét cung vudng goc vdi mot mat phang thi song song véi nhau.
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D. Hai mat phang vudng goc véi nhau thi moi duong thang nam trong mat phang nay va vudng
gbc voi giao tuyén ciia hai mat phing s& vudng goc v6i mit phang kia.
Huéng din giai:
Chon D.
Ménh dé A sai vi c6 thé xay ra truong hO’p hai mit phang vudng goc v4i nhau nhung duong
thang thudc mit phang niy song song voi mat phang kia
Ménh dé B sai vi xdy ra truong hop hai mat phang song song.
Ménh dé C sai vi xdy ra truong hop hai mat phang vudng goc

Cau 62. Cho hinh chép tir gidc déu S.ABCD c6 SA = AB . Goc giita (SAB) va (ABCD) bing
. Chon khang dinh dtng trong cic khang dinh sau?

A. a =60 B. cosozzL C. cosozzg D. cosoz:l
V3 5 S
Huéng din giai:
Chon B.
Ta chung minh SMO =«

bat SA=AB=x:>MA=MB:§

3 oM 1

Taco SM =——=cosa = =—.
SM 3 o A

Cau 63. Cho hinh chop S.ABCD , day ABCD la hinh vudng, SA L (ABCD). Goi () la mat
phing chira AB va vudng goc véi (SCD), () cat chop S.ABCD theo thiét dién 13 hinh gi?
A. hinh binh hanh. B. hinh thang vuéng.

C. hinh thang khong vuéng. 3 D. hinh chif nhat.
Huwéng dan giai H

Chon B.

., CD 1S4
Dung AH L CD. Taco = CD L (84D).

CD 1 AD

Suyra CD L AH ma AH — (SCD) suyra AH c (&) -
Do d6 (&) =(4HB) . Vi (a)//CD nén ()N (SAD)= HK//@'IXK eS0) .
Tir @6 thiét dién 1a hinh thang ABKH . Mat khac AB 1 (SAD) nén AB 1 AH
Vay thiét dién 14 hinh thang vuéng tai 4 va H.

Cau 64. Trong cac ménh dé sau, ménh dé nao dang?
A. Hai duong thang khong cat nhau, khong song song thi chéo nhau.
B. Hai duong thang phan biét cing vudng goc v6i mot mit phang thi song song.
C. Hai duong thing phén biét ciing vudng goc véi mot duong thang thi song song.
D. Hai mit phang phan biét ciing vudng goc voi mot mit phang thi song song.
Huéng din giai
Chon B.
Ménh dé sai vi con trudng hop chéo nhau hodc tring nhau.
Ménh dé C sai vi con truong hop hai dudng thang chéo nhau.
Ménh dé D sai vi con trudng hop hai mit phing vudéng goc voi nhau.

Céau 65. Cho hinh 1ap phuong ABCD.A4 B,C,D,. Goi « la goc gitra hai mat phang (AIDICB)
va (ABCD) . Chon khang dinh dung trong cac khang dinh sau?

A. a=45". B. 2 =30°. C.2=60". D. ¢ =90°.
Huéng din giai ’
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Chon A.
a 1a goc giita hai mit phang (AIDICB)

va (ABCD) 1a a = MNP

Ta co tanaz%zl:az%o

Cau 66. Trong khong gian cho tam giac déu SAB va hinh vudng ABCD canh a nam trén hai
mat phang vuong géc. Goi H,K lan lugt 1a trung diém cua AB,CD. Goc nhi dién canh CD 1a

A. SKH. B. SDC. C. SCB. D. SCD.
Huéng din giai
Chon A.
Tacéo HK 1 CD

SC = SD,K 1a trung diém CD = SK 1 CD
= gbc nhi dién canh CD 1la SKH

Cau 67. Trong cac ménh dé sau, ménh dé nao dang?
A. Néu hinh hop c6 hai mat bén 14 hinh vudng thi n6 14 hinh 1ap phuong.
B. Néu hinh hop c6 ba mit chung mét dinh 13 hinh vuéng thi né 1a hinh lap phuong.
C. Néu hinh hop c6 sau mat bang nhau thi n6 14 hinh 1ap phuong.
D. Néu hinh hop c¢6 bdn dudng chéo bang nhau thi né 1a hinh 1ap phuong.

Cau 68. Cho hinh thoi 4BCD c6 canh bang a va A4=60" Trén duong thang vudng goc voi
mit phing (ABCD) taiO (O 1a tdm ctia ABCD) lay diém S sao cho tam giac SAC 1 tam
gidc déu. Khang dinh nao sau ddy dung?

A. S.ABCD 1a hinh chép déu. B. Hinh chop S.ABCD céc mat bén la cac tam gidc can.

C. SO= a?. D. S4 vaSB hop voi mat phéng(ABCD) nhiing goc bang nhau.
Huéng din giai y

Chon C.

Taco A =60".

ABCD 1a hinh thoi nén AB = AD
Khi d6 tam gidc ABD déunén BD =a

3

Vi tam gidc SBD déu suy ra SO = aT

Ciu 69. Cho hinh lap phuong ABCD.A B,C,D,. Goc giira hai mat phang nao sau day bang 45°
A. (ABBIAI) va (BBICIC). B. (ADCIBI) va (ABCD).
C. (ABCD) va (AA4BB). D. (ADC,B)) va (ADCB).
Huéng din giai
Chon B.
Vi BC, L CD;B,C, L C,C. Nén DC,C la goc giita hai mit phing (ADC,B,) va (4BCD).
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Cau 70. Cho tam giac 4BC va mat phfmg(P). Biét goc gitta mit phang (P) va mit phang
(ABC ) 14 ¢. Hinh chiéu ctia tam gidc ABC trén mit phang (P) la tam gidc A'B'C’. Tim h¢
thire lién h¢ gitra dién tich tam gidc 4BC va dién tich tam giac A'B'C".
A. S, pc =Supc-coto. B. S, 50 =Supc-sing.
C. Syipe =Sypc-tang. D. Syipc = Sapc-COSP.
Huéng din giai
Chon D.
Qua B ké mit phang (Q)//(P) cit AA’;CC’ lan luot tai 4,;C,
khidoé S, =S,
Goc gitra mat phang (P) va mat phang (ABC ) bang goc giita
mit phang (ABC) va (BAICI) va bang @
Ké 4H 1| BF = AH 1 BF
1

1
S45c :EAIH.BFZEAH.cosgo.BF:SABC.cosgo

Vay S, pc = Supc-COSQ.

|BC

Cau 71. Cho hinh chép tir gidc S.ABCD, c6 day ABCD 1a hinh thoi tim / canh bang a va
gbc A=60", canh SC = a26

va SC vudng géc véi miat phing (ABCD). Tinh goc gitra
(SBD) va (SAC)

A.90°. B.45°. G 30°.
Huwéng dan giai

Chon A.
Taco BD 1L AC;BD 1 SC

= BD 1 (SAC)= (SBD) L (SAC)

Céu 72. Cho hinh chop S.4BC c6 ddy ABC 1a tam giag4eu—Fropga
de nao dung ?
A. S.ABC 1a hinh chép déu néu cac mit bén cua né 1a tam giac can dinh S.
B. S.4ABC la hinh chép déu néu goc giira cac mit phang chira cac mat bén va mat
phang d4y bang nhau.
C. S.ABC 1a hinh chép déu néu cac mit bén ciia n6 1a tam giac can.
D. S.ABC 1a hinh chép déu néu cic mit bén co dién tich bang nhau.

Cau 73. Tinh cosin cua goc gitra hai mdt ciia mét t dién déu

Al B L ¢ 2 p. 2.
3 2 3 2

Huéng din giai
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Chon A. 7
Goi H 1atrung diém cia AC khi d6
BH 1 AC;DH 1 AC
Goc giita hai mit cia tt dién bang BHD
Tacé BH = DH = %
Trong tam giac BHD c6 :
BD? = BH* + HD* —2BH .HD.cos BHD
2 2 2 - o
=a’ = 3 + 3a _23a .cos BHD = cos BHD =
4 4 4
Cau 74. Cho hinh 18p phuong ABCD.A'B'C'D" ¢6 canh bang a. Cit hinh 1ap phuong boi mit
phang trung truc ctia AC". Dién tich thiét dién la

(o

W | =

2 2 2
A 5OV B. S=d’. c 593 D, 5343
2 . 4 4
Huwéng dan giai > 2 c
Chon D. 7 ) ‘ g /
Ta c6 mat phang trung tryc cia AC”cat hinh 1ap phuong 4 P
ABCD.A'B'C'D' theo thiét dién 1a luc giac déu R B
MNPORDS canh %B’C - a*f /o
/D’ c’
s
chids s g laV2av2 VB .38
22 2 2 4 ar

Cau 75. Cho hinh chép S.4BCD c¢6 day ABCD 1a hinh thoi tdm O. Biét

SO 1 (ABCD),SO = a3 vi dudng tron ndi tiép ABCD ¢6 ban kinh bing a. Tinh goc hop
boi méi mit bén véi day.

A.30°. B. 45", - C.60"

Hwong dan giai

Chon C.
Tacod SO L (ABCD) va OM,ON,OP,0Q
lan luot vuong goc voi AB,BC,CD, DA
Theo dinh 1i ba duong vuong goc ta cod
SM 1 AB,SN 1 BC,SP L CD,SQ 1 DA
Tur d6 suy ra %:%:%:5@\0

Xét tam giac SMO vudng tai O ta cod tan SMO =3 = SMO = 60M

Vay mbi mat bén hop vi ddy céc goc bing nhau va bing 60°.  ©

Cau 76. Cho hai mit phang vuéng goc (P) va (Q) co giao tuyén A.Liy 4, B cung thudc
A valay C trén (P), D trén (Q) saocho AC L AB, BD 1 AB va AB= AC = BD = a . Dién
tich thiét dién cua tir dién ABCD khi cit boi mit phang («) di qua A va vudng goc véi CD

142
2 2 2 2
a2 B."\/E c.‘“/g D.“*/g
12 8 12 8

Huéng din giai R

A.

Chon C.
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(P)L(©Q)
Taco: (P)N(Q)=A = BD 1 (P)
BD c(Q),BD L A

o s . [AH 1 BC
Goi H latrung diém BC,taco = AH 1 CD
AH 1 BD
Trong mit phing (BCD), ké HI 1L CD thitacéd CD L (AHI)
Khi d6 mit phing («) cit tir dién ABCD theo thiét dién 1a tam giac AHI
Mait khac tam gidc ABC vuong cantai 4 nén BC = a2 .
a2

Trong tam giac vuéng BCD , ké duong cao BK thi BK = va HI =

7

Vay thiét dién can tim 1a tam giac AHI vuong tai H vacé diéntich S =

T
3 .

1

[\

Cau 77. Cho goc tam dién Sxyz véi x/S}/ =120°, )7S\z =60°, zSx =90°. Trén céc tia Sx , Sy,
Sz 1an luot lay cac diém A4, B,C sao cho S4 =SB = SC = a. Goc giita hai mit phing (SAB)
va (ABC) bang :

A. 90° B. 30’ _C. 45 D. 60°

Huwéng dan giai S
Chon A.
Ap dung dinh 1i Césin trong tam giac SAB,tacd AB = a3
Tam gidc SAC vudng can tai § nén AC = a2 ;
tam giac SBC déunén BC =a .
Vi AC* + BC* = AB® nén tam gidc ABC vuodng tai C
HA=HB=HC

Goi H latrung diém AB thitaco = SH 1 (ABC) z
SA=SB=SC

Ma SH c (SAB) nén (SAB) L (ABC). Vay ((m)) ~90°.

Cau 78. Cho hinh chép tam gidc S.4BC véi dudng cao SH . Trong cic ménh dé sau ménh dé
nao dung ’ )
A. H trung véi tam dudng tron ngoai tiép tam gidc ABC khi va chi khi cac canh bén bang
nhau
B. H la trung diém ctia mot canh day khi hinh hop d6 c6 mot mat bén vudng goc voi mat day.
C. H trung v6i tm duong tron noi tiép tam gidc ABC khi cac goc giita cac miat phing chira
cac mit bén va mit phiang day bang nhau.
D. Hthudc canh day thi hinh chop d6 c6 mot mat bén vudng goc véi day
Cau 79. Cho hai mit phiang (P) va (Q) cit nhau va diém M . Trong cac ménh dé sau, ménh
dé nao dung? ) )

A. C6 duy nhat mot mat phang qua M va vudng goc voi (P).

B. C6 v6 sb mat phang qua M vudng goc voi (P) va vudng goc véi (Q).

C. C6 duy nhat mot mat phang qua M vudng goc véi (P) va vudng goc véi (0).

D. Khong c6 mit phang qua M vudng goc v6i (P) va vudng goc véi (Q).
Cau 80. Cho hinh chép S.ABCD c6 day ABCD la hinh vuéng canh a. Canh bén S4 vudng
goc voi day va SA = a. Goc gitra hai mat phang (SBC) va (SCD) bang bao nhi¢u?
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A. 30° B. 45° C. 90° D. 60°
Huéng din giai

Chon D. :
Taco: SC L BD (vi BD L AC,BD 1 S4)

Trong mit phiang (SAC), ké OI 1 SC thitacé SC L (BID)
Khi d6 ((m)) — BID

a2
3

Trong tam gidc SAC, ké duong cao 4AH thi AH =

Ma O la trung diém AC va OI'|| AH nén OI =&

B

L
Tam giac /OD vudng tai O c6 tan OID = V3 = 0ID =60°
Vay hai mat phang (SBC) va (SCD) hop v&i nhau mot goc 60°.

Cau 81. Cho hinh chép S.ABCD c6 day ABCD la hinh thoi canh a va gbéc ABC = 60" . Céc
canh SA,SB,SC déu bang ag. Goi ¢ 1a goc ctia hai mit phang (SAC) va (ABCD). Gia

tri tan@ bang bao nhiéu?
A. 25 B. 3V5 C. 53 D. V3
Huéng din giai
Chon A.
Do AB = BC va ABC =60 nén tam gidc ABC déu.
Goi H 1a hinh chiéu cia A lén (4BCD).
Do S§4=S8B=SC
Nén H 1a tam dudng tron ngoai tié tam gidc ABC.
(SAC) e (ABCD) =AC
Tacd: | SO L AC,HO 1L AC

= ((54C),(4BCD)) = (S0, HO) = SOH

2 2
Mt khic, Ho=Lpo-La¥3_a¥3 , SH =~/SB> —~ BH* = 31_“_:”5,
3 372 6 4 3 23
a5
SH 23
Suyra tangp =——= =2\/§_
Y 4 HO a\/§
6

Cau 82. Trong cac m¢nh dé sau, ménh dé nao dang?
A. Hai mit phang (P) va (Q) vudng goc voi nhau va cat nhau theo giao tuyén d . Voi mdi

diém A thudc (P)va mdi diém B thuge (Q) thitacé AB vudng goc véi d .
B. Néu hai mat phing (P) va (Q) cling vudéng gbc v4i mit phang (R) thi giao tuyén cia
(P) va (Q) néu cé ciing s& vudng goc voi (R)

C. Hai miat phang phan biét cing vudéng goc vdi mot mit phang thir ba thi song song voi nhau.
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D. Néu hai mit phang vudng goc véi nhau thi moi duong thang thudc mat phang nay s& vuéng
goc voi mat phang kiA.
Huéng din giai

Chon B.

Cau A saivitacothéldy 4,Bed .

Cau B 1a mot dinh 1y da c6 trong SGK.

Cau C sai vi (P) (Q) ¢6 thé cat nhau ( Vi du nhu cau B).

Cau D sai vi dudng thang thuoc mit phang nay vudng goc v6i mat phang kia néu

duodng thang nay vong goc voi giao tuyén ciia hai mat phang.

Cau 83. Cho hinh lang tru dtng ABC.A'B'C" ¢6 day ABC la tam giac vudng can & A. Goi
H 1a trung diém BC . Khang dinh nao sau day sai ?

A. Hai mit phang (AA'B'B) va (AA'C'C) vuong goc nhau.

B. Cac mat bén cia ABC.A'B'C"' la cac hinh chir nhat bé’mg nhau.

C.Néu O 14 hinh chiéu vudng géc cia A4 1én (4'BC) thi Oe A'H .

D. ( AA’H) 12 mat phang trung tryc ciia BC .

Huwéng din giai

Chon B.

CauBsaivi AB # BC
Cau 84. Cho tam giac déu ABC c6 canh bang @ va nam trong mit phang (P) Trén cac
duong thang vudng goc vai (P) tai B,C lan luot ldy D, E nim trén cing mot phia d6i voi

V3

(P) sao cho BD = aT,CE = a3 . Géc giita (P) va (ADE) bang bao nhiéu?

A. 30° B. 60° C. 90° D. 45°
Huéng din giai

¥

Chon B.

Goi @ = ((ABC) (ADE)) Taco: S,

3
Mit khéc, ta c6: AD =~ AB* + BD* =, |a +i

AE =N AC? +CE* =~a* +3a* =2a.
Goi F latrung diém EC ,taco DF =BC=a.

2
Do d6 DE =\/DF* + FE* = |d° +3% - “*2/7. Suy ra tam gidc ADE cén tai D.

2
Goi H latrung diém AE,tacé DH =~ AD* — AH’® 21}72 -a’ =§.

a3
1 1 a\/_ aZ\E . S sc 4
2

1
=S, . =—DH.AE =—. . Vaycosp=—2C=_F_—_ = p=60°.
> > ay @ 5 (4

ADE
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Cau 85. Cho hinh chép S.ABCD c6 day ABCD 1a hinh vuong canh a, S4 vudng géc voi
déy va SA= % . Géc giira (SBC) va (ABCD) bing bao nhiéu?
A. 30° B. 60’ C. 45° D. 90°
Huwéng din giai
Chon A.
Tacod (SBC)N(ABCD)=BC; BC | AB; BC 1 54

Suy ra ((S/Bm)) = SBA

Tam gidc S4B vuong tai 4 co tan SBA = T3 = SBA =30"

Vay (SBC) va (ABCD) hgp véi nhau mot géc 30°.

Cau 86. Trong cac m¢nh dé sau, ménh dé nao sai ?

A. Hinh lang try tam gidc c6 hai mat bén la hinh chir nhat la hinh lang tru dung.
B. Hinh chop c6 ddy 1a da gidc deu va c6 cac canh bén bang nhau la hinh chép déu.
C. Hinh lang try dimg c6 day la da giac déu la hinh lang tru déu.
D. Hinh lang try c6 déy 1a da gidc déu la hinh lang try déu.

Hudng dan giai

Chon D.

Gia str lang tru ABC.A'B'C' c6 cac mat bén (AA'B'B),(AA'C'C) 1a hinh chit nhat, khi do ta
AA' L AB
AA' L AC

Theo dinh nghia hinh chép déu va hinh ling tru déu ta c6 dap an B, C dung.

Cau 87. Cho hinh chép S.ABC c6 day ABC latam giac vuong tai B, S4 L (ABC). Goi E F
1an Iugt 14 trung diém clia cac canh AB va AC . Goc giita hai mit phang (SEF ) va (SBC ) la:

A. CSF. B. BSF. C. BSE. D. CSE.
Huéng din giai

4

co = AA' L (ABC). Vay la ABC.4'B'C" lang try dung.

Chon C.
Ta co: (SEF) m(SBC) =Sx//EF//BC

BC 1 4B
= BC 1 (S4B) = BC L SE,BC L SB
BC 1 84

= SB 1 Sx,SE 1 Sx =Goc giita hai m3t phing (SEF) va (SBC) 1a BSE
Céu 88. Cho hinh chép S.ABCc6 S4 L(ABC)vaddy ABC vudng & A.Khing dinh ndo sau

day sai ?
A. (SAB) J_(SAC).

B. Goc gitta hai mat phing (SBC) va (SAC)1a goc SCB.
C. V& AH 1 BC,H e BC = géc SHA la géc giita hai mit phing (SBC) va (A4BC).
D. (S4B) L (4BC).

Hudéng din giai:
Chon B.
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(4B L AC
Ta co: = AB 1 (SAC)
AB 1 SA4

Ma 4B c (S4B) = (S4B) L(SAC) vay A ding
Ta c6: (SBC)N(ABC)=BC
AH 1 BC,AH < (ABC)
{SH 1 BC,SH < (SBC) ¢

= (SBC);(4BC)) = SHA. Vy C diing H
Ta c6: S4 L (ABC)
Ma SA < (SAC) = (SAC) L(A4BC) vay D ding.

Cau 89. Cho (P) Vé(Q) 1a hai mat phang vudng goc voi nhau va giao tuyén ctia chung 1a duong
théng m. Goi a,b,c,d la cac duong théng. Trong cac ménh dé sau, ménh dé nao dang?
A.Néu ac(P)vaaLlm thi a l(Q). B.Néu ¢ Lm thi ¢ L(Q).
C.Néu b L m thi b= (P)hogc b= (Q). D.Néud Lm thidL(P).
Huéng din giai
Chon B. . , , . .
Néu hai mat phang vudng goc v6i nhau thi bat cir duong thang nao nam trong mat phang
nay va vudng goc véi giao tuyen thi vudng goc véi mat phang kia.
Cau 90. Cho hinh chop tir gidc déu S.4BCD c6 ddy ABCD la hinh vudng tdim O. Céc canh
bén va cac canh day déu bang a. B dai SO bang:
A 2 B. £ c. o3 p. &3
2 2 3 2 3
Hudng dan giai:

Chon A.

Tacod AC = a2 = A0 =

a2
2

2
SO =~/SA* —04* = | —(“‘Z/EJ _a2

2

) /:/,/‘ - ~

Cau 91. Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh vudng c6 tam O va S4 J_I(ABCD)
Khang dinh nao sau day sai ?

A. Géc gitra hai mit phing (SBC) va (ABCD) 1a goc ABS .

B. (S4C) L(SBD).

C. Géc giita hai mit phang (SBD) va (ABCD) la goc SOA .

D. Goc giira hai mat phang (SAD) va (ABCD) la géc SDA .

Huwéng din giai
Chon B.
Ta c6: (SBC)(ABCD)=CD
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AB 1 BC,AB = (ABCD)
SB L BC,SB < (SBC)

= ((m)) = ABS . Viy A diing

= BD 1 (SAC)
1S4

Ma BD —(SBD)=(SAC) L(SBD) . Vay B diing
Ta co: (SBD) m(ABCD) =BD

AO L BD,AB = (ABCD)

{SO L BD,SO = (SBD)

) {BD 1 4C
Ta co:

- ((ﬁmf)) — SOA. Vay C diing
Ta co: (SAD) m(ABCD) =BD

AB 1 AD, AB = (ABCD)
{SA 1 AD,S4 < (S4D)

= ((SAD);(4BCD)) = S4B =90". Viy D sai.

Cau 92. Cho hinh chép S.4BCD c6 day ABCD 1a hinh thang vudng taid va D.AB =2a,

AD=DC=a Canh bén SA vudng goc voi day va S4 = a2 . Chon khing dinh sai trong cac
khang dinh sau?

A. (SBC) 1 (SAC) B. Giao tuyén cla (SAB) va (SCD) song song voi
AB
C. (SDC) tao voi (BCD) mot goc 60° D. (SBC ) tao voi day mot goc 45°
Hudéng din giai: s
Chon C
BC 1 54
+ Taco { :>BCJ_(SAB)
BC 1 AB

Ma BC < (SBC)=>(SBC) L(SAC) (A diing)
(S4D)(S4B) =S
AB//CD

+|AB(S4B)
CD<(SCD)

=>(S4D) (S4B) =S/ /4B g qone pb— y

AD 1 CD, AD = (BCD)

+(SCD)N(BCD)=CD . Tacé:
SD 1.CD,SD = (SCD)

Suy ra géc gitta (SDC)va(BCD) 1a SDA, tan SDA = % =2 = SDA=54°44" (C sai)
Cau 93. Cho hinh 1ap phuong ABCD.A'B'C'D'c6 canh bang a. Khang dinh ndo sau day sai
?

A. AC L BD'.
B. Hai mdt ACC'A'va BDD'B'la hai hinh vuoéng bang nhau.
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C. Hai mit phang (ACC'A') va (BDD'B') vuong goc nhau.

D. B6n duong chéo AC',A'C,BD',B'D bing nhau va bing a3 .
Huéng din giai

Chon B.
., [ACLBD A B
Ta co: = AC L(BDD'B")> BD'= AC L BD'
C 1L BB' | 7
P4p 4n A dung. p LT 7
7
Vi ACC'4'c6 AA'= a; AC = a\2 = ACC' A'1a hinh chir L
nhat s
Dap an B sai. :‘/ S e
AC L BD AC L(BDD'B') 2 o]
A - -
Ta co: AC L BB' R - ~ /

Ma AC c(ACC'4)=(BDD'B') L(ACC' 4"

Cau 94. Cho hinh ling tru tam giac déu ABC.4'B'C' ¢6 canh day bang 2a3 va canh bén
bang 2a. Goi G va G' lan lugt 1a trong tAm cua hai day (ABC) va (A'B'C'). Khang dinh
nao sau day ding khi néi vé 44'GG"' ?

A. AA'GG' 1a hinh chit nhat ¢6 dién tich bang 6a’.

B. A4'GG' 1a hinh chit nhat c6 hai 1§ich thudc 1a 2a va 3a.

C. 44'GG" 1a hinh vudng c6 canh bang 2a.

D. 44'GG" 1a hinh vudng c6 dién tich bing 8a”.

Huwéng dan giai

Chon C. i
Goi I 1a trung diém BC Ag C’
=

Ta co: AI:@:M 7 =

2

AG=—Al =2a=AA'

3 . A C
Vay AA'GG' 1a hinh vudng co6 canh bang 2a -
Pap an C dung. N

Cau 95. Cho hinh lang try luc gidc déu ABCDEF.A'B'C'D'E'F' c6 canh bén bang a va
ADA'D' 1a hinh vuong. Canh day cua lang try bang:

AL B.a. c. o2 p, 3.
2 2 3
Huéng din giai:
Chon A.
Vi ABCDEF la lyc giac déu nén tam giac AFD vudng =z <’
tai Fva FDA=60". a1 N
Ta co: | = ;
—  AF — AT |
cosFADzE: AF = AD.cos FAD - — |-
AT ——— — 1 - =="»p

— a.cos60° =< -
2
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Cau 95. Cho hinh chép tir giac déu S.ABCD c6 day ABCD la hinh vuéng tim O . Céc canh
bén va cac canh ddy déu bang a. Goi M 1a trung diém SC . Goc giita hai mét phang (MBD)
va (SAC) bang:
A. 30°. B. 90°. C. 60°. D. 45°.
Huéng din giai
Chon B.
Do BD 1 AC va BD 1 SO nén BD 1 (SAC).
Suy ra: (MBD) L (SAC).
Vay ta cé: ((SAC),(MBD))=90".

Cau 96. Tinh d9 dai duong chéo ciia hinh 1ap phuong canh bang a.

A. V2. B. 2a. C. a\3. D. a/5.

Huwéng din giai

Chon C.

AC? = AC*+CC"? =3a> = AC'=a 3
Cau 97. Cho hai tam giac ACD va BCD nén} trén hai mat phépg vudng goc voi nhau va
AC=AD=BC=BD=a, CD=2x.Goi [,J lan lugt l1a trung di€ém cia AB va CD. Tinh
IJ theo a va x?

A. IJ=# B. 1J=—“2(a;+xz) C. 1J=—“2(a;_xz) D. 1J=#
Huwéng din giai
Chon C.
CD L AJ
Ta c6: 1(A4CD) L(BCD) = AJ L(BCD)= AJ LBJ.
(ACD)~(BCD)=CD
Vay tam gidc ABJ vudng tai J

Tacd: AJ =BJ =+a* —x*.

Do d6 tam gidc ABJ vudngcantai J . Suyra IJ =

AJ\/E _ 1[2(612 _xz)
2 2

Céu 98. Chi raménh dé dung trong cac ménh dé sau: i
A. Cho hai duong thang song song a va b va duong thang ¢ sao cho ¢ 1 a,c 1 b. Moi mit

phang (ar) chira ¢ thi déu vudng goc voi mat phang (a,b).

B. Cho a 1 (@), moi mit phang (,B) chira a thi (,B) L(a).

C. Cho a L b, moi miat phang chtra b déu vudng goc véi a.

D.Cho a L b,néu ac(a) va bc(ﬂ) thi (a)L(,B).
Huwéng din giai

Chon C. i

Cau A sai vi a,b c6 thé tring nhau.

Cau C sai vi khi a,b cit nhau, mit phing (a,b) khong vudng goc véi a.
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Cau D sai vi khi a,b chéo nhau va vuoéng goc véi nhau, ta goi (a) 1a mat phang chra a,
song song voi b va () 1a mit phang chira b va song song voi a thi (a)//(B)

Cau 99. Cho tam giac déu ABC canh a.Goi d 5-d lan luot 1a duong thfmg diqua B,C va
vuong goc voi (ABC). (P) 1a mat phang qua A va hop véi (ABC) goc 60°. (P) cét dg.d.

NG

lan luot tai D va E. biét AD = aT,AE = a\/g. dat DAE = . Chon khfmg dinh dung trong

cac khang dinh sau?
2 3
A. sinp=—— B. ¢ =60° C.sinp=— D. ¢ =30’
@ NG @ @ NG
Huwéng din giai
Chon A.
Taco: S0 =S,p5.c08a véi a=((4BC),(ADE))=60".
a’\3 A

S 3
Do d6 S, =—dc =4 __2N7

cosa  cos60 2

A3 1 a6 2
Mat khac, S ,,. = =—. av3.sing =sing =—.
: ADE ) 2, 2 ® \/g

Céu 100. Cho tirdién 4BCD c6 hai mit phang (ABC ) va (ABD) cung vudng goc voi (DBC )
. Goi BE va DF' la hai dudng cao cia tam giac BCD, DK 1a dudng cao cla tam gidc ACD
. Chon khang dinh sai trong cac khang dinh sau?

A. (ABE) L (ADC). B. (ABD) L (ADC).

C. (4BC) L(DFK). D. (DFK) L (ADC).

Huéng din giai
Chon B.
(4BC) L (BCD)

Ta co: ( D) L(BCD) = AB L (BCD).
BC)N(ABD)= 4B
Mt khéc: { b L BE 2= CD 1 (ABE) nén ciu A ding.
(ABC) L(BC. )
(ABC) ( ) BC = DF J_(ABC) nén cau C dung.
DF 1 BC
Theo trén ta c6 DFJ_(ABC) nén DF | AC.

1 DF

L pr = A4cd (DKF)=(ACD) L (DKF) . Do d6 cau D ding.

. , {AC
Vay ta co
AC

Céu 101. Cho hinh chop tt gidc déu cé tat ca cac canh déu bang «. Tinh cdsin cua goc giira
mot mat bén va mét mat day
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B. C.

1
2 3

Huéng din giai

-

|-

Chon D.
Goi O =AC N BD . Do céc tam giac SAC va SBD cantai S
nén SO L AC va SO L BD.
Suy ra hai tam giac vuong SOA va SOB bang nhau.
Vaytaco OA=0B.Suyra AC=BD (1).
Mat khac tacd ABCD la hinh thoi 2)
Tu (1) va (2) tacd ABCD la hinh vudng.
Goi E la trung diém ctua AB .

, {(SAB)m(ABCD) = AB
Ta co:

= ((S4B),(ABCD)) = (SE,OE) = SEO =
SE 1 AB,EO 1 AB ((548).( ))=( ) v

a
Ta co6: cosq)zE—O: 2 =£.
SE a3
2

Cau 102. Cho hinh chép S.ABCD ¢6 ddy ABCD la hinh thoi canh a, BAD = 60" va co

SA=S8B=SC=a.Tam giac SBD latam giac gi ?

A. Tam giac déu B. Tam giac can C. Tam giac vudng can D. Tam giac vudng
Huéng din giai

Chon D.

Goi O=ACNBD, E latrung diém cau BC,

H 1a hinh chiéu ciia S 1én (4BCD).

Do SA=SB=SC nén H latam dudng tron

ngoai tiép tam gidc ABC.Vay H = BON AE .

Tam gidc ABC can co BAD =60° nén 1a tam giac déu.

2 af

Suyra BH =—BO =

3 3
Ta co: SH =~/SB? —BH? = ,/a _4 . HD = 2BH—2“3‘B.

Do d6 SD =/ SH?* + HD?* = ‘/ JAd

Vay tam gidc SBD c6 SD’ = SB2 +BD2 =44’ nén vudng.

Cau 103. Cho hinh hop chit nhat ABCD.A'B'C'D' ¢c6 AB= AA =a,AD =2a .Goi a la goc

gitta duong chéo A'C vaday ABCD. Tinh o

A. a =24°5' B. a ~25"56' C.a~30°18' D. a ~20°42'
Huwéng din giai

Chon A.
Do AA'L(ABCD) nén (A'C,(ABCD))=(A'C,AC)=A'CA.
Ta cé: AC =+ AB*+AD* =av/5 .
Do do tanazﬂzizﬁ .
AC

a5
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Suy ra a ~24°5".

Cau 104. Cho tam giac can ABC c6 duong cao AH = a3, BC=3a, BC chira trong mat
phing (P) Goi A' 1a hinh chiéu vudng goc ciia A 1én mit phang (P) Biét tam giac A'BC
vuong tai A'. Goi ¢ la goc gilra (P) va (ABC ) Chon khang dinh dting trong cac khing dinh

sau?
A. ¢ =60 B. ¢ =45’ C. cow:g D. ¢ =30°
Huwéng din giai
Chon D.
_[BC 1 44
Ta co =BC 1L(A'AH)=BC L A'H .
BC L AH

(4BC)(A'BC)=BC
Do d6: |BC L AH,BC L A'H
= ((4BC),(A'BC))=(AH,A'H) = AHA'

Mat khac, tam giac 4'BC vudng tai 4' nén A'H=%BC=3§.
3a
Ta co cos¢=ﬂ= 2 :l.
AH a3 2

Céu 105. Chon ménh dé dung trong cac ménh dé sau day: 7

A. Qua mdt diém c6 duy nhat mot mat phang vuong goc véi mot mat phang cho trude

B. Cho hai duong thang chéo nhau a va b dong thoi a L b. Ludn c6 mit phang (a) chira a

va (a) Lb

C. Cho hai duong thang a va b vudng goc v6i nhau. Néu mit phang () chira ¢ va mit phang

(B) chtra b thi (a) L(B)

D. Qua mot dudng thing c6 duy nhat mot mit phing vudng goc voi mot dudng thing khac
Huéng din giai

Chon B.

Ciau 106. Cho hinh chop S.ABCD c6 day ABCD la hinh thoi canh a vacé S4=SB=SC=a

. Géc giita hai mat phang (SBD) va (4BCD) bang

A. 30°. B. 90°. C. 60°. D. 45°.

Huéng din giai

Chon B. )

Goi H la chan duong vudng goc cua S xudng

mit phing day (ABCD) (SH L(ABCD))

SA =SB =SC =a = c4c hinh chiéw: H4= HB = HC

= H 1a tam duong tron (ABC)

Ma tam giac ABC cantai B (vi BA=BC=a)=tam H pl};' i3

SH 1 (ABCD
Vay ¢6 ( )} = (SBD) L (ABCD) nén goc [(SBD),(4BCD)]=90°.

SH < (SBD)
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Cau 107. Cho hinh hép ABCD.A'B'C'D' ¢6 AB=a, BC=b, CC'=c. Néu

AC'=BD'=B'D=+a’* +b*+¢* thi hinh hop la

A. Hinh lap phuong B. Hinh hdp chir nhat C. Hinh hop thoi ~ D. Hinh hp ding
Huwéng din giai

Chon B.

B
AC'"= BD' =hinh binh hanh ABC'D’ 1a hinh chir nhat
BD' = B'D =>hinh binh hanh BDD'B’ 14 hinh chir nhét
AC" = B'D =hinh binh hanh ADC’'B’ 1a hinh chir nhat

Cau 108. Cho tir dién ABCD c¢6 AC = AD va BC = BD . Goi I 1a trung diém ciia CD . Khing
dinh nao sau day sai ?

A. Géc giira hai mit phing (ABC) va (4BD) 1a CBD . B. (BCD) L (AIB).
C. Géc giita hai mit phing (A4CD) va (BCD) 1a AIB . D. (4CD) 1 (4IB).
Huéng din gidi 4
Chon A. i
Tam gidc BCD can tai B ¢6 [ trung diem day CD
—CD 1 BI (1)
Tam gidc ACD cantai A c¢6 [ trung diem day CD
= CD L Al (2) B ) D
(1) va (2) = CD L (4BI). 55
Vay A: sai C 1
Cau 109. Cho hinh chép tr gide S.ABCD , c6 ddy ABCD 1a hinh thoi tim / canh bang a va
goc A= 60°, canh SC = a\z/g va SC vudng goc véi miat phang (ABCD). Trong tam giac SCA
ké IK 1 SA4 tai K. Tinh d¢ dai /K dugc
A2 B, 93 c.2 p. 42
2 3 3 2

Huéng din giai
Chon A.

Tam gidc AKI dong dang tam gide ACS = =L e 54
SC~ S4 A
a

ABCD va AABD déucanh ¢ =I4=1IC = = AC=a3

3
2
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ASAC vudng tai C = SA=~/SC* + AC’ :\/(a26

a
Vay IK =—
1y >

jz (i) = 3av2

2

Cau 110. Cho hinh chép S.4BCD c¢6 ddy ABCD 1a hinh vuéng canh a. S4 L (ABCD),
SA = x . Xéac dinh x dé hai mat phang (SBC) va (SCD) tao v&i nhau goc 60°.
A x= B. x=2 C.x=a D. x=2a
2 2

Huéng din giai

Chon C.
* Trong (SAB) dung AI 1 SB ta ching minh dugc Al L (SBC) (1)
Trong (S4D) dung 4J L SD ta chimg minh duge AJ L (SCD) (2) 7,
Tir (1) va (2) =goc ((SBC),(SCD)) = (AL, AJ) = [4]
* Ta chiing minh dugc 47 = AJ .

Do d6, néu goc 147 = 60° thi AALJ ddu=> Al = AJ =1J D”/

ASAB vudng tai A c6 Al la duong cao = AI.SB=SA.AB = Al = SI?;B 3)
« g2 SA®

Vaco S4° =S1.SB = SI = B 4

Sl

ORYE
Ta chiing minh dwogc 7J//BD 35 =1J= SI.BD = SA°.BD

SB SB SB>
'A.BD
_5 & ABSB=SABD <aNx*+a’ =xa2 <

)

Thé (3)&(5) vao Al=1J = AB

X +at=2x" ox=a

Cau 111. Cho hinh hop chit nhdt ABCD.A'B'C'D' ¢6 AB=a, BC=b, CC'=c.D¢ dai duong
chéo AC' la

A. AC'=~a* +b* +c" . B. AC'=~-a’+b*+c".
C. AC'=~a’>+b*-c*. D. AC'=va’-b"+c" .
Huéng din giai
Chon A.
Cau 112. Cho hinh h¢p chit nhat ABCD.A'B'C'D". Khing dinh nao sau dy khong dang?
A. Ton tai diem O cach déu tam dinh cua hinh hop.
B. Hinh hop ¢6 6 médt 1a 6 hinh chii nhét.
C. Hai mit ACC'A" va BDD'B’ vudng goc nhau, 7 N
D. Hinh hop c6 4 dudong chéo bang nhau va dong qui tai trung di€m cua moi dudong.
Huéng din giai
Chon C.
Céu 113. Trong cac ménh dé sau, m¢énh dé nao dung? )
A. C6 duy nhat mot dudng thang di qua mét diém cho truge va vudng goc vi mot
dudng thang cho trude. i
B. C6 duy nhat m¢t mat phang di qua mot duong thang cho trude va vudng goc vdi
mot mat phang cho trudc.
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C. C6 duy nhat mot mat phang di qua mot diém cho trude va vudéng goc voi mot
mat phang cho trude. )
D. C6 duy nhat mot mat phang di qua mot diém cho trude va vudng goc vi mot
duong thang cho trudce.

Huwéng din giai
Chon D.
* Co vo s6 duong thang di qua mot diém cho trudc va vudng goc v6i mot duong thang cho
trude, ching nam trong mat phang di qua diém d6 va vuong goc véi mot dudng thang cho trude

= “C6 duy nhit mot dudong thing di qua mot diém cho trudc va vudng goc voi mot duong

thang cho trudce™: SAI i )
* Co vO sO0 mat phang di qua mot dudng thang cho trudc va vuong goc voi mot mat phang cho
trudce, trong truong hgp: duong thing cho trude vudng goc voi mat phang cho trude =:C6 duy
nhat mgt mat phang di qua mét duong thang cho trudc va vuong goc voi mot mat phang cho
trude”: SAL i ) i
* C6 vo sO mit phang di qua mdt di€m cho trude va vudng goc voi mot mat phang cho trude
="C6 duy nhat m¢t mat phang di qua mot diém cho trudc va vuong goéc voi mot mat phang
cho trudce”: SAI
Céu 114. Chon ménh dé dung trong cac ménh dé sau day: ]
A. Cho hai duong thang a va b vudng goc vdi nhau, mat phang nao vudng goc vdi duong nay
thi song song voi duong kia.
B. Cho dudng thang a 1 (@), moi mat phang (4) chta a thi (B) L(a).
C. Cho hai duong thang chéo nhau @ va b, luén ludn c6 mat phang chira duong nay va vuéng
goc voi duong thang kia.
D. Cho hai dudng thang a va b vudng goc v6i nhau, néu mat phang (o) chira ¢ va mit phing
() chtra b thi (o) L(B).

Huwéng din giai
Chon B.
Cau 115. Cho hai mit phang (P) va (Q) vudng goc voi nhau. Ngudi ta 1ay trén giao tuyén
d cuia hai mat phfmg d6 hai diém A4 va B sao cho 4B =8.Goi C la mot diém trén (P), D
1a mdt diém trén (Q) sao cho AC, BD clng vudng géc véi giao tuyén d va AC =6, BD=24
.bo dai CD la:

A. 20. B. 22. C. 30. D. 26.
Huwéng din giai
Chon D. 2
Tam gidc ABC vudngtai A nén BC =\/AB2 +AC? =\/82 +6° =10. .‘E-:'\h
Eoh R,

(P)L(Q) Lo

Taco (P)n(Q)=d = BD L(P)=BD LBC. O ;Z“; ¥
o i . -
(0)oBD Ld *-ﬂf
“__'\-""tfl . ._I_:-'"

Tam giac BCD vuéng tai B nén CD =~/ BD* + BC? =+/24> +10> =26.
Cau 116. Cho hai mit phing (P) Vé(Q) cat nhau va mot diém M khong thude (P) va (Q)
.Qua M c6 bao nhiéu mit phang vudng goc véi (P) va (Q) ?
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A. 1. B.2. e D. V6 sb.
Huwéng dan giai

Chon A.

Cau 117. Cho hai mit phang vudng goc (P) va (Q) c6 giao tuyén A.Ldy A, B cung thudc

Avaldy C trén (P), D trén (Q) sao cho AC L AB, BD | AB va AB = AC = BD. Thiét dién

clia tr dién ABCD khi cdt boi mat phing (a) di qua A4 va vudng géc véi CD 1a hinh gi?

A. Tam giéc can B. Hinh vubng C. Tam giac déu D. Tam giac vudng
Huwéng din giai

Chon D.

Goi I 14 trung diém cia BC .

Vi tam gidc ABC vudngcantai 4 nén Al 1 BC.
(P)L(Q)

Tacd (P)N(Q)=d = BD L (P)=BD L Al .
(Q) SDBD1d

Al L BC
Al L BD

}:AIJ_(BCD):AIJ_CD.

Trong (ACD), dung dudng thang di qua 4 va vudng goc v6i CD cat CD tai H.
Thiét dién cua tr dién 4BCD khi cit béi mit phang (a) 1a tam gidc AHI .
Vi Al L (BCD) = Al L HI nén tam giac AHI 1a tam giac vuong tai /.

Ciau 118. Cho hinh chop S.4BC c6 hai mat bén (SAB) va (SAC ) vudng goc v4i mat phang
(ABC) , tam giac ABC vudngcan & A va cé duong cao AH (H € BC) .Goi O 14 hinh chiéu
vudng goc cua A4 1én ( SBC ) Khang dinh nao sau day sai ?

A. SCL(4BC)  B.OeSH C. (SAH)L(SBC)  D. ((SBC),(4BC)) =SB4
Huéng dén gisi .
Chon D. 1":\;‘%;‘\
(S4B) L(4BC) W e
5 D
Taco (SAC) L(ABC) = SAL(ABC)=SALBC. | , "~
(SAB) N (SAC) =54 N
A -'-'\.":.I::Il' —— ;‘R"'H'_.' J_‘::}.t
BC L AH e
= BC L (SAH)= BC L SH . Wy T
BC 1 .54 ‘x"tt» ot H

Mit khac, AH L BC nén ((SBC),(4BC))=(SH, AH )= SHA. ‘

Céu 119. Cho hinh 1ap phuong ABCD.4,B,C,D,. Mit phang (AIBD) khong vudng goc voi
mat phang nao dudi day?
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A. (ABID) B. (ACCIAI) C. (ABDI) D. (AIBCI)
Huwéng din giai

Chon D.

*Goi I =AB N AB.

Tam gidc A4, BD déu c6 DI 1a duong trung tuyén nén DI 1 AB.

DAL (AAIBIB) =DA1 AB.

AB 1 DI

= AB 1 (AB.D) nén A dung.
AB 1 AD

* Ta ¢6 } = BD 1 (ACC,4)= (4,BD) L(ACC,4,) nén B ding.

*Goi J = AD, N AD. Tam gidc 4 BD déucé BJ la duong trung tuyén nén BJ L AD.
AD 1 BJ

BA L (AADD)= BA L AD.
AD 1 BA

} = A B 1 (ABD,) nén C dung.

Cau 120. Cho hai mit phang (a) va (,B) vudng goc voi nhau va goi d = (a) m(ﬂ) .

LNéuac(a)vaald thial(pB). IL.Néu d' L(a) thid Ld.

IIL. Néub L d thi b = () hodic b = (B). IV. Néu (y) L d thi (y) L (o) va (y) L (B).

Céac ménh d¢ ding la :

A. L Il valll B. Il valV C.1Ivalll D. L, IIvalv
Huwéng dan giai

Chon D.

Cau 121. Ling try tam gidc déu 4BC.A'B'C’ ¢6 canh day bang a. Goi M 1a diém trén canh

AA'" sao cho AM :%Ta . Tang ctia goc hop boi hai mat phang (MBC) va (ABC) la:

A.ﬁ. B. 2. C.l. D.ﬁ.
2 2 2

Huwéng din giai

Chon D. a

Goi O 1a tam dudng tron ngoai tiép tam giac ABC .
Khi d6, 4'0 L(4BC).
Trong mit phang (ABC), dung AH 1 BC.
Vi tam gidc 4BC déunén AH :&.
2 A
. BC 1l AH

Ta ¢6 = BC L(A'HA)= BC L MH .
BC L A0

Do d6, ((MBC),(ABC))=(MH,AH)=MHA=a.
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(98]

f

Tam giac MAH vubdngtai A nén tana = % =

Cau 122. Cho hai tam gisc ACD va BCD nam trén hai mat phiang vudng goc véi nhau va
AC=A4AD=BC=BD=a, CD=2x.Tinh AB theo a va x?

A. 4B=2(a’+x*)  B. AB=\a’'-x*  C. AB=2(a’-x")  D. AB=Va'+x’
Huéng din giai

Chon C.

Goi H latrung diém cua CD. o ) l"*-.

el
Bl o
R

Vi tam gidc ACD cantai A vatam gidc BCD can tai B '__,.-’ X
nén AH L CD, BH LCD. 3 ey
(4CD) L (BCD) T e e
Tac6 (ACD)(BCD)=CDb=> AH 1 (BCD)= AH L BH. "= i =

(ACD)> AH L CD *

AACD = ABCD(c.c.¢)= AH = BH =\/BC* —~CH* =~a* —x* .

Tam gidc AHB vuéng tai H nén AB =+ AH* + BH? = \/2(a2 —x).

Céu 123. Cho tir dién déu ABCD. Géc gitta (4BC) va (ABD) bang « . Chon khang dinh

dung trong cac khang dinh sau ?

A. cosaz% B. cosa:% C. a=60" D. cosoz:l
Huéng din giai

Chon A.

Dit AB=a.Goi I 1a trung diém cia AB.

a3
5

Tam gidc ABC déu canh a nén CI L AB va CI =

af

Tam giac ABD déunén DI 1 AB va DI =

Do d6, ((4BC),(ABD))=(CI,DI)=CID=q .

3a’ N 3¢ , a°
2 2 2 - T -

Tam giac CID c6 cosa = [C +ID"-CD —_4 4 —_2
2.IC.ID a3 a3 3a’

2

2.
2 2

1

Cau 124. Cho tam gidic ABC vuong tai 4. Canh 4B =a nam trong mit phang (P), canh
AC = a\/E , AC tao voi (P) mot goc 60°. Chon khéng dinh dung trong cac khéng dinh sau ?
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A. (ABC) tao voi (P) goc 45°. B. BC tao v6i (P) goc 30°.
C. BC tao voi (P) goc 45°. D. BC tao voi (P) goc 60°.
Huwéng din giai
Chon C.
Goi H 1a hinh chiéu vudng goc cia C 1én mit phing (P)
Khi d6, (AC,(P))=(AC, AH)=CAH = 60"
va (BC,(P))=(BC,AH)=CBH =a.

Tam gidc AHC vudng tai H nén sin CAH = i[é

a6
2

— CH = AC.sin CAH = aJ2.sin 60° =

a\/6

CH _ 2 _ a2
BC \/a2+(a\/§)2 2

Cau 125. Cho hinh chép S.4ABC c6 duong cao SH . Xét cac ménh dé sau:
() S4=SB=SC.
(I1) H tring v&i tim dudng tron ngoai tiép tam gidc ABC .
(III) Tam gidc ABC 1a tam giac déu.
(IV) H la truc tam tam giac ABC'.
Céc yéu tb nao chua du dé két luan S.4BC 14 hinh chép déu?
A. (IID) va (IV). B. (1) va (I1I). C. (I) va (II). D. (IV) va (I)

Huwéng din giai

Tam gidc CHB vudng tai H nén sina = =a=45".

Chon C.

Céu 126. Trong cac ménh dé sau, ménh d& nao dung"

A. Hai duong thang phén biét cung vudng goc véi mot dudong thang thi vuéng gbc voi nhau.
B. Hai duong thang phan biét cung song song v6i mot mat phang thi song song v6i nhau.

C. Hai mit phing phan biét ciing vudng goc vdi mot mat phang thi cit nhau.

D. Mot mit phang (P) va mot dudng thang a khong thude (P) cing vudng goc voi duong
thang b thi (P)//a .
Huwéng din giai
Chon D.
Cau 127. Trong cac ménh dé sau, ménh dé nao dtng?
A. Néu hinh hop c6 bdn mit bén 13 hinh chit nhat thi n6 13 hinh hop chit nhat.
B. Néu hinh hop c6 ba mat bén 1a hinh chit nhat thi n6 1a hinh hop chit nhat.
C. Néu hinh hop cb hai mat bén 1a hinh chit nhat thi n6 1a hinh hdp chit nhét.
D. Néu hinh hop c6 ndm mat bén 1a hinh chit nhét thi n6 1a hinh hop chit nhat.
Huwéng din giai
Chon D.
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Cau 128. Cho tir dién ABCD c¢6 4B L(BCD). Trong ABCD V& cac dudng cao BE va DF
cit nhau & O. Trong (ADC) v& DK L AC tai K . Khang dinh nao sau day sai ?

A. (ADC) L(4ABE)  B.(4DC)L(DFK) C.(4DC)L(4BC) D.

(BDC) 1 (ABE) A
Huéng din giai
Chon C.
CD L BE

* Ta ¢ = CD 1 (4BE) :

CD | AB = (ADC) L (ABE)

CD c(ADC)

Vay “(ADC) 1 (4BE)”: DUNG.

. DFJ_BC}

= DF 1 (4BC)
DF | AB

SC c(ABC) = AC 1 (DFK)

= DF | AC}
AC = (4DC)

DK 1 AC }:(ADC)J_(DFK)

Vay “(4DC) 1L (DFK)”: PUNG.

= CD 1 (4BE) Vay “(BDC) L (4BE)”: DPUNG.

CD < (BDC)

*«(ADC) L(4BC)”: SAI

Cau 129. [ THPT Thuian Thanh — Bic Ninh — 2018]: Cho hinh hop chit nhat ABCD.
A’B’C’D’ ¢6 AB=a, AD =2a, AA’=3a. Goi M, N, P lan luot 1a trung diém cua BC, C’D’
va DD’. Tinh khoang cach tir A dén mp(MNP).

A B B. .. c. .. p. 13,
% T 1 T

}: (BDC) L (4BE)

Chon D
Goi E 1a giao diém ctia NP va CD.
Goi G la giao diém ciia NP va CC’.
Goi K 1a giao diém ctia MG va B’C’.
Goi Q 1a giao diém ciia ME va AD.
Khi d6 mat phang (MNP) chinh 1a mat phang (MEG).
Goid,,d, lan luot la khoang cach tir C, A dén mat phéng (MEG). Do AC cit (MEQG) tai diém
. . . d HC
H (nhu hinh v€) nén —=——-.
d, HA
L in NPT R . 1 1 1 1
Do tir dién CMEG Ia tir dién vudng tai C nén — = st——=t+——=
d CM" CE CG
. GC' C'N 1 3 9a 1 1 4 4

Taco — = =—. SuyraGgC==CC'=22. Nhuviy: - =—+—+ .
GC CE 3 Y 2 2 Y d’ a’ 9a°> 8la’
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813.2 9 D ED 1
=d =—. Tac()Q—:—:— p=-2
R T VIC R TR St

Ciau 130. [TRUONG THPT PONG HAU-VINH PHUC. LAN 1]: Cho hinh chép S.4BCD

c6 day 1a hinh vuéng ABCD tam O c6 canh AB =a duong cao SO vuong goc voi mat day va

SO =a . Khoang cach gitta SC va AB la:
2 2
s 203 B, 25 . a5 p, 2843

7 T s 5

Tuds d; =

Pap an D
Vi AB// (SCD) = khoang cach d giita AB bang khoang cach giita AB va (SCD)
Goi M,N lan luot 14 trung diém cta 48,CD khido AB L(SMN)

Ké duong cao MH ctia ASMN = MH 1a khoang cach gitta ABva SC

2
Ta co: SN =+/SO* +ON* = fa2+% _a

SOMN  aa _2a\5
SN a5 5
2
Cau 131. (THPT Chuyén Dai Hoc Vinh - Nghé An - 2018): Cho hinh chép S ABC co6 day
ABC la tam gidc déu canh a, SA vudng goc voi mat phang ddy va SA = a. Tinh khoang
cach giira hai duong thang SA va BC.

5
2

=d=MH =

a+/3 a3
A. a3 B.a C. = D. —=
Pap an D

d(SA;BM):AM:&‘ 2
2 2
A

M

a

Cau 132. [THPT Pham Céng Binh - Vinh Phiic - Lan 1]: Cho lang tru ABC.A'B'C" c6 day

la tam gidc déu canh 4. Hinh chiéu vudng goc cta diém A’ 1én mit phang (ABC) trung véi

3

trong tdm tam giac ABC. Biét thé tich cua khdi lang tru 1a . Tinh khoang cach giira hai

duong thang AA4' va BC.

A K B.
3

C. = D. —

% 3a 3a
3 4 2

Pap an D
Taco d(AA,BC)=d( A4 ,(BB'CC))=d(A,(BBCC))
Goi M va M’ lan luot 1a trung diém BC va B’C’,
G la trong tdm cua tam giac ABC

1AM
BC 1L AG
nén tir gidc BB’C’C 1a hinh chir nhat ¢6 canh BC =a

Theo gia thiét ta c6 } = BC 1 (44'G) = BC L A4’
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. 1, 1 a3 , , - 2a
Vi VA'ABCZEAG'SAABCZEVLT:T:)AG:CIDAA: AG* + A'G* :ﬁ
24’
= Sppcc zﬁ
, 2 a3 3a
Co Vymee =5Vir ==~ :gd(A (BB'C'C)).Syyec =d(A,(BBCC))=

Céu 133. (THPT Chuyén Dai Hoc Vinh - Ngh¢ An - 2018): Cho hinh lang try tam giac déu
ABCA'B'C'c6 AB = a, AA' = 2a. Tinh khodng céch gitra hai duong thang AB' va A'C.

2\/ﬁa a3 2\/_
T 17

C.— D—

A. a5 )

Pap 4n B

«Goi 7, M lan luot 1a trung diém cia 4'B, BC. :>IM//A'C:>A'C//(AB’M)

:>d(AB',A'C) =d(A’C,(AB’M)) =d(C,(AB’M)) — 3V g anc _
AB'M

1 1 sz a3

Vo i = BB'SAMC BB'SABC TIR yL o

« B'M =\BM* +BB"” = ,/ N\ B

AM 1 BC AN
= AM 1 (BCC'B')=> AM L B'M 2a N
AM 1| BB' 1 A
2
e S =~ AM.B'M =2 a¥3 17 _a*V51,
2 2 2 2 8 A &=
3a3£ \/7
. d(ABI,Avc):3VB'AMC — 12 :za 17
S s az@ 17
8

Cau 134. [ THPT Thujn Thanh — Béic Ninh — 2018]: Cho tir dién ABCD c6 AB =x, tat cd
cac canh con lai c6 d¢ dai bang 2. Goi S 1a dién tich tam giac ABC, h 1a khoang cach tir D dén

mp(ABC).Véi gia tri nao cia x thi biéu thirc v = %S.h dat gia tri 16n nht.

A.x=1. B-X:\/g- C.X:Z\/g- D. x=2.
Chon B i
Goi K 1a trung diém cua AB, do ACAB va ADAB la r
. A . . |CK_LAB A
hai tam giac can chung canh day AB nén = ABJ_(CDK) o 1Y
DK 1 AB N
'i-‘ |II | l--'u
Ké DH_LCK tacé DH L (ABC) 5 N
. 1 1(1 1(1 o T
Vay V==-Sh=—| —CK.AB |DH=—| —CK.DH |.AB ~ilas .. T i
3 3\2 3\2 i g
1 RSl R A=
Suyra v = EAB'SAKDC ".‘I’ =

Dé thly ACAB = ADAB = CK = DK hay AKDC can tai K. Goi I 1a trung diém CD,
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suy ra KI_LCD va KI=+KC? —CI* =JAC? —AK> -CI’ = 4—%—1 LN P

1 1 x*+12—-%x
Suy ra SAKDC= KICD——\/12 x*>. Vay =gxx/12— 2<6T 1.

Dau dang thic xdy ra khi va chi khi x =+12—x hay x = J6.
Cau 135. (THPT Chuyén Thai Binh — Thai Binh, lin 1 - 2018): Cho hinh chép tir gidc déu
S.ABCD c6 canh day bang d. Goi M ;N lan luot la trung diém cua SA va BC. Biét goc gitra
MN va mit phang (ABCD) bang 60°. Khoang cich giita hai duong thang BC va DM la:

15 30 15 15

A a.,|—. B. a..|—. C.a,|—. D. a., |—.
62 31 68 17

Chon B
Goi O=ACNBD.

Goi H la trung diém OA4 = MH // SO ma SO L (ABCD)
= MH | (ABCD)=> MH 1a hinh chiéu vung géc cia MN
1én mit phing (ABCD).

Do do, (MN;(4BCD)) = MNH = 60"

i BC /| AD
Ta co: = BC// (ADM) A
AD < (ADM)

= d(BC;DM)=d(BC;(ADM))=d(BC;(SAD))=d(N € BC;(SAD))=2d (0;(SAD)).
Goi / 1a trung diém 4D, ta co (SAD) J_(SOI) theo giao tuyén SI.

a\/ﬁ ax/% a~30
4 4 2

Ké OK L SI=OK =d(0;(S4D)). Tinh duge NH =

s MH = =80=

0;<2 ) 0}92 " 0112 ) 6125a = OK =d(0;(s4D)) =%:> d(N;(54D)) = 20K = %_

Cau 136. (THPT Viét Tri): Cho hinh chop S.ABC c6 day ABC la tam giac vudng tai
A, AB =4 cm. Tam giac SAB déu va nam trong mit phang vudng goc voi (ABC). M thudc
SC sao cho CM =2MS. Khoéang céch giita hai duong AC va BM 1a?

A. 4\/5 cm B. £ C. 2\/5 cm D. 4\/5 cm
21 3 7
Chon D s

Goi [ 1a diém thudc SA4 sao cho 5_1{1 = % = IM//AC .
(S4B) L (4BC)

Goi H la trung diém ciia AB . Tacé (SAB) ﬁ(ABC) =AB
SH 1 AB

B &---

= SH L (4BC).
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AC 1 AB o
= AC 1 (SAB)= IM L(SAB)=>IM L BI = ABIM vuéng tai I.
AC 1 SH
Vspaw _ SM_ = Vs ==Vepic :l.lSH.SAABC l.MlAB.AC=MAC
Ve SC 3 3°3 9" 2 2 9
14 Al 2 2 443 83
Vi 45 3 =3 Ve 23 mgmAC =5 AC
ABSM
2

BI?* = AB* + AI* =2 AB.AI .cos60" = 4* +(§J —2.4.§.cos60° =%:» BI =¥.

1 1 447 1 27
Sy ==BLIM =—.—— —AC:iAC

2 2°3 '3 9

83
3.99° 4

1 3y 421
Vosne == Sogsd (A, (BIM)) = d (4,(BIM )) = 4o — 2T _ .

3 SAB[M 2ﬁ AC 7

Céu 137. Cho hinh chép S.ABC c6 day 1a tam giac déu canh a. Hinh chiéu vudng goc cia
S trén mat phing (A4BC) la diém H thudc canh AB sao cho HA=2HB . Géc giita dudng
thang SC va mit phing (ABC ) bang 60° . Tinh khoang cach giira hai dwong thing SA va
BC theo a.

A. a@. B. a@. C. a@. D. a\/ﬁ_
8 4 12 10
Pap an A.
Ta co: SCH =(SC;(4BC))=60°
Ké Ax|| BC .

Goi N va K lan luot 14 hinh chiéu
vudng goc cua H trén Ax va SN .

Tacé BC||(SAN) va BA =%

nén d(S4;BC)=d(B,(SAN)) =%d(H,(SAN)) :

Ta cling c6 Ax L (SHN) nén Ax L HK . -

Do d6 HK L (SAN)=d(H,(SAN))=HK

AH =22, HN = At sin600 = V3 oy g - SHHN __ a2
3 3 JSH> +HN® 12

Vay d(S4;BC) =2 842 .
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Céu 138. Cho hinh chép déu S.4BC c6 canh dy bing a va CBS = a . Goi ¢ 12 gbc giita canh
bén va day. Tinh sin¢ theo « .

.singp=—,/9-12sin" —. .singp=,/9—-12sin" —.
A. sinp=~ [9-12sin> & B. si 9-12sin’> <
3 2 2
. 1 ., . 1 .,
C.sinp=—,/9—-4sin"—. D. sinp=—,/9+12sin" — .
3 2 3 2

Chon A.

— o , , 2 . B
Goi H latrung diém BC, O la chan duong cao hatu S. Taco A0 = EAH = Ta .
aSHB vudng tai H nén:

sin%zﬁ:SB:ﬂz 4 sa=sp=sc=—12

SB sin a 2sin a 2sin a
2 2 2

Jo-12sin* 2.
a a 2
2 2
T . 1| .
Goc gitlia canh bén va day 1a SAO = sing = i—j = P 9—1251n2% .

Cau 139. Cho hinh chép déu S.4BCD, canh day bang a va tim O. Goi M, N lan luot 1a
trung diém S4, BC . Biét goc gitta MN va (ABCD) bang 60°. Tinh goc giita MN va (SAO).

Trong tam giac vudng SAO ta co:

SO =~/SA* - 40’ =

.1 .1 .3 .1
A. p=arcsin—= B. p=arcsin— C. p=arcsin—= D. p=arcsin—=
25 45

25 J5

Chon A.
Goi P la trung diém ctia 40 = MP 1 duong trung binh clia AS40 = MP / /SO

= MP L (ABCD) = Goc gitia MN va (ABCD) bing gbc MNP = 60°.
Ap dung dinh 1y cosin cho APNC ta co:

5a°

NP? = CN?* + CP* —2CN.CP.cos45° =

Trong tam gidc vudng MNP ta co :
N = PN =\/§.a va PM = NP.tan60° =a 1—53S0=2MP=‘/1—5.61. /
cos 60° 2 8 2 /!

Goi H latrung diem CO = NH //BD = NH 1 AC.

Ma NH 1 SO= NH 1 (SAC) dod6 (MN,(SAC))= NMH .

1 \/5 \/ga

a

Taco: HN =—OB =——, MN =—— (tinh trén

2 4 V2 ( )

Vay trong AMHN tacd sin NMH =E=L.
MN 2.5 »

a

; . . 1 .1 V4
Nén néu goi ¢ la goc gitta MN va (SAO )thi: singp =—— hay ¢ =arcsin—= (0 <@p< —j.
($10)0i: simno =3 5 25 05055
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